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Preface

Power Electronics is one of modern and key technologies in Electrical and
Electronics Engineering for green power, sustainable energy systems, and smart
grids. Especially, the transformation of existing electric power systems into smart
grids is currently a global trend. The gradual increase of distributed generators in
smart grids indicates a wide and important role for power electronic converters in
the electric power system, also with the increased use of power electronics devices
(nonlinear loads) and motor loadings, low cost, low-loss and high-performance
shunt current quality compensators are highly demanded by power customers to
solve current quality problems caused by those loadings. In distributed systems,
three-phase four-wire systems are mainly installed for reducing the terminal phase
voltage fluctuation. As a result, understanding the principles and operations of
power converters in three-phase four-wire systems is important and helpful for
Electrical and Electronic Engineers.

In this book, parallel three-phase four-wire power electronic converters are
mainly focused. The content starts by reviewing the power quality issues, power
quality standards, and comparing different power filter topologies, etc., in Chap. 1.
In Chap. 2, the influences of reactive, harmonics, and unbalanced current problems
on the electric power system are included; the instantaneous power theory and
different coordinate control and transformations are discussed; different power
electronic converter topologies and their corresponding space vector allocations are
compared, which provides systematic, comprehensive, and detailed coverage of
operation principles of three-phase four-wire power electronic filters. Chapter 3 is
dedicated for active power filters (APFs), in which their corresponding circuits,
mathematical models, 2D and 3D space vectors, pulse width modulations, DC
voltage control, generalization control in multi-level algorithm and parameter
design are described. Undoubtedly, lower cost, lower loss, and better performances
of power converters will be the development trends and goals in these coming
decades. Among different current quality compensators, hybrid active power filter
(HAPF) possesses high potential to get balance amount cost, loss, and performance.
In Chap. 4, with the comprehensive consideration of the cost, loss, performance,
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and anti-resonance capability, the design and control of a HAPF topology are given
as the prospective solution for the low-cost, low-loss, and high-performance current
quality compensation. In addition, the system performance analysis method, design,
control techniques, system implementation, and their corresponding hardware
platforms presented in this book can be extendable to other compensators and
power converters.

The book is intended for researchers, Ph.D. students, postgraduates, and elec-
trical power engineers who are specializing in power quality compensation, in
which they can gain the specific knowledge of the design and control of parallel
three-phase four-wire power electronics filters. Moreover, it is intended for bachelor
students and postgraduates who are specializing in electrical engineering, in which
they can gain the basic knowledge of current quality problems and its different
compensating methods, power electronics converters, pulse width modulation
(PWM), etc.

Man-Chung Wong
Ning-Yi Dai

Chi-Seng Lam
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Chapter 1
Introduction to Power Quality, Standards
and Parallel Power Quality Compensators

Abstract In this chapter, the introduction to power quality, standards and parallel
power quality compensators are discussed. In Sects. 1.1–1.3, the overview of the
power quality issues and the related international standards are reviewed. Then the
detailed description of current quality issues are discussed in Sect. 1.4. After that,
the power quality measurement results in Macau are reported in Sect. 1.5, which
reveals three main current quality problems: reactive power, current harmonics and
neutral current existed in the distribution power network. In order to relax those
problems, different shunt power quality compensators: Capacitor Bank (CB),
Passive Power Filter (PPF), Active Power Filter (APF) and Hybrid Active Power
Filter (HAPF) can be adopted and their functionalities, pros and cons are also
introduced in Sect. 1.6.

1.1 Introduction

We live in a world in which science and technology improves human living con-
ditions. However, at the same time the improvement happened with the price of
environmental degradation. The increase in demands of electric power generation
for consumption might have increased the speed of the means of environmental
pollution. Ways to reduce the energy resources, to optimize the power network, to
generate power locally to reduce transmission loss and to adapt advanced power
electronics and information technologies for the power network to be
smart/plug-and-play are being investigated. This leads to the development of smart
grid. This development is being accomplished not only for economic reasons but
also for environmental reasons, in terms of reducing the cost of electricity and the
interference among different loadings as well as improving the reliability of power
supply. With the development of the smart grid, more and more renewable energy
systems are being installed into the power networks, which may degrade the power
quality supplied to the electric users. From the end users, more sensitive electronic
appliances are applied to the grid, which may inject harmonics and reactive power
into the power system. From the point of view of energy saving, reducing

© Springer Science+Business Media Singapore 2016
M.-C. Wong et al., Parallel Power Electronics Filters
in Three-Phase Four-Wire Systems, DOI 10.1007/978-981-10-1530-4_1
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harmonics and reactive power can reduce extra unnecessary energy loss for electric
operations and power transmission. As a result, it is mandatory to maintain the
quality of power. In this chapter, power quality issues, its related standards, power
quality measured results and parallel power electronics compensators are discussed.

1.2 Power Quality Issues

Based on the development of science and technology, the reformation of industrial
structure and the recent development of smart grid technology, a higher demand on
improved power quality is required. However, with the proliferation and increased

Table 1.1 Power electronics and motor applications [1]

(a) Residential (e) Transportation

Refrigeration and freezes Traction control of electric vehicles

Space heating Battery charges for electric vehicles

Air conditioning Electric locomotives

Cooking Street cars, trolley buses

Lighting Subways

Electronics (personal computers, other
entertainment equipment)

Automotive electronics including
Engine controls

Elevators, escalators (f) Utility systems

(b) Commercial High-voltage dc transmission (HVDC)

Heating, ventilating, and air conditioning

Central refrigeration Static VAR compensation (SVC)

Lighting Supplemental energy sources (wind,
photovoltaic), fuel cellsComputers and office equipment

Uninterruptible power supplies (UPS) Energy storage systems

Elevators, escalators Induced-draft fans

(c) Industrial Boiler feedwater pumps

Compressors (g) Custom power devices

Blowers and fans Active power filter (APF)

Machine tools (robots) Dynamic voltage restorer (DVR)

Arc furnaces, induction furnaces Unified power quality compensator
(UPQC)Lighting

Industrial lasers Static synchronous compensators
(STATCOM)Induction heating

Welding Uninterruptible power supply (UPS)

Elevators, escalators (h) Aerospace

(d) Telecommunications Space shuttle power supply systems

Battery chargers Satellite power systems

Power supplies (dc and UPS) Aircraft power systems
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use of power electronics devices (nonlinear loads) and motor loadings, such as
converters, adjustable speed drives (ASDs), arc furnaces, bulk rectifiers, power
supplies, computers, fluorescent lamps, elevators, escalators, large air conditioning
systems, and compressors, etc. [1–8], it is becoming more and more difficult to
achieve this goal. Table 1.1 lists power electronics and motor applications that
cover a wide power range from a few tens of watts to several hundreds of mega-
watts in residential, commercial, industrial and aerospace systems [1, 9].

On one hand, the widespread applications of power electronic devices enable the
control and tuning of all power circuit for better performance, cost-effectiveness and
enhanced energy efficiency. On the other hand, these applications increase the
distortion and disturbances on the current and voltage signals in the power network.
This is because the power electronic devices draw harmonic currents from the
power utility and the harmonic voltage will then be generated, as the harmonic
currents cause nonlinear voltage drops across the power network impedance. The
presence of current and voltage components at other frequencies, and the negative
and zero sequences in three-phase systems are harmful to the equipment of the
power supply utilities and those of the customers. Harmonic distortion causes
various problems in power network and consumer products, such as equipment
overheating, capacitor fuse blowing, transformer overheating, mal-operation of
control devices, excessive neutral current, degrades the defection of accuracy in
power meters, etc. [5].

On the other hand, the usage of induction motor loadings will cause a phase shift
between the current and voltage in the power network, resulting in the lowering of
power factor of the loading. Loadings with low power factors draw more reactive
current than those with high power factors as the power loss increases. Moreover,
the larger the reactive current, the thicker cables are required for power transmis-
sion, which will either increase the cost or lower the transmission capacity of the
existing cables. Thus, electricity utilities usually charge the industrial and com-
mercial customers a higher electricity cost with low power factor situation.

All of these current and voltage phase shift and distortion phenomena are
responsible for the deterioration of power quality in the transmission and distri-
bution power systems. There is a need from both utilities and customers for power
quality improvement. Consequently, power quality has become an issue that is of
increasing importance to electricity consumers at all levels of usage. The principle
circumstances resulting in the increased awareness of power quality issues can be
attributed to several factors, which include [10–12].

• Conventionally, the load characteristic is inductive due to electro-mechanical
loads. Recently, load characteristics have changed from electro-mechanical into
computer applications. Large computer systems are used in many businesses
and commercial facilities. These new equipment are more sensitive to power
quality variations than the equipment applied before.

• Modern production manufacturers demand robust and stable power supplies.
Any power quality issues happened means large economic loss especially in
semiconductor production.

1.2 Power Quality Issues 3



• The increasing emphasis on overall power system efficiency has resulted in a
continued growth in the application of devices such as high-efficiency,
adjustable-speed motor drives and shunt capacitors for power factor correction
to reduce losses, resulting in increasing harmonic levels on power systems.

• Deregulation of power industry gives customers the right to demand higher
power quality.

1.3 Power Quality Standards

There are two common international standards relating to the voltage and current
distortion as shown below.

IEEE 519:2014: IEEE Recommended Practices and Requirements for Harmonic
Control in Electrical Power Systems [10].
IEEE 1159:1995: IEEE Recommended Practice for Monitoring Electric Power
Quality [11].

According to the above standards, Tables 1.2 and 1.3 summarize the voltage and
current harmonics distortion limits. Table 1.4 shows the categories and typical
characteristics of power system electromagnetic phenomena defined in IEEE
1159:1995.

The performances of power electronics compensators, electrical appliances or
power supplies should reach the requirements of the above standards in order to
achieve an acceptable power quality in the distribution and transmission power
networks.

Table 1.2 Voltage harmonic distortion limits defined in IEEE 519:2014

Bus voltage at PCC Individual voltage
distortion (%)

Total voltage harmonic distortion
THDv (%)

69 kV and below 3.0 5.0

69.001 kV through
161 kV

1.5 2.5

161.001 kV and above 1.0 1.5

Note High-Voltage systems can have up to 2.0 % THDv where the cause is an HVDC terminal that
will attenuate by the time it is tapped for a user

Table 1.3 Current harmonic
distortion limits

Standards Total current harmonic distortion THDi (%)

IEEE
519:2014

20 % THDi (for small customers)
5 % THDi (for very large customers)
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Table 1.4 Categories and typical characteristics of power system electromagnetic phenomena
defined in IEEE 1159:1995

Categories Typical spectral
content

Typical
duration

Typical voltage
magnitude

1. Transients

1.1 Impulsive

1.1.1 Nanosecond 5 ns rise <50 ns

1.1.2 Microsecond 1 us rise 50 ns–1 ms

1.1.3 Millisecond 0.1 ms rise >1 ms

1.2 Oscillatory

1.2.1 Low frequency <5 kHz 0.3–50 ms 0–4 p.u.

1.2.2 Medium
frequency

5–500 kHz 20 us 0–8 p.u.

1.2.3 High frequency 0.5–5 MHz 5 us 0–4 p.u.

2. Short-duration
variations

2.1 Instantaneous

2.1.1 Sag 0.5–30 cycles 0.1–0.9 p.u.

2.1.2 Swell 0.5–30 cycles 1.1–1.8 p.u.

2.2 Momentary

2.2.1 Interruption 0.5 cycles–3 s <0.1 p.u.

2.2.2 Sag 30 cycles–3 s 0.1–0.9 p.u.

2.2.3 Swell 30 cycles–3 s 1.1–1.4 p.u.

2.3 Temporary

2.3.1 Interruption 3 s–1 min <0.1 p.u.

2.3.2 Sag 3 s–1 min 0.1–0.9 p.u.

2.3.3 Swell 3 s–1 min 1.1–1.2 p.u.

3. Long-duration
variations

3.1 Interruption sustained >1 min 0.0 p.u.

3.2 Undervoltages >1 min 0.8–0.9 p.u.

3.3 Overvoltages >1 min 1.1–1.2 p.u.

4. Voltage imbalance Steady state 0.5–2 %

5. Waveform distortion

5.1 d.c. offset Steady state 0–0.1 %

5.2 Harmonics 0–100th H Steady state 0–20 %

5.3 Interharmonics 0–6 kHz Steady state 0–2 %

5.4 Notching Steady state

5.5 Noise Broad-band Steady state 0–1 %

6. Voltage fluctuation <25 Hz Intermittent 0.1–7 %

7. Power frequency
variations

<10 s
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1.4 Detailed Description of Current Quality Issues
and Standards

In this book, only shunt power quality compensators are focused for solving the
current quality issues. As a result, current quality issues and their related standards
are discussed in this section.

1.4.1 Harmonics

Harmonics are sinusoidal voltages or currents having frequencies that are integer
multiples of the frequency at which the supply system is designed to operate (e.g.
50 or 60 Hz). Harmonic distortion originates in the nonlinear characteristic of
devices and loads in the power system. These devices can usually be modeled as
current sources that inject harmonic currents into the power system. Voltage dis-
tortion results as these currents cause nonlinear voltage drops across the system
impedance. Harmonic distortion is a growing concern for many customers and for
the overall power system due to increasing application of power electronics
equipment. The harmonic sources can be grouped into three categories according to
their origin, size and predictability.

(1) Small and predictable
The residential and commercial power system contains large numbers of
single-phase converter-fed power supplies with capacitor output smoothing,
such as TVs and PCs. Although their individual rating is not significant, there
is little diversity in their operation and their combined effect produces con-
siderable odd-harmonics distortion. And the gas discharge lamps add to that
effect since they produce the same harmonic components.

(2) Large and random
The most common and damaging load of this type is the arc furnace. Arc
furnaces produce random variations of harmonics and interharmonics content
which is uneconomical to be eliminated by conventional filters.

(3) Large and predictable
Large power converters, such as those found in smelters and HVDC trans-
mission, are large harmonic current source and considerable thought is given to
their local elimination in their design. When the a.c. system is weak and the
operation is not perfectly symmetrical, uncharacteristic harmonics appear.
While the characteristic harmonics of the large power converter are reduced by
filters, it is not economical to reduce the uncharacteristic harmonics in that way
and, therefore, even a small injection of these harmonic currents can, via
parallel resonant conditions, produce very large voltage distortion levels.
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The main detrimental effects of harmonics are [12, 13]

• maloperation of control devices, signaling systems and protective relays,
• extra losses in capacitors, transformers and rotating machines,
• additional noise from motor and other apparatus,
• telephone interference.

In the past, concentration of the harmonic problem was put on the large rating
industrial loads. But now more concentrations are put on the modern buildings,
because large numbers of loads in these buildings are “dirty” [14–18]. Table 1.5
shows the result of harmonic performance test of various commonly used equip-
ments [18]. Running a large number of these loads simultaneously will cause severe
current harmonic problems especially in three-phase four-wire distribution systems.

It can be seen from Table 1.5 that the most troublesome harmonic for loads in
modern buildings is the third harmonic. This harmonic in three-phase four-wire
distribution system does not cancel each other but returns in the neutral, which can
result in a current flowing in the neutral to exceed the line current. Excessive neutral
currents in a system contribute to the following problems:

• neutral to earth voltages that create common-mode noise problems
• circulating currents flowing in transformers
• unbalance phase voltages
• high voltage drop at loads
• failure of the neutral conductor
• overheating of the neutral line

Table 1.5 Results of harmonic performance test [18]

Load Mode Fundamental current (A) THD-F (%) Dominating
harmonics

Computer with monitor On 0.54 110 3rd 58 %
Laser printer Print 0.34 113 3rd 55 %

Idle 0.11 160 3rd 52 %
Fax machine Send 0.16 120 3rd 87 %

Print 3.74 6 3rd 5 %
Idle 0.11 98 3rd 54 %

Photocopier Copy 5.56 26 3rd 20 %
Idle 0.35 106 5th 42 %

UPS #1 Server 40 35 3rd 25 %
UPS #2 PC 4.3 130 3rd 89 %
Magnetic ballast w/cap On 0.21 30 3rd 18 %
Electronic ballast #1 On 0.19 34 3rd 26 %
Electronic ballast #2 On 0.23 10 3rd 9 %
Sodium lamp On 0.24 64 7th 44 %
Compact fluorescent lamp On 0.1 136 3rd 49 %
Fan coil On 8.5 5 5th 4.8 %
Lift Run 39 36 5th 28 %
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1.4.2 Current Quality Standards

There are large numbers of standards related to the power quality issues. Since
current quality issues will be the focus in this book, only current quality standards
will be discussed. Different countries developed their own harmonic standards and
set their own emission limits according to their individual conditions and require-
ments. Some of the standards are listed in the following:

IEC 61000-2-1:1990
IEEE 519: 2014
IEC 61000-4-7: 1993
China National Standard GB/T14595-93

The most common harmonic index is Total Harmonic Distortion (THD). THD is
defined as the r.m.s. of the harmonics expressed as a percentage of the fundamental
component. However, THD value may be misleading when the fundamental load
current is low. A high THD value for input current may not be of significant
concern if the load is light because the magnitude of the harmonic current is low,
even though its relative distortion to the fundamental frequency is high. To avoid
such ambiguity, IEEE Standard 519:2014 defined a factor called the Total Demand
Distortion (TDD) factor. The term is similar to THD except that the distortion is
expressed as a percentage of rated or maximum load current magnitude, rather than
as a percentage of the fundamental current. The mathematical expressions of THD
and TDD are given as the following:

THD:

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi

P50
n¼2 I

2
n

� �

r

I1
ð1:1Þ

TDD:

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi

P50
n¼2 I

2
n

� �

r

Irated
ð1:2Þ

For the IEEE 519:2014, the harmonic current limits are based on the size of the
load with respect to the size of the power system to which the load is connected.
The ratio ISC/IL is the ratio of the short-circuit current available at the point of
common coupling (PCC), to the maximum fundamental load current. The current
distortion limits vary according to the system voltage level. The research work of
this book will mainly focus on the user-end and the system voltage is smaller than
1000 V, therefore, the current distortion limits as listed in Tables 1.3 and 1.6 can be
considered. For simplicity, THDi < 15 % for IEEE▲ can be considered as the
current distortion limit to justify the compensating performances of parallel power
electronic compensators in both simulations and experiments.

▲ With reference to the IEEE standard 519-2014 [10], the acceptable Total
Demand Distortion (TDD) ≤ 15 % with ISC/IL is in 100 < 1000 scale (a small
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rating experimental prototype). The nominal rate current is assumed to be equal to
the fundamental load current at the worst case analysis, which results in
THD = TDD ≤ 15 %.

1.5 Power Quality Measured Results in Macau

Macau is one of the two special administrative regions (SARs) of the People’s
Republic of China. Macau lies on the western side of the Pearl River Delta across
from Hong Kong to the east, bordered by Guangdong Province to the north and
facing the South China Sea to the east and south. The territory’s economy is heavily
dependent on gambling and tourism, but also includes manufacturing. The power
quality measured results in Macau can be a typical example for one to figure out a
draft picture of the power quality issues in different regions.

The power consumption distribution in Macau in 2004 and 2006 are shown in
Tables 1.7 and 1.8, which are provided by the CEM (The Electricity Company of
Macau) Statistics 2004 and 2006 [19]. It can be seen from Tables 1.7 and 1.8 that
there is over 60.0 % of the total power consumption is from commercial buildings,
hotels and recreation, and public administrative buildings.

In addition, Fig. 1.1 shows the total electricity consumption (GWh) in Macau
between 1996 and 2012 [19]. Since the trend of the total electricity consumption
(GWh) in Macau increases every year, and there are also more and more new
casinos and hotels being constructed in Macau, the total power consumption from
commercial buildings, hotels and recreation, and public administrative buildings in
Macau will still continue to occupy a large portion of the total electricity con-
sumption in future.

Table 1.6 Current distortion limits for general distribution systems (120 V through 69000 V) in
IEEE 519:2014

Maximum harmonic current distortion in percent of IL
Individual harmonic order (odd harmonics)

ISC/IL <11 11 ≤ h < 17 17 ≤ h < 23 23 ≤ h < 35 35 ≤ h TDD

<20a 4.0 2.0 1.5 0.6 0.3 5.0

20 < 50 7.0 3.5 2.5 1.0 0.5 8.0

50 < 100 10.0 4.5 4.0 1.5 0.7 12.0

100 < 1000 12.0 5.5 5.0 2.0 1.0 15.0

>1000 15.0 7.0 6.0 2.5 1.4 20.0

Even harmonics are limited to 25 % of the odd harmonic limits above.

Current distortions that result in a dc offset, e.g., half-wave converters, are not allowed.
aAll power generation equipment is limited to these values of current distortion regardless of actual
ISC/IL
where ISC = maximum short-circuit current at PCC
IL = maximum demand load current (fundamental frequency comment) at PCC
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The commercials buildings, hotels and recreation, and public administrative
buildings are generally equipped with large centralized air conditioning systems,
lighting systems, elevators, escalators, computers and office equipment, etc. as
shown in Fig. 1.2. Those facilities will cause power quality problems such as:
reactive power, current harmonics and neutral current in the distribution power
network. As a result, it is important to concentrate on the power quality problems of
these facility types in Macau as well as in other parts of the world.

Table 1.7 Electricity consumption distributions in Macau in year 2004

Year 2004 Number of
customers

Electricity
sales

Type of customer Number (%) GWh (%)

Domestic 173,760 87.1 588.9 31.3

Commercial, hotels and recreation, wholesale and retail 21,119 10.6 972.6 51.6

Industrial 2,422 1.2 141.9 7.5

Public sector and street lighting 2,281 1.1 180.7 9.6

Table 1.8 Electricity consumption distributions in Macau in year 2006

Year 2006 Number of
customers

Electricity
sales

Type of customer Number (%) GWh (%)

Domestic 178,924 86.6 660 27.9

Commercial, hotels and recreation, wholesale and retail 22,802 11.0 1338 56.5

Industrial 2,378 1.2 150 6.3

Public sector and street lighting 2,410 1.2 220 9.3
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Fig. 1.1 Total electricity consumption (GWh) in Macau between 1996 and 2012
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Since the Year 2003, the power quality monitoring works has been carried out
by Power Electronics Laboratory (PELab), University of Macau in several Macau
locations to evaluate the power quality situations. For the power quality measure-
ment, a power quality analyzer ACE-4000, a survey-based power quality analyzer,
is used. The power quality data is captured continuously for a complete working
cycle (five business days and a weekend) at each measuring site. Based on the data
that were measured and recorded for a commercial building, a hotel and recreation
property, a middle school, an indoor sport center and three public administrative
buildings, the most serious current quality problems are illustrated in the following
sections such as low power factor, current harmonics, excessive neutral and
unbalance currents. The details will be discussed in this section.

1.5.1 Low Power Factor—Reactive Current Problem

In Macau, there are three Tariff Groups according to the billing policy of CEM.
Both customers of Group B and C need to pay for the reactive power when the
power factor is lower than 0.857. Table 1.9 shows the power factor measurement

Fig. 1.2 General facilities installed in commercials buildings, hotels and recreation, and public
administrative buildings

1.5 Power Quality Measured Results in Macau 11



data for these 7 buildings in Macau [20], the bold data illustrates that the corre-
sponding building is required to pay extra fees for the reactive power consumption.

1.5.2 Current Harmonics

From the current distortion limits in Table 1.3, nearly all the recorded THDi of
phase currents for these 7 buildings in Macau exceed the limit. The THDi mea-
surement data for these 7 buildings in Macau are summarized in Table 1.10 [20].

1.5.3 Excessive Neutral and Unbalance Currents

This severe problem has been overlooked for a long time. However, it is not
uncommon for the neutral current to exceed the phase current, which gives rise to a

Table 1.9 Power factor measurement data for 7 buildings in Macau

Type of building Power factor

Phase A Phase B Phase C Three-phase

Max. Min. Max. Min. Max. Min. Max. Min.

Commercial building 0.953 0.808 0.950 0.825 0.915 0.758 0.940 0.801
Hotel 0.997 0.910 0.996 0.911 0.993 0.887 0.994 0.905

Middle school 0.953 0.761 0.996 0.750 0.969 0.627 0.967 0.771
Indoor sport center 0.686 0.634 0.809 0.748 0.901 0.854 0.771 0.723
Public administrative
building A

0.963 0.792 0.972 0.791 0.962 0.807 0.957 0.797

Public administrative
building B

0.885 0.735 0.879 0.727 0.922 0.758 0.887 0.742

Public administrative
building C

0.959 0.724 0.967 0.724 0.937 0.714 0.951 0.720

Table 1.10 Total current harmonic distortion (THDi) measurement data for 7 buildings in Macau

Type of building Total current harmonic distortion (THDi %)

Phase A Phase B Phase C

Max. Min. Max. Min. Max. Min.

Commercial building 37.04 9.08 39.96 9.61 45.41 9.67

Hotel 33.21 6.04 30.80 7.14 28.66 6.47

Middle school 46.83 3.01 64.13 3.54 63.73 2.89

Indoor sport center 13.75 10.89 17.89 14.40 24.47 18.79
Public administrative building A 28.09 3.92 50.75 3.78 47.65 5.60

Public administrative building B 19.27 2.82 20.06 2.42 27.12 3.56

Public administrative building C 25.61 2.54 28.84 3.10 27.01 2.37
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possibility of overloading the neutral conductor, thus also having a potential of
causing fire. Moreover, it will increase transformer loss. Figure 1.3 shows the phase
and neutral current root mean square (RMS) measurement data for one building
[20], in which the neutral current is always larger than the phase current during
office hours and the currents are unbalanced.

From Tables 1.7 and 1.8, there are over 60 % of the total power consumption
from commercial buildings, hotels and recreation, and public administrative
buildings. They are usually equipped with a large centralized air-conditioning
system. If the loading is dominated by a centralized air-conditioning system, its
reactive power consumption will be much higher than the harmonic power con-
sumption [20]. As a result, the reactive power problem is usually more serious than
the harmonic power problem if the commercial building or hotel and recreation or
public administrative building is equipped with a large centralized air conditioning
system. Therefore, the reactive power problem will be the first priority to be solved
in Macau. In order to solve the current quality problems, shunt power quality
compensator can be implemented between the load and the power supply sides. In
the following section, the development and different shunt power quality com-
pensators in distribution power system are introduced and discussed.

1.6 Shunt Power Quality Compensators

Shunt capacitor banks (CBs) as shown in Fig. 1.4 are used extensively in distri-
bution power systems for power-factor correction and feeder voltage control. The
principal advantages of CBs are their low cost and flexibility of installation and
operation. However, the CB can easily be burnt if the current harmonics level is
high. Moreover, the reactive power output is reduced at low load voltage. In order
to solve the current harmonics problem, passive power filters (PPFs) as shown in
Fig. 1.5 can be employed. Since the first installation of PPFs in the mid 1940s,

Fig. 1.3 Phase and neutral
current RMS measurement
data for one building
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PPFs have been widely used to suppress current harmonics and compensate reactive
power in distribution power systems [21] due to their low cost, simplicity and high
efficiency characteristics. Unfortunately, there are many disadvantages such as low
dynamic performance, resonance problems, filtering characteristic easily be affected
by small variations of the system parameters, etc. [3–8, 22, 23]. Since the concept
“Active ac Power Filter” was first developed by Gyugyi in 1976 [4, 21], the
research studies of the active power filters (APFs) as shown in Fig. 1.6 for current
quality compensation prosper. APFs can overcome the disadvantages inherent in
PPFs, but their initial and operational costs are relatively high [3–7, 24, 25] due to
the costs of semiconductor switching devices with its drivers and digital controller.
In addition, the dc-link operation voltage of APF should be higher than the load
voltage, thus the cost and switching loss of the switching devices would increase.
As a result, their large-scale application in distribution power networks slows down.
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Fig. 1.4 Parallel capacitor
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Later on, different Hybrid Active Power Filter (HAPF) topologies composed of
active and passive components in series and/or parallel have been proposed [3–8,
26–34] aiming to improve the compensation characteristics of PPFs and to reduce
the voltage and/or current ratings (costs) of the APFs, thus leading to the relatively
effectiveness in system cost and performances. Figure 1.7 shows a circuit config-
uration of a typical type of HAPF. Table 1.11 summarizes the operational functions
for these four current quality compensators [32–35] in distribution power network.

1.7 Summary

In this chapter, the introduction of power quality issues, standards, measured results
in Macau and the power quality compensators are given. In the upcoming chapters,
basic principles, operational algorithms and characteristics for parallel power
electronics filters: active power filters (APFs) and hybrid active power filters
(HAPFs) are discussed respectively.
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Fig. 1.7 Hybrid active power
filter (HAPF)

Table 1.11 Operational functions for shunt current quality compensators in distribution power
system

Shunt current quality compensators

Passive
components

DFACTS

CB PPF APF HAPF

Current quality Current harmonics – ** ** * or **(D)

Neutral current – – * *

Reactive current ** * * **(D) or *

– – N N

The symbol ‘*’ means that the device has this function
The symbol ‘**’ means that this is the main function for this device
The symbol ‘**(D)’ means that this is the main function for this device if design accordingly
The symbol ‘N’ means that the device needs non-sinusoidal waveform
CB Capacitor Banks, PPF Passive Power Filters
APF Active filters, HAPF Hybrid Active Power Filters
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Chapter 2
Basic Principles for Parallel Power
Electronic Filters

Abstract In this chapter, the basic principles for parallel power electronics filters
are discussed. In Sect. 2.1, the influences of reactive power, harmonics and
unbalance are given, which affect and degrade the practical power network. The
basic circuit configuration for injecting and absorbing compensating current is
discussed. Furthermore, several parallel power filters are given and compared. In
Sect. 2.2, instantaneous power theories which are important for detecting the
compensation current components and controlling the fast response of power
electronic compensators are introduced and addressed. Finally, different power
electronic converters are discussed and compared in Sect. 2.3. The effect of dc
voltage variation on the switching functions are also introduced in Sect. 2.3.

2.1 Parallel Compensation for Reactive Power, Current
Harmonics and Unbalance

In an ideal case, to reduce the oscillating power components flowing between the
source and loads, the voltage and current should be sinusoidal, in-phase and bal-
anced. Thus, the electric system can be operated with higher efficiency and better
power quality without reactive power, harmonics and unbalance problems in the
power network. However, in practical cases, due to the common loads which are
normally inductive and non-linear as well as the unpredictable loadings in different
phases in a three-phase system, there will be reactive power oscillating around the
system, and distorted unbalance current waveforms would exist. Reactive power,
current harmonics and unbalance problems usually occur in practical power net-
works, in which the influences of reactive power, harmonics and unbalance are
given as follows. After that, the basic principle of parallel compensators is intro-
duced in this section.

© Springer Science+Business Media Singapore 2016
M.-C. Wong et al., Parallel Power Electronics Filters
in Three-Phase Four-Wire Systems, DOI 10.1007/978-981-10-1530-4_2
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2.1.1 Influence of Reactive Power

The reactive power occurs when there is a phase angle difference between the
voltage and current under a storage passive load. The reactive power in an electric
network causes the following issues:

(1) The reactive power increases the system capacity rating. Increasing the reac-
tive power causes the source current to increase. As a result, the apparent
power is increased too. Thus this increases system capacity ratings of gener-
ators, transformers, transmission lines, electric applications and measurement
systems. Finally, all initial costs are increased proportionally.

(2) The reactive power is an oscillating power between the source and the load; it
increases the unnecessary source current. As a result, the transmission loss is
increased by the reactive power flowing inside the system. Under a
steady-state condition, the reactive power is expressed as Q. The root mean
square (RMS) source current can be decomposed into active current, Ip, and
reactive current, Iq. The transmission loss can be represented by (2.1), where R
is the transmission line total resistance and V is the RMS source voltage.

DP ¼ I2R ¼ I2P þ I2q
� �

R ¼ P2 þQ2

V2 R ð2:1Þ

The second term of (2.1), Q2=V2ð ÞR causes the additional power loss by
reactive power flow. When all the instantaneous reactive power can be
compensated, the transmission loss can be reduced.

(3) The voltage variation of transformers and feeding networks can be increased.
Figure 2.1 shows an equivalent circuit for reactive power influence on
transformers, where Vs is the source voltage, a transmission line normally is
inductive with R (transmission line resistance) and X (transmission line
inductance), the feeding terminal voltage V with equivalent loading admit-
tance for transformers such as G (conductance) and B (inductive admittance)
and system current I.

SV VR X

I

Load
Y = G j B

Fig. 2.1 Equivalent circuit for reactive power influence on transformers
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From Fig. 2.2, the phasor diagram shows that the transmission line impedance
causes the terminal voltage drop, DV . D~V means a terminal voltage vector that can
be decomposed into a real part and an imaginary part respectively.

D~V ¼ ~VS � ~V ¼ Rþ jXð Þ �~I ð2:2Þ

~I ¼ V G� jBð Þ ¼ V2G� jV2B
V

¼ P� jQ
V

ð2:3Þ

D~V ¼ ðRþ jXÞ � P� jQ
V

� �

¼ RPþXQ
V

þ j
XP� RQ

V
¼ DVR þ jDVX ð2:4Þ

By checking the phasor diagram, due to the small phase angle difference
between ~VS and ~V , it shows that DV � DVR. Finally,

DV � DVR ¼ RPþXQ
V

ð2:5Þ

Normally, X >> R. As a result, the active power does not influence too much on
the terminal voltage variation. On the other hand, the reactive power causes more
terminal voltage variation. Voltage variation can affect the normal operation of
other electric applicants and finally the quality of power supplied to the users.

2.1.2 Influence of Harmonics

In the ideal case, the voltage and current should be sinusoidal, which do not have
any harmonic component. A harmonic of a wave is a component frequency of a
signal that is an integer multiple of the fundamental frequency, where the funda-
mental frequency is the system operating frequency which is 50 Hz in China and
60 Hz in America. In practical cases, the voltage and current cannot or may not be
sinusoidal. Figure 2.3 shows practical measured voltage and current waveforms
respectively, it shows that the current is highly distorted and the voltage quality is
affected due to the current distortion.

Table 2.1 depicts the harmonic amplitudes of the current waveform of Fig. 2.3,
which shows that its Total Harmonic Distortion (THD) is 127.39 %.

SV

V

I

IR

IX

RV

XVV

Δ

ΔΔ

Fig. 2.2 Phasor diagram for
reactive power influence on
transformers
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Fig. 2.3 Practical voltage
and current waveforms

Table 2.1 Harmonic amplitude of current waveforms in Fig. 2.3

CH1: Value harmonic

Order (A) Order (A) Order (A)

1 100.00 0.48 18 21.98 0.74 35 4.19 0.48

2 5.47 0.49 19 16.13 0.43 36 8.51 0.49

3 52.17 0.40 20 22.16 0.56 37 6.36 0.55

4 5.70 0.43 21 8.54 0.29 38 5.89 0.39

5 24.24 0.30 22 9.87 0.31 39 8.65 0.50

6 15.58 0.41 23 4.93 0.28 40 9.24 0.30

7 44.01 0.33 24 2.28 0.37 41 7.53 0.42

8 24.43 0.41 25 8.27 0.42 42 7.97 0.31

9 59.72 0.35 26 9.49 0.47 43 7.53 0.46

10 23.15 0.35 27 5.39 0.51 44 6.35 0.34

11 40.38 0.22 28 13.71 0.52 45 2.84 0.41

12 14.66 0.33 29 3.62 0.36 46 3.52 0.31

13 17.03 0.30 30 12.95 0.45 47 4.45 0.37

14 11.81 0.56 31 5.79 0.32 48 4.13 0.37

15 14.71 0.44 32 9.54 0.35 49 9.14 0.39

16 16.02 0.68 33 5.64 0.37 50 0.33 0.44

17 19.74 0.49 34 3.28 0.35 THD 127.39 3.00 (%)
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The harmonics existed in power networks can cause the following problems:

(1) Harmonic current can cause additional power loss and reduce the system
efficiency of generators, power transmission and electric utilities. When large
amounts of triple harmonic current exist in the neutral wire in a three-phase
four-wire system, it may cause overheating and even a fire at the neutral wire.

(2) Harmonics influence normal operations of electric applicants and can reduce
the expected life period of electric applicants.

(3) Harmonics may cause series and parallel resonance in a specific region of the
power networks.

(4) Harmonics may trigger the protection system which causes power breakdown
or operates abnormally.

(5) The power measurement system may include calculation errors.
(6) The communication system can be influenced by harmonics due to electro-

magnetic interference.

2.1.3 Influence of Unbalance

In an ideal balance three-phase system, the three-phase voltage RMS amplitudes
should be the same and phase angle difference among them should be 120° apart
from each other. However, in practical cases, the voltage and current may not be
balanced. Figure 2.4 exhibits the measured three-phase current and the neutral
current waveforms in a distributed transformer, which shows that the system is
operated under unbalance and with high neutral current amplitude.

The unbalance exists in power networks can cause the following problems:

(1) In low voltage distribution sites, three-phase unbalance loading may cause
user’s voltage variation. On one side, the terminal voltage may be higher and it
may destroy electric applications, and the electric applicants in low voltage
side may not operate normally. Figure 2.5 shows a three-phase four-wire

Fig. 2.4 Three phase current
and neutral current
waveforms
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system connected with different load impedances, ZA, ZB and ZC.
Equation (2.6) shows that the neutral voltage VN 0N may not be zero if the loads
are unbalance with balanced voltage situation, in which YA, YB and YC are
equivalent loading admittance Fig. 2.6 displays the phase diagram for terminal
user voltages,VAN 0 , VBN 0 and VCN 0 , which shows that the terminal user voltages
can be varied if the loads are unbalanced and the neutral line impedance, ZN, is
not small enough.

VN0N ¼ VAYA þVBYB þVCYC
YA þ YB þ YC þ 1

ZN

ð2:6Þ

(2) There is an additional loss in the electric motors and generators due to the
negative sequence of the unbalance current, and negative sequence can reduce
the resultant torque of a motor and its efficiency, and finally it causes the
vibration between the stator and rotor of a motor.

(3) Abnormal operation of protected systems in a power network degrades the
stability and security of the power system.

(4) Unbalance voltage may cause additional harmonics from the semiconductor
converters.

Fig. 2.5 A three-phase
four-wire system

AV

CV

BV

N

'N 'AN
V

'BN
V

'CN
V

NN
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Fig. 2.6 A three-phase
four-wire system unbalance
phase diagram
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(5) The system capacity utilization ratio of a generator can be degraded.
(6) The operation point of a transformer that may shift up or down causes har-

monic distortion on the voltage waveforms and additional loss inside the
transformer, which increases the temperature of the transformer and its
peripheral environment.

(7) The unbalance operation degrades the electric system efficiency and the
quality of telecommunication systems.

(8) High neutral current causes overheating and failure of the neutral conductor.

2.1.4 Basic Principle of Parallel Compensation

Figure 2.7 shows the basic configuration for parallel current quality compensation.
Figure 2.8 shows its corresponding waveforms for compensation. The compensator
is connected in parallel with the load. It shows a source supplying a non-linear load
that is being compensated by a shunt compensator. As a result, the source current,~iS
can be balanced and sinusoidal. However, the load current, ~iL does not change
before and after compensation. The load currents of non-linear unbalanced loads are
still unbalance, non-sinusoidal and with harmonics. On the other hand, the com-
pensator injected current,~iC turns the source current to be balanced and sinusoidal.
The ideal compensator is a controlled current source that can inject or draw any set
of arbitrarily compensating current reference,~i�C.

Basically, there are 4 different kinds of parallel compensators: Capacitor Banks
(CB), Passive Power Filters (PPF), Active Power Filters (APF) and Hybrid Active
Power Filters (HAPP).

Non-Loads

Compensator

Voltage 
Source

Sv

v
Li

ci

*
Ci

Si

Fig. 2.7 Basic configuration for parallel compensation
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2.1.4.1 Capacitor Banks (CB)

Shunt Connected Capacitor Banks (CB) are extensively used in distribution power
networks for power factor correction and feeder voltage control due to its relatively
low cost and simplicity, which are developed mainly for reactive power compen-
sation as shown in Fig. 2.9. However, since the current passing through the
capacitor is proportional to the frequency and rate of change of voltage, the parallel
capacitor banks may possibly be damaged and may even cause explosion as shown
in Fig. 2.10 if the harmonics level is high. Moreover, CBs have other disadvantages
such as static compensation capability (low dynamic performance), slow response
time and resonance phenomena.

2.1.4.2 Passive Power Filters (PPF)

The first installation of Passive Power Filters (PPF) was in 1940s [1], PPFs have
been widely used to suppress current harmonics and to compensate reactive power
in distribution power systems due to its low cost, simplicity and high efficiency [2–
4]. The system configurations of conventional passive power filters (PPF) are
shown in Fig. 2.11. PPFs have been considered a good alternative for current
harmonic compensation and displacement power factor correction. In general,

Fig. 2.8 Corresponding
compensation waveforms

Nonlinear 
Load

Capacitor Bank (CB)

Ic=wCV C

is v iL

ic

Fig. 2.9 Parallel capacitor
banks
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passive tuned filters have been used to eliminate low frequency current harmonics
while high-pass passive units have been connected to attenuate the amplitude of
high frequency current components [5, 6].

Technical disadvantages of PPFs have been extensively discussed and the
inherent drawbacks [2–7] are:

• Source impedance strongly affects filtering characteristics.
• PPF may fall in series resonance when source harmonic voltage produces

excessive harmonic current flowing into PPF.
• The shunt PPF may fall in parallel resonance with the source impedance.
• Small design tolerances are acceptable in the values of L and C. Small variations

in the values of L or C modify the filter resonant frequency.

In addition, the PPF cannot modify their compensation characteristics according
to the dynamic changes of the nonlinear load. The PPF generates fundamental
frequency reactive power that changes the system voltage regulation, and if the
filter is not designed properly or disconnected during low load operating conditions,
over-voltage can be generated at its terminals [8].

Fig. 2.10 Capacitor bank
explosion in a power
sub-station

Nonlinear 
Load

Passive Power Filter (PPF)

Passive 
Components

nth mth HP
...

is v iL

ic

Fig. 2.11 Parallel passive
power filters
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2.1.4.3 Active Power Filters (APF)

Since the concept “Active ac Power Filter” was first developed by Gyugyi in 1976
[9], the research studies of the active power filters (APFs) for current quality
compensation prosper. With the remarkable progress in the speed and capacity of
semiconductors switching devices, such as GTO thyristors and IGBTs, active
power filters consisting of voltage or current source pulse width modulation
(PWM) inverters have been studied and put into practical use [9, 10]. The APFs
improve the power quality by injecting equal but opposite currents to compensate
harmonic distortion, reactive power and unbalance currents in the power network.
Figure 2.12 shows the system configuration of an APF. APFs consisting of
voltage-fed PWM inverters using IGBTs or GTO thyristors are operating suc-
cessfully, making significant contributions to improving power quality [11]. The
APFs have the ability to overcome the above-mentioned disadvantages inherent in
PPFs. However, the initial costs and running costs of the APFs are much higher
than those of the PPFs [11, 12] due to the costs of semiconductor switching devices
with its drivers, signal conditioning boards and digital controller(s).

2.1.4.4 Hybrid Active Power Filters (HAPF)

The CBs and PPFs cannot achieve dynamic reactive power and current quality
compensation but their costs are relatively low. Sometimes, they may cause the
operation problems in the power networks and even explosion. The APFs can
overcome the above issues, but require high initial and operational costs. There is
an alternative that is to combine both PPF and APF to form a Hybrid Active Power
Filter (HAPF) [2, 11]. Hybrid active power filters (HAPFs) consist of active and
passive filters connected in series or parallel to each other so that the advantages of
both filters can be combined. The main purpose of the HAPF is to improve the
compensation characteristics of PPF and reduce the costs of the APF. It leads to the
effective balance in cost and performance for current quality compensation.
Figure 2.13 shows a typical topology of an HAPF.

Nonlinear 
Load

C

Inverter

*
Ci

Active Power Filter (APF)

is v iL

ic

Fig. 2.12 Topology of an
active power filter (APF)
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In this book, the APF and HAPF are the focus. More details are discussed in
Chaps. 3 and 4. In next section, the instantaneous compensation current technique
to control the voltage source inverter (VSI) so as to inject or absorb the required
compensating current instantaneously will be discussed in detail.

2.2 Instantaneous Power Compensation

Conventionally, the active, reactive and apparent powers are defined under
steady-state, which are calculated by root-mean-square (RMS) voltage and current
values and/or phase angle difference between the voltage and the current. It means
that the compensation or the measurement equipment needs to wait at least one
period long, for example 0.02 s in a 50 Hz frequency system, in order to get power
components for further operations. As a result, the speed for the response by the
compensators is relatively low.

In 1983 [13, 14], the instantaneous active and reactive power theory or the p-q
theory was first introduced by Akagi et al. in Japan. The p-q theory [14, 15]
pioneered in transforming voltages and currents from abc to αβ coordinates. This
concept has provided an effective method to compensate the instantaneous com-
ponents of reactive power for the three-phase system without energy storage.
However, this instantaneous reactive power theory has a conceptual limitation as
pointed out in [16], i.e., the theory is only complete for the three-phase systems
without zero-sequence currents and voltages.

To resolve this limitation and associated problems, Willems and Nabae proposed
some attractive approaches to define the instantaneous active and reactive currents
[16, 17]. However, their approaches are to deal with the decomposition of currents
into orthogonal components rather than with the power components. In 1996, a
generalized theory of instantaneous reactive power has been proposed [18–21]. The
generalized theory is valid for sinusoidal or non-sinusoidal and balanced or unbal-
anced three-phase systems, with or without zero-sequence currents and/or voltages.

Nonlinear 
Load

v

Passive 
Power Filter 

(PPF)

Active Power 
Filter (APF)

w/wo
CT

iLis

ic

Fig. 2.13 A typical topology
of a hybrid active power filter
(HAPF)
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In this part, the definitions of this generalized instantaneous reactive power theory
are given both in a-b-c and α-β-0 coordinates. Finally, the compensating current can
be calculated and is discussed in this section.

The instantaneous active power p and reactive power q of a three-phase system
are defined as:

p ¼~v �~i ð2:7Þ

~q ¼~v�~i ð2:8Þ

q ¼ ~qk k ð2:9Þ

where “�” denotes the dot (internal) product or scalar product of vectors, “×”
denotes the cross (exterior) product of vectors or vector product, v and i are the
voltage and current vectors. Since the instantaneous reactive power obtained from
Eq. (2.8) is a vector, the magnitude or the length of the instantaneous reactive
power is often used, which is defined in Eq. (2.9).

2.2.1 Definitions in a-b-c Frame

For a three-phase system, instantaneous voltages va, vb, vc and instantaneous cur-
rents ia, ib, ic are expressed as instantaneous space vector~v and~i, i.e.,

~v ¼ va~na þ vb~nb þ vc~nc ð2:10Þ
~i ¼ ia~na þ ib~nb þ ic~nc ð2:11Þ

where ð~na;~nb;~ncÞ is a basis in a-b-c frame.
By using the definitions of (2.7) and (2.8) the instantaneous active and reactive

powers can be expressed as:

p ¼~v �~i ¼ vaia þ vbib þ vcic ð2:12Þ

~q ¼~v�~i ¼ qa~na þ qb~nb þ qc~nc ð2:13Þ

where

qa ¼ vb ib
vc ic

�

�

�

�

�

�

�

�

; qb ¼ vc ic
va ia

�

�

�

�

�

�

�

�

; qc ¼ va ia
vb ib

�

�

�

�

�

�

�

�
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Finally, instantaneous reactive power is:

~q ¼ ðvbic � vcibÞ~na þðvcia � vaicÞ~nb þðvaib � vbiaÞ~nc ð2:14Þ

The instantaneous active current vector~ip and the instantaneous reactive current
vector~iq are expressed as:

i
*

p ¼
iap
ibp
icp

2

4

3

5 ¼ p

v* � v* v* ¼ p
v2

v* ð2:15Þ

i
*

q ¼
iap
ibp
icp

2

4

3

5 ¼ q* � v*

v* � v* ¼ q* � v*

v2
ð2:16Þ

where v ¼ v*
�

�

�

� ¼ ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi

v2a þ v2b þ v2c
p

and i
* ¼ i

*

p þ i
*

q

2.2.2 Definitions in α-β-0 Frame

The α-β-0 transformation of a three-phase four-wire system gives:

i0
ia
ib

2

4

3

5 ¼ ½P� �
ia
ib
ic

2

4

3

5 ð2:17Þ

v0
va
vb

2

4

3

5 ¼ ½P� �
va
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2

4

3

5 ð2:18Þ

where

P ¼
ffiffiffi
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for h ¼ 0, then ½P�T ¼ ½P��1, the matrix [P] is the Clarke Transformation which
transfers voltages and currents from a-b-c to α-β-0 coordinates.
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As a result, the instantaneous active power can be expressed as:

pðab0Þ ¼~v �~i ¼~vðab0Þ �~iðab0Þ ¼ vaia þ vbib þ v0i0 ð2:19Þ

where the suffixes “(abc)” and “(αβ0)” denote the corresponding coordinates. Then,
its instantaneous active power can be expressed as:

pðabcÞ ¼~vðabcÞ �~iðabcÞ ¼ ½~v�T ½~i�
pðab0Þ ¼~vðab0Þ �~iðab0Þ ¼ ð½P�½~v�ÞT ½P�½~i� ¼ ½~v�T ½P�T ½P�½~i�

¼ ½~v�T ½I�½~i� ¼ ½~v�T ½~i�

so pðab0Þ ¼~v �~i ¼~vðab0Þ �~iðab0Þ ¼~vðabcÞ �~iðabcÞ ¼ pðabcÞ
Furthermore, the instantaneous reactive power can be expressed as:

~qðab0Þ ¼~vðab0Þ �~iðab0Þ ¼ ðvbi0 � v0ibÞ~na þðv0ia � vai0Þ~nb þðvaib � vbiaÞ~n0
ð2:20Þ

~qðab0Þ ¼~vðab0Þ �~iðab0Þ ¼ ð½P�~vðabcÞÞ � ð½P�~iðabcÞÞ
¼ ½P�ð~vðabcÞ �~iðabcÞÞ ¼ ½P�~qðabcÞ

because P½ �k k ¼ 1 and qðabcÞ
�

�

�

� ¼ qðab0Þ
�

�

�

� can be deduced.
The previous discussion indicates that the definitions of instantaneous active and

reactive power can be expressed in both abc and αβ0 coordinates, and the used
coordinates are linear independent to each other.

Similarly, the instantaneous active and reactive current components in α-β-0
coordinates can be written as:

~ipðab0Þ ¼ p
~vðab0Þ �~vðab0Þ

~vðab0Þ ð2:21Þ

~iqðab0Þ ¼
~q�~vðab0Þ

~vðab0Þ �~vðab0Þ
ð2:22Þ

In addition, if the generalized instantaneous reactive power theory is applied to
the three-phase three-wire system, i.e., v0 ¼ 0 and i0 ¼ 0, the following results can
be derived.

p ¼~vðab0Þ �~iðab0Þ ¼ vaia þ vbib ð2:23Þ

q ¼ k~vðab0Þ �~iðab0Þk ¼ vaib � vbia ð2:24Þ
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2.2.3 Mixed-Coordinate Instantaneous Compensation

Based on previous parts, three-phase voltages and currents can be described by the
3-dimensional base either in abc or αβ0 coordinates. In general, the equivalent
voltage and current vectors can be expressed by (2.25) and (2.26) in xyz coordinate.
The xyz can be abc or αβ0 coordinates

~ve ¼ vx~nx þ vy~ny þ vz~nz ð2:25Þ

~ie ¼ ix~nx þ iy~ny þ iz~nz ð2:26Þ

The instantaneous active and reactive powers can be expressed by (2.27) and
(2.28), which can be further decomposed into average and oscillating components
as given in (2.29) and (2.30).

p ¼~ve �~ie ¼ vxix þ vyiy þ vziz ð2:27Þ

~q ¼~ve �~ie ¼ ðvxiy � vyixÞ~nz þðvyiz � vziyÞ~nx þðvzix � vxizÞ~ny ð2:28Þ

p ¼ �pþ ~p ð2:29Þ

~q ¼ �qþ ~q ð2:30Þ

Additionally, the instantaneous active and reactive current can be expressed as
follows:

~ip ¼ p �~ve
~ve �~ve ð2:31Þ

~iq ¼ q�~ve
~ve �~ve ð2:32Þ

Finally, its injecting current for compensation can be expressed by (2.33), which
shows that only oscillating component of instantaneous active power and all
instantaneous reactive power are compensated.

~i�c ¼
~p �~ve
~ve �~ve þ

~q�~ve
~ve �~ve ð2:33Þ

No matter the voltages or currents are expressed in abc or αβ0 coordinates, they
are describing the same voltage or current vectors in 3-dimensional base. One
should be noted that the voltage sources should be assumed to be balanced and
sinusoidal. Otherwise, the instantaneous compensated current in (2.33) should be
further modified as there are negative and/or zero sequence average power com-
ponents existed in instantaneous average active power. Without further
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modification, the compensated source currents are not sinusoidal and not balanced
for unbalanced and/or non-sinusoidal voltages, in which further discussions for
unbalanced and non-sinusoidal voltage cases are not included in this book.

The instantaneous compensating currents can be calculated by mixed coordinate
signals. As a result, the computation steps and time by a digital controller, such as
digital signal processor (DSP) can be reduced. The computation error can also be
lowered, in which the detailed algorithm description immediately follows.

The instantaneous compensating active current can be expressed as:

~icp ¼ ~p �~ve
~ve �~ve ð2:34Þ

where ~p is the oscillating part of the instantaneous active power which can be
calculated by

p ¼ vaia þ vbib þ vcic ¼ pa þ pb þ pc ð2:35Þ

The dot product of the instantaneous voltage is

D ¼~ve �~ve ¼ v2a þ v2b þ v2c ð2:36Þ

Finally, its instantaneous compensating active current can be expressed as:

~icp ¼ ~p
D

va~na þ vb~nb þ v0~n0

 � ¼ ~p

D
va~na þ vb~nb þ vc~ncð Þ ð2:37Þ

All the instantaneous reactive power components are required for calculating the
instantaneous reactive compensating current,

~icq ¼ q�~ve
~ve �~ve ð2:38Þ

The instantaneous reactive compensating power vector components can be
projected on {~na,~nb,~nc} base. The instantaneous reactive power can be calculated
by (2.39). The cross product of reactive power ~q and voltage vector ~ve can be
derived from (2.40).

~q ¼ ðvbic � vcibÞ~na þðvcia � vaicÞ~nb þðvaib � vbiaÞ~nc ¼ A~na þB~nb þC~nc ð2:39Þ

~q�~ve ¼
~na ~nb ~nc
A B C
va vb vc

�

�

�

�

�

�

�

�

�

�

�

�

¼ Bvc � Cvbð Þ~na þ Cva � Avcð Þ~nb þ Avb � Bvað Þ~nc

ð2:40Þ
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where

A ¼ vbic � vcibð Þ;B ¼ vcia � vaicð Þ and C ¼ vaib � vbiað Þ

Finally, substitute (2.40) into (2.38), its instantaneous compensating reactive
current can be described by (2.41).

~icq ¼ 1
D

v2c ia þ v2bia � vavcic � vavbib

 �

~na
�

þ v2aib þ v2c ib � vbvaia � vbvcic

 �

~nb

þ v2bic þ v2aic � vcvbib � vcvaia

 �

~nc


ð2:41Þ

By just taking out the first term of (2.41) and substituting (2.35) into it, after
simplification, the instantaneous compensating reactive current in phase a can be
obtained as given in (2.42).

~icqa ¼ 1
D

v2c ia þ v2bia � vavcic � vavbib

 �

¼ 1
D

iaðv2b þ v2cÞ � vapb � vapc

 �

¼ 1
D

iaðD� v2aÞ � vapb � vapc

 �

¼ 1
D

iaD� vapa � vapb � vapcð Þ

¼ ia � p
D
va

ð2:42Þ

By considering phase b and phase c as well, the instantaneous compensating
reactive current in 3-dimensional case can be given in (2.43).

~icq ¼ ia � p
D
va

� �

~na þ ib � p
D
vb

� �

~nb þ ic � p
D
vc

� �

~nc ð2:43Þ

The final instantaneous compensating current is composed of instantaneous
compensating active and reactive currents as shown in (2.44). After simplification,
the final instantaneous compensating current for abc coordinates is shown in (2.45).

~i�c ¼~icp þ~icq ð2:44Þ

~i�c ¼ ia � �p
D
va

� �

~na þ ib � �p
D
vb

� �

~nb þ ic � �p
D
vc

� �

~nc ð2:45Þ

Moreover, the voltage and current vectors can also be expressed in αβ0 coor-
dinates; its compensating current can be described by (2.46).
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~i�c ¼ ia � �p
D
va

� �

~na þ ib � �p
D
vb

� �

~nb þ i0 � �p
D
v0

� �

~n0 ð2:46Þ

where D ¼ v2a þ v2b þ v2c , p ¼ vaia þ vbib þ vcic and �p is the average value of
p. Figure 2.14 shows the mixed coordinate instantaneous compensation algorithm.

Simulation verifications are performed by Matlab/Simulink. Figure 2.15 shows
the three-phase source voltages while Fig. 2.16 shows the three-phase currents, the
currents are obviously unbalanced and with harmonics. Figure 2.17 shows the
source currents after transformation in α, β and 0 coordinates.

Figure 2.18 shows the compensated source currents with the compensation
consideration of instantaneous reactive current only. It clearly shows that the source
currents are not perfectly sinusoidal and balanced after compensation.

cba iii ,,cba vvv ,,

ccbbaa ivivivp ++=222
cba vvv ++=Δ0,, vvv βα 0,, iii βα

Low Pass
Filter

p

Δ
p

*
0

** ,, ccc iii βα

Fig. 2.14 Mixed coordinate instantaneous compensation signal flow diagram
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Fig. 2.15 Three-phase source voltage

Fig. 2.16 Three-phase
currents

Fig. 2.17 Three-phase
source currents in αβ0
coordinates
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Figure 2.19 shows the simulated result by Mixed Coordinate Instantaneous
Compensation Algorithm. It clearly shows that three-phase source currents are
sinusoidal and balanced after compensation. Figure 2.20 shows the α, β and 0
coordinate source currents after compensation by Mixed Coordinate Instantaneous
Compensation Algorithm.

From the above simulation results, there is a transient part between t = 0 s and
t = 0.03 s. Under the transient period, there is a large influence due to the transient
response of the low-pass filter to obtain the instantaneous average power. The
response of the low-pass filter affects this transient response. The faster the response
of the low-pass filter, the shorter the transient period will be. However, the low-pass
filter design is out of the scope of this section. The above mixed coordinate
instantaneous power can simplify the calculation steps comparing to the original
instantaneous reactive power theories.

Fig. 2.18 Compensated source currents with compensation consideration of instantaneous
reactive current only

Fig. 2.19 Compensated source currents by mixed coordinate instantaneous compensation
algorithm
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2.3 Three-Phase Converters and Their Discussions

In this section, three basic three-phase converter topologies are analyzed, compared
and discussed in two-level and multi-level topologies such as three-leg, three-leg
center-split and four-leg inverters in three-phase three-wire and three-phase
four-wire systems. Since Year 2000, the 3-Dimensional Pulse Width Modulation
(3D PWM) technique has become one of the popular research topics in three-phase
four-wire applications, such as distributed power generators and active power filters
[22–25]. The challenges to investigate the three-phase four-wire converters are:

(1) To choose a suitable circuit topology,
(2) To have a decoupling transformation mathematical model for analysis,
(3) To develop a control strategy with high performance, and
(4) To apply the system in high power applications.

The three-phase voltage source inverters (VSI) normally have two ways of
providing a neutral connection for the three-phase four-wire systems: Three-Leg
Center-Split and Four-Leg inverters [22]. However, according to the past studies
[23, 25–27], most of the three-phase four-wire converter investigations mainly
focus on the four-leg topology due to two reasons. First, the maximum achievable
peak value of line-to-neutral voltage of a three-leg center-split inverter is lower than
a four-leg inverter, which means that the utilization of dc linked voltage, Vdc, of a
three-leg center-split inverter is lower. Second, large dc linked capacitors are
needed in a three-leg center-split inverter to maintain a small ripple dc voltage.
Based on the above points, the development of the control of the three-leg
center-split topology is slower than that of the four-leg.

On the other hand, the control strategies of three-phase four-wire inverters are
studied from abc Hysteresis controls to αβ0 space vector modulations [23–30] by
abc-αβ0 transformations. Recently, there was 4 × 4 Quad-Transformation matrix

Fig. 2.20 α, β and 0
coordinate source currents
after compensation
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[27] which describes the direct transformation between the 4 Degree-of-Freedom
Leg-Output Voltage Space of the Four-Leg Inverter and its 3 Degree-of-Freedom
output voltage space. The Quad-Transform [27, 30] was proposed to analyze the
four-leg systems in αβ0 coordinates. The leg-voltages of a four-leg inverter could
be modeled as a projection into the 3 dimensional output-voltage space along 4
vectors through a Quad-transform. These vectors were denoted as the primary
voltage-vectors of the inverter and were depicted in Fig. 2.21. The a, b, c, and n
vectors in Fig. 2.21 formed the corners of a symmetrical tetrahedron [27, 30].

A unique 4 × 4 decoupling transformation matrix was presented for the four-leg
circuit topology, which was orthonormal, and hence invertible. The row and col-
umn vectors formed a basis for the 4 Degree-Of-Freedom leg-voltage space.
However, the concept of “Primary Voltage Vectors” that was defined as “An N-leg
inverter has an N-dimensional leg-voltage space, but only controls an (N − 1)
dimensional output voltage space. The leg voltages of an N-Leg inverter project
into the output-voltage space along the N vectors of equal magnitude equally
arranged in an (N − 1) Degree-Of-Freedom space [27, 30]”. In this chapter, a 3
dimensional basis is used as follows. Furthermore, when four-leg and three-leg
center-split multilevel converters are taken into account in three-phase four-wire
high power applications, the advantages of the three-leg center-split multilevel
topology will be explained in the following sections.

2.3.1 Realization of 3 Dimensional Coordinates
for Three-Phase Systems

One should note that the voltage space vector development hereafter is based on the
assumption that instantaneous power is constant after and before transformation
from one into other coordinates in this book. In a three-phase three-wire or
three-phase four-wire system, an instantaneous voltage vector,~v, can be represented

Fig. 2.21 Four-leg inverter
primary voltage vectors [27,
30]
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by a linear combination of the vectors, ~na, ~nb and ~nc which can form a basis,
B ¼ ~na;~nb;~ncf g, for a vector to span with. The vectors, ~na, ~nb and ~nc are linear
independent to each other in a physical sense. Basically, the dimension of this
instantaneous voltage vector is 3.

~v ¼ Ka~na þKb~nb þKc~nc ð2:47Þ

where Ka, Kb and Kc are scalars.
Let M ¼ ~n1;~n2. . .~nnf g and M0 ¼ ~w1;~w2. . .~wmf g be the two bases for a

finite-dimensional vector space Q. Since M is a basis and M0 is a linearly inde-
pendent set, which implies that m = n. As a result, any two bases for a
finite-dimensional vector space have the same number of vectors. An instantaneous
voltage vector can be represented by B ¼ ~na;~nb;~ncf g and B0 ¼ ~na;~nb;~n0

� �

, and it
can span in a 3 dimension space. The 3-phase instantaneous voltages can be
transferred from abc into αβ0 coordinates by the coordinate transformation matrix
[19], Pab0, (2.48) under a linear power transformation consideration.
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Under the linear power transformation consideration [19], there are two condi-
tions that need to be fulfilled, (2.49) and (2.50).

I ¼ ½Pab0�T ½Pab0� ð2:49Þ

Pab0

�

�

�

� ¼ 1 ð2:50Þ

From (2.49), it implies that ½Pab0��1 ¼ ½Pab0�T , which has the property that the
matrix Pab0 is said to be an orthogonal matrix and I is an identity matrix. As a result,
vector coordinates can be described as shown in Fig. 2.22. Another important
characteristic is noticed as follows. The determinant of Pab0 is equal to 1 so that the
volumes bounded after and before the transformation are the same [31].

Pab0

�

�

�

� ¼ 1 ð2:51Þ

It means that an instantaneous voltage vector can be expressed as (2.52).

~v ¼ Ka~na þKb~nb þK0~n0 ð2:52Þ

where Ka, Kb and K0 are scalars.
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The zero sequence is the projection of vectors in a, b and c coordinates with 45°
on it. When the vector coordinates are considered from top view of Fig. 2.22, the
abc coordinates are apart from each other with 120°, but it should be noticed that
they are orthogonal to each other as shown in Fig. 2.22. All the transformations
taken by abc and αβ0 coordinates are in 3 dimensions, not 3 to 2 dimensions in the
three-phase systems. It can also be explained why phase angles of abc coordinates
are 120° apart with orthogonal basis to each other. The above concept can be
applied in multi-phase systems such as the four-phase systems described by a 4D
transformation for analysis. However, it is not within the discussion of this book.

2.3.2 Basic Three-Phase Converters, 3D Coordinates
and Their Comparisons

The literatures on controlling three-phase three-wire converters are rich; recently
more and more attention is paid to the three-phase four-wire converters [23–27, 30].
In this section, in contrast to the earlier approaches, the comparisons among the
basic three-phase converters of their voltage vectors in 3-dimensional coordinates
are performed, rather than using the switching tables only. These basic converters
are of three-leg, three-leg center-split and four-leg. All the corresponded converters
are illustrated in 2-level equivalent circuits, as shown in Figs. 2.23, 2.24 and 2.25.
In this section, vdc ¼ vdc1 ¼ vdc2 is assumed for comparisons and none of the
switching losses are being considered.

2.3.2.1 Two-Level Three-Leg Converters

From Sect. 2.3.1, it is found that all the voltage vectors of three-phase converters
can be analyzed by a 3-D transformation basis. According to Fig. 2.23, the
switching functions can be given as Sj ¼ þ 1;�1f g, where j ¼ a; b; cf g. For
example, when Sa = +1, Sa1 is turned on and Sa2 is turned off, and vice versa.

045

n

an
0n

n

bn

cn

Fig. 2.22 Transformation
basis allocation
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The converter output voltages in a-b-c coordinates can be expressed in (2.53). It
is required to transform the voltages from a-b-c into α-β-0 coordinates for com-
parisons through (2.54).
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where Sj ¼ þ 1;�1f g and j ¼ a; b; cf g
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Fig. 2.23 Two-level
three-leg converters
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Fig. 2.24 Two-level
three-leg center-split
converters
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Fig. 2.25 Two-level four-leg
converters

2.3 Three-Phase Converters and Their Discussions 43



va0
vb0
v00

2

4

3

5 ¼
ffiffiffi

2
3

r 1 � 1
2 � 1

2

0
ffiffi

3
p
2 �

ffiffi

3
p
2

1
ffiffi

2
p 1

ffiffi

2
p 1

ffiffi

2
p

2

6

4

3

7

5

va0
vb0
vc0

2

4

3

5 ð2:54Þ

Furthermore, (2.53) can be inserted into (2.54), which gets (2.55).
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As a result, an instantaneous converter output voltage vector of a three-leg
converter can be expressed as (2.56) so that the scalars, Ka, Kb and K0, are

ffiffiffiffiffiffiffiffi

2=3
p

vdcSa, 1=
ffiffiffi

2
p

vdcSb and 0 correspondingly. It should be noticed that vdc is the
half value of vPN as shown in Fig. 2.23. There is no zero-component coincidentally,
which changes 3-D a-b-c coordinates on 2-D α-β plane.

~vthree�leg ¼ vdc

ffiffiffi
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r

Sa �~na þ 1
ffiffiffi

2
p Sb �~nb

" #

ð2:56Þ

where Sa ¼ Sa � 1
2 Sb � 1

2 Sc and Sb ¼ Sb � Sc.

2.3.2.2 Two-Level Three-Leg Center-Split Converters

Comparing Fig. 2.24 with Fig. 2.23, node “O” is connected with node “n”.
According to the defined switching functions, the voltages are defined as (2.57) in
a-b-c coordinates. It forms a two-level three-leg center-split converter shown in
Fig. 2.24.
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where Sj ¼ þ 1;�1f g and j ¼ a; b; cf g
Furthermore, the converter output voltages in α-β-0 coordinates are expressed in

(2.58). An instantaneous converter output voltage vector of a three-leg center-split
converter can be represented by (2.59).
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where Sa ¼ Sa � 1
2 Sb � 1

2 Sc, Sb ¼ Sb � Sc and S0 ¼ Sa þ Sb þ Sc.

2.3.2.3 Two-Level Four-Leg Converters

There is a growing interest in the four-leg converters for three-phase four-wire
applications. Figure 2.25 shows the equivalent circuits of a four-leg converter. The
mid-point “f” of an addition leg is connected with node “O”. When switching
functions are only considered with +1 and −1, there are 2 operation modes for the
four-leg converter, as shown in Figs. 2.26 and 2.27.
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When Sf is +1, the node “O” is connected with node “P”. In another mode, node
“O” is connected with node “N” if Sf is −1.

For simplification only one leg of them is considered in mode 2 as shown in
Fig. 2.28. It has va0 ¼ vdc1 þ vdc2 ¼ 2vdc. When Sa1 ¼ 1, va0 ¼ 2vdc. In another
way, when Sa ¼ �1, va0 ¼ 0. As a result, the instantaneous voltage can be deduced
as (2.60).

va0 ¼ ðSa � Sf Þ � 2vdc2
ð2:60Þ

As a result, the instantaneous converter output voltages can be defined in a-b-
c coordinates as shown in (2.61). The four-leg inverter can produce three inde-
pendent output voltages, regardless of load. Furthermore, the instantaneous
converter output voltages in α-β-0 coordinates from a-b-c coordinates are expressed
in (2.62). An instantaneous converter output voltage vector of a four-leg converter
can be represented by (2.63). Scalars, Ka, Kb and K0, are
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where Sa ¼ Sa � 1
2 Sb � 1

2 Sc, Sb ¼ Sb � Sc and S0 ¼ Sa þ Sb þ Sc � 3Sf .

2.3.2.4 Three-Phase Converters, Voltage Space Vectors and Their
Comparisons

In 3-D aspect, a vector or a switching state can be represented by Rectangular,
Cylindrical or Spherical Coordinates. According to parameters defined in Fig. 2.29,
the instantaneous converter output voltage vector can be further considered as
follows.
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However, vdc = 1 is assumed for simplifying the comparison among three-phase
converters as follows.

A. A Two-Level Three-Leg Converter and Its Voltage Space Vector

In a two-level three-leg converter, there are 23 = 8 available voltage vectors but
with only 7 achievable switching states. Coincidentally, there is no zero sequence
component of voltage space vectors in α-β-0 coordinates. The available vectors are
projected from 3D a-b-c coordinates on a 2D α-β plane. Table 2.2 summarizes
parameters of the 2-level voltage vectors for a two-level three-leg converter. The
mark, *, means “undefined” in following Tables. Figure 2.30 shows the allocation
of available output voltage vectors of a two-level three-leg converter.

In conventional 2-D Pulse Width Modulation techniques, voltage space vector
allocation can be illustrated on a α-β plane, which is shown in Fig. 2.30. There are
totally 8 available voltage vectors with 6 directional vectors and 2 zero vectors.
These 2 zero vectors are utilized in optimizing the switching sequence in order to
reduce the switching loss.

Table 2.2 Two-level three-leg converter voltage vector parameters

Sa Sb Sc Sa Sb S0 r h Z0 q /

~V1 1 −1 −1 2 0 0 1.633 0° 0 1.633 90°

~V2 1 1 −1 1 2 0 1.633 60° 0 1.633 90°

~V3 −1 1 −1 −1 2 0 1.633 120° 0 1.633 90°

~V4 −1 1 1 −2 0 0 1.633 180° 0 1.633 90°

~V5 −1 −1 1 −1 −2 0 1.633 240° 0 1.633 90°

~V6 1 −1 1 1 −2 0 1.633 300° 0 1.633 90°

~V0p 1 1 1 0 0 0 0 * 0 0 90°

~V0n −1 −1 −1 0 0 0 0 * 0 0 90°

n

n

)111(1V

)111(2V
)111(3V

)111(4V

)111(5V )111(6V

)111(0pV

)111(0nV

Fig. 2.30 Allocation of
available output voltage
vectors of a two-level
three-leg converter
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B. A Two-Level Three-Leg Center-Split Converter and Its Voltage Space Vector

In a two-level three-leg center-split converter, there are 23 = 8 available voltage
vectors with 8 achievable switching states. The available vectors are projected from
3D a-b-c coordinates into 3D α-β-0 coordinates. Table 2.3 summarizes the voltage
vector parameters for a two-level three-leg center-split converter. Figure 2.31
shows the allocation of available output voltage vectors of a two-level three-leg
center-split converter.

Comparing Figs. 2.30 and 2.31, it shows that the number of available voltage
vectors is equal to the number of available states in a two-level three-leg center-split
converter, which is not the case in a two-level three-leg converter. Those two zero

Table 2.3 Two-level three-leg center-split converter voltage vector parameters

Sa Sb Sc Sa Sb S0 r h Z0 q /

~V1 1 −1 −1 2 0 −1 1.633 0° −0.577
ffiffiffi

3
p

109.46°

~V2 1 1 −1 1 2 1 1.633 60° 0.577
ffiffiffi

3
p

70.54°

~V3 −1 1 −1 −1 2 −1 1.633 120° −0.577
ffiffiffi

3
p

109.46°

~V4 −1 1 1 −2 0 1 1.633 180° 0.577
ffiffiffi

3
p

70.54°

~V5 −1 −1 1 −1 −2 −1 1.633 240° −0.577
ffiffiffi

3
p

109.46°

~V6 1 −1 1 1 −2 1 1.633 300° 0.577
ffiffiffi

3
p

70.54°

~V0p 1 1 1 0 0 3 0 *
ffiffiffi

3
p ffiffiffi

3
p

0°

~V0n −1 −1 −1 0 0 −3 0 * −
ffiffiffi

3
p ffiffiffi

3
p

180°

2V

5V

4V

3V

1V

pV 0

nV 0

6V
n

n

0nFig. 2.31 Allocation of
available output voltage
vectors of a two-level
three-leg center-split
converter
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vectors can be employed for a neutral line current compensation as well as optimizing
the switching sequence to reduce switching loss. All the vectors of the three-leg
center-split converter have zero components. It is noticed that the amplitude, r, of
~V1; ~V2; ~V3; ~V4; ~V5; ~V6

� �

vectors of the three-leg center-split converter is the same as
that of the original three-leg converter, which is the projection of
~V1; ~V2; ~V3; ~V4; ~V5; ~V6

� �

vectors on the α-β plane.

C. A Two-Level Four-Leg Converter and Its Voltage Space Vector

In a two-level four-leg converter, there are 24 = 16 available vectors with 15
achievable switching states. The available voltage vectors are projected from 3D a-
b-c coordinates into 3D α-β-0 coordinates. Table 2.4 summarizes the voltage vector
parameters for a two-level four-leg converter. Figure 2.32 shows the output voltage
allocation of available vectors of a two-level four-leg converter. The amplitude, r, of
~V1p; ~V2p; ~V3p; ~V4p; ~V5p; ~V6p; ~V1n; ~V2n; ~V3n; ~V4n; ~V5n; ~V6n

� �

vectors of the four-leg
converter is the same as that of the original three-leg and the three-leg
center-split converters, which are the projections of those vectors on the α-β plane.

D. Comparisons and Discussions

Table 2.5 summarizes the above analysis results. In previous studies, under the
center-split capacitor approach, the three-phase converter essentially becomes three
single-phase half-bridge converters. Thus, it suffers a lower utilization of dc link

Table 2.4 Two-level four-leg converter voltage vector parameters

Sf Sa Sb Sc Sa Sb S0 r h Z0 q /

~V1p −1 1 −1 −1 2 0 2 1.633 0° 1.155 2 54.73°

~V2p −1 1 1 −1 1 2 4 1.633 60° 2.309 2.828 35.27°

~V3p −1 −1 1 −1 −1 2 2 1.633 120° 1.155 2 54.73°

~V4p −1 −1 1 1 −2 0 4 1.633 180° 2.309 2.828 35.27°

~V5p −1 −1 −1 1 −1 −2 2 1.633 240° 1.155 2 54.73°

~V6p −1 1 −1 1 1 −2 4 1.633 300° 2.309 2.828 35.27°

~V0p −1 1 1 1 0 0 6 0 * 3.464 3.464 0°

~V00n −1 −1 −1 −1 0 0 0 0 * 0 0 90°

~V1n 1 1 −1 −1 2 0 −4 1.633 0° −2.309 2.828 144.73°

~V2n 1 1 1 −1 1 2 −2 1.633 60° −1.155 2 125.27°

~V3n 1 −1 1 −1 −1 2 −4 1.633 120° −2.309 2.828 144.73°

~V4n 1 −1 1 1 −2 0 −2 1.633 180° −1.155 2 125.27°

~V5n 1 −1 −1 1 −1 −2 −4 1.633 240° −2.309 2.828 144.73°

~V6n 1 1 −1 1 1 −2 −2 1.633 300° −1.155 2 125.27°

~V0n 1 −1 −1 −1 0 0 −6 0 * −3.464 −3.464 180°

~V00p 1 1 1 1 0 0 0 0 * 0 0 90°
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voltage as compared to the four-leg. Based on the maximum phase voltage that could
be performed by the three-phase converters, reaching the above conclusion was
straightforward. However, according to Tables 2.2, 2.3 and 2.4, all of the three-phase
converters have the same amplitude, r, of the projected non-zero vectors on the α-β
plane. It means that when the converters have the same dc linked voltage, they have
the same α-β voltage capacity for converter’s operation, and the four-leg converter
has higher zero-current injection ability as it has a higher Z0 than that of the three-leg
center-split. As a result, a three-leg center split and four-leg inverters have the same
voltage capacity on the α-β plane when they have the same dc linked voltage.

n

n
pV 1

pV 6

pV 4

pV 3

pV 00

pV 5

pV 2

pV 0

nV 0

nV1

nV 2

nV 3

nV 5

nV 6

nV 4

0n

nV 00

Fig. 2.32 Allocation of
available output voltage
vectors of a two-level four-leg
converter

Table 2.5 Comparisons among three basic three-phase converters

Maximum phase
voltage

Voltage capacity on α-
β plane

Voltage capacity on
zero axis

Three-leg converters 4
3 vdc Same 0

Three-leg center-split
converters

vdc Same Middle

Four-leg converters 2vdc Same Highest
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A simulation test of the three-phase three-leg, the three-leg center-split and the
four-leg inverters is performed when vdc ¼ vdc1 ¼ vdc2 ¼ 100V and vPN ¼
vdc1 þ vdc2 ¼ 200V with balanced loads are connected. The switching functions are
given by Table 2.6. It is noticed that the total dc linked voltage is 200 V. Table 2.6
summarizes the simulation results, where r and Z0 are defined in Tables 2.2, 2.3 and
2.4 respectively. All the simulated values followed the above theoretical results. It
shows the validity of the above theoretical conclusions. First, phase voltage is the
highest in the four-leg inverter and the three-leg center-split converter has the
smallest phase voltage. Second, all the inverters have the same voltage capacity on
the α-β plane when they have the same dc linked voltage. Third, the four-leg
inverter has the highest zero injection capacity. Fourth, only one transformation can
be employed to analyze all three-phase converters.

In left columns of Tables 2.2, 2.3 and 2.4, the switching functions in a-b-c and
α-β-0 coordinates are identical to those in the other researches [23–30].
Experimental results were performed in [25, 32] to show the validity of switching
function tables. However, without using a 3D voltage model, such as (2.56), (2.59)
and (2.63), to describe the output vectors of three-phase converters, it was hard to
compare the relationship among the converters. Based on the mathematical and
theoretical deduction with only one 3D transformation basis, the converters can be
comparable directly.

2.3.3 DC Voltage Unbalance, Variation, Switching
Functions and 3D Coordinates

In the three-phase converters, the unbalance in dc-link neutral point voltages, for
example, in a three-phase three-leg center-split converter, may affect PWM per-
formance and it may cause a significant distortion in generating a current waveform.
In this section, vdc1 6¼ vdc2 is assumed in order to consider the influence of the
unbalance dc upper and lower-leg voltage variations on 3D voltage space vectors of
the three-phase converters. Switching functions are considered due to the unbalance
between dc upper and lower capacitor voltages. Vdc is defined as (2.69). The
upper-leg and lower-leg switching functions in a, b or c phases can be defined as

Table 2.6 Simulation results

vdc ¼ vdc1 ¼ vdc2 ¼ 100 V
vPN ¼ 200 V

Phase voltage (V) r � vdc ðVÞ Z0 � vdc ðV)

Three-leg converters
[Sa Sb Sc] = [1]

133.3 163.3 1:641� 10�14

Three-leg center-split converters
[Sa Sb Sc] = [1]

99.99 163.3 −57.73

Four-leg converters
[Sa Sb Sc Sf] = [1]

200 163.3 115.4
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(2.70) accordingly, where SNj is defined as this new proposed switching function
due to dc voltage unbalance and j = a, b or c.

Vdc ¼ vdc1 þ vdc2
2

ð2:69Þ

SNj ¼
vdc1
Vdc

; upper leg
� vdc2

Vdc
; lower leg

�

ð2:70Þ

Conventionally, the switching function can be 1 or −1, but this proposed
switching function can either be smaller or larger than 1 due to the dc voltage
deviation. When vdc1 ¼ vdc2 ¼ Vdc, SNj ¼ Sj. However, when vdc1 6¼ vdc2 6¼ Vdc,
SNj 6¼ 	1. Furthermore, SNj can be expressed as (2.71). The proposed switching
function is found to be affected by the dc voltage unbalance.

SNj ¼
vdc1
Vdc

¼ 2vdc1
vdc1 þ vdc2

¼ vdc1 þ vdc2ð Þþ vdc1�vdc2ð Þ
vdc1 þ vdc2

¼ 1þDS; upper leg

� vdc2
Vdc

¼ �2vdc2
vdc1 þ vdc2

¼ � vdc1 þ vdc2ð Þþ vdc1�vdc2ð Þ
vdc1 þ vdc2

¼ �1þDS; lower leg

(

ð2:71Þ

where DS ¼ vdc1�vdc2
2Vdc

.
The relationship between the new switching function and the original one can be

expressed as:

SNj ¼ Sj þDS ð2:72Þ

Therefore, the output voltage vector of a three-leg inverter can be recalculated by
SNa , S

N
b and SNc due to the dc voltage unbalance. And, Vdc can either be larger or

smaller due to the dc voltage variation.

2.3.3.1 A Three-Leg Converter

The new instantaneous voltage vector~vN can be expressed as (2.73) due to the dc
upper-leg and lower-leg voltage unbalance.

~vNthree�leg ¼ Vdc

ffiffiffi

2
3

r

SNa �~na þ 1
ffiffiffi

2
p SNb �~nb

" #

ð2:73Þ

where SNa ¼ SNa � 1
2 S

N
b � 1

2 S
N
c

SNb ¼ SNb � SNc

2.3 Three-Phase Converters and Their Discussions 53



Substituting (2.72) into (2.73), no influence is found on the space vector voltage
of a three-leg converter, that is ~vthree�leg ¼~vNthree�leg. However, the instantaneous
voltage bounded area can either be larger or smaller due to the dc voltage
variation, Vdc.

2.3.3.2 A Three-Leg Center-Split Converter

The instantaneous voltage vector~vN of a three-leg center-split converter in 3D can
be expressed as (2.74).

~vNcenter�split ¼ Vdc

ffiffiffi

2
3

r

SNa �~na þ 1
ffiffiffi

2
p SNb �~nb þ 1

ffiffiffi

3
p SN0 �~n0

" #

ð2:74Þ

where SNa ¼ SNa � 1
2 S

N
b � 1

2 S
N
c

SNb ¼ SNb � SNc

SN0 ¼ SNa þ SNb þ SNc

Substituting (2.72) into (2.74), only the zero switching function is found to be
affected by the dc voltage unbalance.

SNa ¼ Sa ð2:75Þ

SNb ¼ Sb ð2:76Þ

SN0 ¼ S0 þ 3DS ð2:77Þ

The instantaneous voltage vector~vNcenter�split can be expressed as (2.68).

~vNcenter�split ¼~vcemter�split þ~vN0 ð2:78Þ

where~vN0 ¼ ffiffiffi

3
p

VdcDS �~n0.
According to (2.78), the voltage vectors may vary upward or downward along~n0

axis due to the unbalance of dc voltage variation as shown in Fig. 2.33. However,
the instantaneous voltage bounded volume can either be larger or smaller due to the
dc voltage variation, Vdc.
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2.3.3.3 A Four-Leg Converter

The instantaneous voltage vector~vN of a four-leg converter in 3D can be expressed
as (2.79).

~vNfour�leg ¼ Vdc

ffiffiffi

2
3

r

SNa �~na þ 1
ffiffiffi

2
p SNb �~nb þ 1

ffiffiffi

3
p SN0 �~n0

" #

ð2:79Þ

where SNa ¼ SNa � 1
2 S

N
b � 1

2 S
N
c

SNb ¼ SNb � SNc

SN0 ¼ SNa þ SNb þ SNc � 3SNf

Substituting (2.72) into (2.79), it is found that there is no influence on the space
vector voltages of a four-leg converter due to dc voltage unbalance, which is
~vfour�leg ¼~vNfour�leg. However, the instantaneous voltage bounded volume can either
be larger or smaller due to the dc voltage variation, Vdc.
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pV0

nV0
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5V

2V
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n

0n
Fig. 2.33 2-Level 3D vector
allocation due to dc voltage
unbalance
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From the above calculations, only the space voltage vectors of the three-leg
center-split converter are affected due to the dc voltage unbalance. Reversely, the dc
unbalance voltages can be controlled by shifting upward and downward of the
reference voltage vector accordingly. Details and experimental results for a
three-leg center-split converter can be found in [32]. However, the instantaneous
voltage bounded volume can either be larger or smaller due to the dc voltage
variation, Vdc.

2.4 Summary

Three fundamental three-phase converter circuit topologies are investigated and
compared under only one coordinate transformation and a 3D model proposed in
this chapter. Several conclusions are drawn:

(1) Phase voltage is the highest in a four-leg inverter and a three-leg center-split
converter has the smallest phase voltage.

(2) All the inverters have the same voltage capacity on α-β plane when they have
the same dc-linked voltage.

(3) A four-leg inverter has the highest zero injection capacity.
(4) Switching functions can be defined either smaller or larger than 1 due to the dc

voltage unbalance.
(5) Space voltage vectors of a three-leg center-split converter are affected due to

the dc voltage unbalance by shifting upward and downward of the reference
voltage vector along zero-axis accordingly.

(6) Space voltage vectors bounded volume can either be larger or smaller due to
dc voltage variation.
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Chapter 3
Active Power Filters

Abstract In this chapter, the active power filters are discussed. In Sect. 3.1, the
development of active power filters are reviewed; active power filters with different
circuit configurations are given and compared. The three-phase four-wire active
power filter using a two level four-leg voltage source inverter (VSI) is discussed in
Sect. 3.2. Three-phase four-wire active power filters using two-level and three-level
three-leg center-split VSI are discussed in Sect. 3.3. The modeling, voltage control
signal calculation, space vector analyses and pulsewidthmodulation (PWM)methods
for each configuration are introduced and addressed in these two Sections.
Furthermore, dc link voltage variation control of the center-split VSI is discussed in
Sect. 3.3. In Sect. 3.4, the operational principal of three-phase four-wire multi-level
VSIs as active powerfilter is briefly introduced. In Sect. 3.5, the generalized PWMfor
multi-level three-leg center-split and four-leg VSIs are introduced. Finally, the design
and implementation of an active power filter is introduced in Sect. 3.6.

3.1 Development of Active Power Filters

The proliferation of a variety of nonlinear loads in utility power system can cause a
large amount of harmonics injected into power system. For a long time, L-C tuned
filters have been used for suppressing harmonics in ac power system [1]. These
filters, however, have inherent drawback, e.g. tuned frequencies are fixed and a
harmonic amplifying phenomenon may occur due to parallel resonance between the
line inductance and filter capacitance. To solve those problems, more attention has
been paid to active power filter (APF) and researches on them are prospering [2, 3].

The active power filter (APF) is one of the shunt connected power quality
compensators. The concept, “Active ac Power Filter”, was first developed by
Gyugyi in 1970s [4]. The APF can overcome the disadvantages inherent in passive
power filters (PPF). Since then, active power filters have been becoming the most
popular shunt power quality compensator, which can compensate harmonics and
reactive current simultaneously. In addition, multiple load operation with one active
filter is technically and economically feasible.

© Springer Science+Business Media Singapore 2016
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A large number of publications have explored active filters for three-phase
three-wire systems with different configurations. With three wires on the ac side and
two wires on the dc side, APF works as a current source. By using a static con-
verter, APF generates the compensation currents which are equal in magnitude but
out of phase by 180° to the harmonics included in load currents, and are injected
into the ac lines. Therefore, the converter is required to have high current control
capability and high operating efficiency.

Both voltage source and current source converters can be used in an APF [5].
A current source APF is shown in Fig. 3.1 and the size of required dc-link inductor
is large, which may cause electro-magnetic interference (EMI) to nearby electric
equipment. A voltage source APF is given in Fig. 3.2, which is superior in effi-
ciency because the loss in a dc capacitor is smaller than that in a dc reactor needed
with a current source APF. Moreover, among the existing applications of APFs,
ninety percent of them are voltage source APFs.

According to the connection modes, there are four types of APF: Shunt APF,
Series APF, Hybrid APF and Series-Shunt APF. However, the series APF con-
nected with the ac lines through three single-phase transformers is equivalent to a
controlled voltage source as shown in Fig. 3.3. This APF mainly eliminates the
harmonic voltages for the system.

Compared with the shunt APF, the losses, protection, and operation etc. of series
APF are more complicated. Now, the single series APF is seldom used. It is always
combined with L-C filter that is called hybrid APF as shown in Fig. 3.4. Because
the L-C filter can eliminate most of the dominant low order harmonics, the capacity
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of APF can be very small so thus reducing its volume and cost. Furthermore,
because of diminishing both harmonic voltages and harmonic currents simultane-
ously, it is widely used in the industry applications. However, its main drawback is
that it can only operate for certain stable load. When the load is changing rapidly, its
effectiveness of compensation can be low.

The last type is series-shunt APF as shown in Fig. 3.5. It is called an unified power
quality conditioner (UPQC) and drawn the attention of many researchers recently.
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It is composed of series APF and shunt APF together so that it contains functions of
both APFs. The series unit can handle the harmonic voltages, voltage fluctuation and
flick, and can improve the steadiness of power system, etc. The shunt unit can handle
harmonic, unbalance and reactive currents. The series-shunt APF can work in both
single-phase and three-phase systems. Until now, it is regarded as the ideal structure
of APF. However, the drawback of it is its complicated control and high initial cost.

Figure 3.6 shows a typical APF with a three-phase voltage source inverter (VSI),
which is applied in three-phase three-wire systems. It is in parallel connection with
ac lines and is equivalent to a controlled current source. It can generate the same
value of load reactive and harmonic currents but in opposite direction to com-
pensate those reactive and harmonic currents. The techniques of shunt APF have
been widely developed. Therefore, most of the APF applications are based on shunt
APF.

Due to the development of “Custom Power” concept, a three-phase four-wire
system will play a very important role in the distribution site. In the three-phase
four-wire system, there exists neutral current, harmonics, reactive power, and
unbalance problems, so the conventional APF designed for three-phase three-wire
system cannot compensate all the problems. In 1997, four-leg and three-leg
center-split voltage source inverters (VSIs) were proposed to compensate the
reactive, unbalance, harmonic and neutral currents for the three-phase four-wire
power systems [6]. The three-phase four-wire systems employ mainly four-leg and
three-leg center-split VSI for power quality compensation. As a result, only these 2
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Fig. 3.6 APF uses a three-phase voltage source inverter
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topologies are discussed in this book. The former structure uses a fourth leg to
control the neutral current as shown in Fig. 3.7. The latter one is known as the
center-split structure, in which the original d.c. capacitor is split into 2 to provide
the neutral current compensation as given in Fig. 3.8.

Comparisons were carried out between three-leg centre-split VSIs and four-leg
VSIs [7–9]. The two-level four-leg inverter is preferable in low voltage applica-
tions. However, multi-level three-leg centre-split VSIs are more preferable. It is
because only a neutral wire is connected into multi-level neutral point clamped
inverter which can turn the inverter into three-phase four-wire applications without
adding extra-switching components. In the following sections, the modeling and
control of the three-phase four-wire APFs are provided. A general block diagram of
the control system of the APF is shown in the Fig. 3.9. Since the compensating
current detection has been discussed in the Chap. 2, the PWM for three-phase
four-wire converters are mainly focused in the following sections.

a b c

T1a T1b T1c

T2a T2b T2c

vinva vinvb vinvc g Cdc

T1g

T2g

vinvg
Vdc

Fig. 3.7 A four-leg VSI
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Fig. 3.8 A three-leg
center-split VSI

Fig. 3.9 Block diagram of the APF control system
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3.2 A Two-Level Four-Leg VSI as a Three-Phase
Four-Wire Active Power Filter

A two-level four-leg VSI based APF shown in Fig. 3.10 is an extension of a
conventional two-level three-leg VSI based APF, which is added with an extra-leg
to the three-leg one in order to provide a neutral current compensation capability.
Due to its additional leg, the initial cost of this inverter is higher than that of the
three-leg center-split one. However, four-leg VSI is not required to control the
dc-voltage unbalance between the upper and lower capacitor voltages of the
centre-split structure. The control algorithm of the three-leg centre-split is more
complicated than four-leg one. Based on the results from Sect. 2.3.2, although the
phase inverter voltage of the four-leg one is higher comparing to that of the
three-leg inverters, its effective voltage vector on αβ plane is the same as the
three-leg inverters, which has been explained in Chap. 2. In low power applica-
tions, a four-leg inverter is preferable. However in medium or higher power
applications, four-leg inverter is not a good choice in multi-level structure devel-
opment and its related detailed explanation is given in the following sections. As a
result, only two-level four-leg inverter is discussed and multi-level four-leg inverter
is not included in this book.

3.2.1 Modeling of Two-Level Four-Leg Active Power Filters

A three-phase four-wire active power filter is shown in Fig. 3.10, in which a
two-level four-leg VSI is used. To inject the required compensating current, the
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inverter needs to detect the reactive, harmonic and neutral currents of the loading
first. The compensating current detection algorithms have been discussed in the
Chap. 2. The four-leg VSI is controlled by a pulse width modulation (PWM) to
inject the compensating currents into the point of common coupling (PCC). As a
result, the reactive current, harmonic and neutral currents can be compensated by
the APF. The modeling of the APF with a two-level four-leg VSI is presented in
this section.

According to Fig. 3.10, the internal resistance of coupling inductor Lc and Lcn
are assumed to be very small (Rc;Rcn � 0), which can be neglected, the relation
among the compensating currents icx(x = a, b, c, n), the terminal voltages of VSI
vinvx(x = a, b, c, g), the terminal voltages at PCC and coupling inductors Lc and Lcn
can be expressed as:

vinva ¼ va � Lc
dica
dt

vinvb ¼ vb � Lc
dicb
dt

vinvc ¼ vc � Lc
dicc
dt

vinvg ¼ vn þ Lcn
dicn
dt

8>>><
>>>:

ð3:1Þ

The switching function of each leg of the VSI is defined in (3.2). As a result, the
output voltage of the VSI is given in (3.3).

Sx ¼ 1
�1

�
x ¼ a; b; c; g ð3:2Þ

In Sect. 2.3, referring to Fig. 2.25 and (2.60), one should be noted that 2vdc in
(2.60) is the total dc linked voltage between P and N in Fig. 2.25 as vdc ¼ vdc1 ¼
vdc2 was defined in Sect. 2.3. However, in this section, based on Fig. 3.10, vdc is
defined as the total dc linked voltage. As a result, (3.3) can be obtained. Chapter 2
was focused on the effective voltage comparison so that vdc ¼ vdc1 ¼ vdc2 was
defined and total dc linked voltage was 2vdc for simpler comparison. However,
Chap. 3 is focused on control so that the total dc linked voltage is vdc. Comparing
instantaneous voltage vectors in Chaps. 2 and 3, such as (2.56), (2.59), (2.63),
(3.11), (3.13) and (3.49), one can find that 2vdc is the total dc linked voltage defined
in Chap. 2 and vdc is defined total dc linked voltage in Chap. 3 respectively.

vinva ¼ Savdc=2
vinvb ¼ Sbvdc=2
vinvc ¼ Scvdc=2
vinvg ¼ Sgvdc=2

8>><
>>: ð3:3Þ
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The relation of current and voltage of the DC capacitors are described as:

idc ¼ Cdc
dvdc
dt

ð3:4Þ

Following results can be deduced according to (3.4).

C
dvdc
dt

¼ Saica þ Sbicb þ Scicc � Sgicn ð3:5Þ

According to (3.1) to (3.5), (3.6) is deduced.

Lc
dica
dt ¼ va � Savdc=2

Lc
dicb
dt ¼ vb � Sbvdc=2

Lc
dicc
dt ¼ vc � Scvdc=2

Lcn
dicn
dt ¼ �vn þ Sgvdc=2

Cdc
dvdc
dt ¼ Saica þ Sbicb þ Scicc � Sgicn

� �

8>>>>><
>>>>>:

ð3:6Þ

A general mathematical model of the two-level four-leg VSI in a three-phase
four-wire system is established by state space model.

Z _X ¼ AXþBU ð3:7Þ

where

A ¼

0 0 0 0 �Sa=2

0 0 0 0 �Sb=2

0 0 0 0 �Sc=2

0 0 0 0 Sg=2

Sa Sb Sc �Sg 0

2
6666664

3
7777775

X ¼ ica icb icc icn vdc½ �T
B ¼ diag 1 1 1 �1 0½ �
U ¼ va vb vc vn 0½ �
Z ¼ diag Lc Lc Lc Lcn Cdc½ �

3.2.2 Voltage Control Signals According to the Required
Compensating Currents

The required compensating currents given by a power quality compensator are
discussed in Sect. 2.2. The parallel power quality compensator is operated as a
current source, injecting the same but negative amplitude of harmonic, reactive and
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unbalance currents so that the source can provide balance sinusoidal currents to
loads in order to optimize the power flow capacity and reduce loss. It is because the
inverter itself is a voltage source inverter but operating as a current source, the
inverter should generate the corresponding inverter terminal voltages according to
the required compensating currents. According to Fig. 3.10, the voltage vector
generated by the voltage source inverter can be given in (3.8).

~vinv ¼ �Lc
d~ic
dt

þ~v ð3:8Þ

When dt = Ts, assuming the sampling instants between KTs and (K + 1)Ts,
where K is any integer number and Ts is the sampling time, the discrete required
compensating voltage,~vref , from the VSI can be obtained as shown in (3.9). One
should be reminded that the vector in this section can be expressed in abc and/or αβ
0 frames, but both coordinates are equivalent to one another.

~vref KTs½ � ¼ � Lc
Ts

~ic ðKþ 1ÞTs½ � �~ic KTs½ �� �þ~v KTs½ � ð3:9Þ

When the internal resistance of the coupling inductance can be ignored, (3.9) can
be employed. The measured parameters are~ic KTs½ � and~v KTs½ �, where~ic KTs½ � is the
compensating current from the VSI at the time KTs and~v KTs½ � is terminal voltage at
PCC. The sampling period is already fixed with the value of Ts. The next expected
compensating current from the VSI should be~ic ðKþ 1ÞTs½ �. If the internal resis-
tance, Rc, of the coupling impedance between the VSI and point of the common
coupling terminals cannot be ignored [10], the discrete required compensating
voltage,~vref from the VSI can be expressed in (3.10).

~vref KTs½ � ¼ � Rc

DX
D~ic ðK þ 1ÞTs½ � � ð1� DXÞ~ic KTs½ �� �þ~v KTs½ � ð3:10Þ

where DX ¼ Rc
Lc
� e�ðRc=LcÞTs � Ts

3.2.3 Space Vector Analysis of a Four-Leg VSI

In a conventional two-level three-leg VSI as shown in Fig. 3.6, there are 23 = 8
vectors. The constraint is v0 = 0 for any combination of switching functions, Sa, Sb
and Sc, as given in (2.55). As a result, the voltage vectors generated by the three-leg
VSI are all laid on the αβ plane. The voltage vector of a three-leg VSI can be given
as (3.11), where the switching function can be Sx ¼ fþ 1;�1g and x ¼ fa; b; cg.

~vthree�leg ¼ vdc
2

ffiffiffi
2
3

r
Sa � 1

2
Sb � 1

2
Sc

� 	
�~na þ 1ffiffiffi

2
p ðSb � ScÞ �~nb

 !
ð3:11Þ
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~vthree�leg



 

 ¼ q � vdc ¼ r � vdc where q ¼ r ¼ 0:816 ð3:12Þ

By considering rectangular and cylindrical coordinates, the parameters, q and r,
defined in (2.65) and (2.66) are employed. The values of q and r in (3.12) are 0.816.
Comparing with Table 2.2, q and r = 2 × 0.816, it is because the dc voltage of the
converter in Chap. 2 is 2vdc = vdc1 +vdc2 but in Chap. 3 dc voltage of the converter
is vdc so that (3.12) with q ¼ r ¼ 0:816. All the angles among directional vectors
are 60° apart from one another. There are 2 zero vectors at the origin. Those zero
vectors can be employed in arranging the pulse patterns in pulse width modulations
to reduce the switching frequency and switching loss. Figure 3.11 shows the space
vectors of the three-leg inverter on αβ plane.

In a two-level four-leg VSI, there are 24 = 16 available vectors. Figure 3.12
shows the projection of the space vectors allocation of four-leg inverter on αβ plane.

Fig. 3.11 Space vectors of a
two-level three-leg VSI

Fig. 3.12 Space vectors of a
two-level four-leg VSI on αβ
plane
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Comparing space vectors of three-leg and four-leg inverters on αβ plane only, one
can find that all vectors, except zero vectors, have the same length of r * vdc, in
which r = 0.816. Table 3.1 lists all the vectors corresponding to their switching
functions.

Figure 3.13 shows all space vectors of a four-leg VSI in three-dimension.
Table 3.1 lists all the vectors from abc into αβ0 coordinates, where vdc is the
instantaneous dc link voltage of the four-leg VSI. Table 2.4 lists all voltage vectors
when 2vdc is the instantaneous dc link voltage. One can find that these 2 tables have
a factor 0.5 difference. Those vector characteristics in three-dimension can be
classified and considered as follows when vdc is the instantaneous dc link voltage:

(1) Vectors, ~V00n and ~V00p, are perfect zero vectors which can be used for
arranging the pulse patterns to reduce the switching frequency and switching
loss. Only ~V00n and ~V00p are laid on the origin of αβ plane.

(2) Vectors, ~V0n and ~V0p, are zero vectors. However, both of them can inject only
zero component voltage into the system and they do not have any voltage

Table 3.1 Two-level four-leg VSI voltage vectors

Sf Sa Sb Sc Vag Vbg Vcg Sa Sb S0 Va Vb V0

~V1p −1 1 −1 −1 vdc 0 0 2 0 2
ffiffi
2
3

q
vdc

0 1ffiffi
3

p vdc

~V2p −1 1 1 −1 vdc vdc 0 1 2 4
ffiffi
1
6

q
vdc

1ffiffi
2

p vdc 2ffiffi
3

p vdc

~V3p −1 −1 1 −1 0 vdc 0 −1 2 2 �
ffiffi
1
6

q
vdc

1ffiffi
2

p vdc 1ffiffi
3

p vdc

~V4p −1 −1 1 1 0 vdc vdc −2 0 4 �
ffiffi
2
3

q
vdc

0 2ffiffi
3

p vdc

~V5p −1 −1 −1 1 0 0 vdc −1 −2 2 �
ffiffi
1
6

q
vdc

�1ffiffi
2

p vdc 1ffiffi
3

p vdc

~V6p −1 1 −1 1 vdc 0 vdc 1 −2 4
ffiffi
1
6

q
vdc

�1ffiffi
2

p vdc 2ffiffi
3

p vdc

~V0p −1 1 1 1 vdc vdc vdc 0 0 6 0 0
ffiffiffi
3

p
vdc

~V00n −1 −1 −1 −1 0 0 0 0 0 0 0 0 0

~V1n 1 1 −1 −1 0 vdc vdc 2 0 −4
ffiffi
2
3

q
vdc

0 � 2ffiffi
3

p vdc

~V2n 1 1 1 −1 0 0 �vdc 1 2 −2
ffiffi
1
6

q
vdc

1ffiffi
2

p vdc � 1ffiffi
3

p vdc

~V3n 1 −1 1 −1 �vdc 0 −vdc −1 2 −4 �
ffiffi
1
6

q
vdc

1ffiffi
2

p vdc � 2ffiffi
3

p vdc

~V4n 1 −1 1 1 �vdc 0 0 −2 0 −2 �
ffiffi
2
3

q
vdc

0 � 1ffiffi
3

p vdc

~V5n 1 −1 −1 1 �vdc −vdc 0 −1 −2 −4 �
ffiffi
1
6

q
vdc

�1ffiffi
2

p vdc � 2ffiffi
3

p vdc

~V6n 1 1 −1 1 0 �vdc 0 1 −2 −2
ffiffi
1
6

q
vdc

�1ffiffi
2

p vdc � 1ffiffi
3

p vdc

~V0n 1 −1 −1 −1 �vdc �vdc �vdc 0 0 −6 0 0 � ffiffiffi
3

p
vdc

~V00p 1 1 1 1 0 0 0 0 0 0 0 0 0
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component on αβ plane. Its parameters in zero components are q ¼ Z0 ¼
1:732 .

(3) When Z0 ¼ 1:155, there are vectors, ~V1n; ~V2p; ~V3n; ~V4p; ~V5n; ~V6p, in which
~V2p; ~V4p and ~V6p are laid on Z0 ¼ 1:155. On the other hand, ~V1n; ~V3n and ~V5n

are laid on Z0 ¼ �1:155. The norm of those vectors is q ¼ 1:414.
(4) When Z0 ¼ �0:557, there are vectors, ~V1p; ~V2n; ~V3p; ~V4n; ~V5p; ~V6n, in which

~V1p; ~V3p and ~V5p are laid on Z0 ¼ 0:557. On the other hand,~V2n; ~V4n and ~V6n

are laid on Z0 ¼ �0:557. The norm of those vectors is q ¼ 1.
(5) When Z0 [ 0 is required, vectors, ~V1p; ~V2p; ~V3p; ~V4p; ~V5p; ~V6p and ~V0p, can be

chosen. And vice versa, ~V1n; ~V2n; ~V3n; ~V4n; ~V5n; ~V6n and ~V0n can be chosen for
Z0\0.

(6) Finally, its output voltage of the four-leg VSI can be expressed as (3.13). All
vectors, except zero vectors (~V0n; ~V0p; ~V00n and ~V00p), have r = 0.816 on αβ
plane.

~vfour�leg ¼ vdc
2

ffiffiffi
2
3

r
Sa � 1

2
Sb � 1

2
Scb

� 	
�~na þ 1ffiffiffi

2
p ðSb � ScÞ �~nb

 

þ 1ffiffiffi
3

p Sa þ Sb þ Sc � 3Sg
� � �~n0

	 ð3:13Þ
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Fig. 3.13 Space vectors of a
two-level four-leg VSI in
three-dimension
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3.2.4 Hysteresis PWM

The pulse width modulation plays an important role in the APF control system to
inject the required current for compensation. It generates the trigger signals for each
power electronics switches in terms of the compensating current references. In this
section, the hysteresis PWM method for two-level four-leg inverters is introduced.

3.2.4.1 Basic Hysteresis PWM

The basic operation principle of hysteresis pulse width modulation (PWM) can be
explained in Fig. 3.14, where i�cx is the reference tracking current and icx is the
actual injected current. There are upper and lower margins between i�cx. When the
actual current icx reaches the upper margin of i�cx, the switching state is changed to
negative state. Vice Versa, when the icx reaches the lower margin of i�cx, then the
switching state is changed to positive. As a result, the actual current can be
oscillating somewhere between the upper and lower margins of the reference
tracking current, in which the VSI actually operates as a controlled current source.

3.2.4.2 Hysteresis PWM for Two-Level Four-Leg VSI

The block diagram of the hysteresis PWM for the two-level four-leg VSI is shown
in Fig. 3.15. The current references are compared with the measured output currents
of the VSI. The obtained error passes through the hysteresis controller and then the
trigger signals for the switching devices are generated. The switching frequency is
not fixed [11, 12] and it varies according to the error band and system parameters.
By using instantaneous reactive power theory [13–15] and mixed coordinate
instantaneous compensation method described in Sect. 2.2, the reference tracking
current can be calculated.

In a-b-c-0 coordinates, the upper and lower error bands or tolerances of hys-
teresis methods can be defined as following.

Upper band

Lower band

icxicx

Trigger 
Signal

Fig. 3.14 Generation of
trigger signals of the
hysteresis PWM
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Upper Band Limit : i�cx þB

Lower Band Limit : i�cx � B

where i�cx (k = a, b, c, n) is the reference tracking current and B is the total
error-allowable band width. The error bands in a-, b- and c-axis form a cubic in
a-b-c coordinates, as shown in Fig. 3.16. And the volume of the error cubic is equal
to 8B3.

The error in the fourth-leg of the two-level four-leg VSI should be considered in
a PWM method. The error band of the current passing through the fourth-leg, i.e.,
the error of the neutral current compensation, varies between −B and B. However,
when the two-level four-leg VSI is used as a shunt power quality compensator, as
shown in Fig. 3.10, the error of the fourth-leg and the other three-leg output are not
independent of each other.

ica

i*

icb

i*

Trigger Signals

icc

i*

ca

cb

cc

icn

i*cn

Fig. 3.15 Hysteresis PWM
for two-level four-leg VSI

Fig. 3.16 Error volume in
a-b-c coordinates
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The following relations should exist: ica þ icb þ icc ¼ icn; icx ¼ i�cx þ ex, where icx
(x = a, b, c, n) represents the output currents of the VSI, i�cx represents the current
reference and ex (x = a, b, c, n) represents the compensation error. Since
i�ca þ i�cb þ i�cc ¼ i�cn, the following result is derived: ea þ eb þ ec ¼ en. The hysteresis
band of the fourth-leg includes an extra restrict to the total error band in the a-b-c
coordinates, i.e., �B� ea þ eb þ ec ¼ en �B. After this new limits are applied, the
error cubic in the a-b-c coordinates is shrunk to an octahedron, as shown in
Fig. 3.16. The volume of the error octahedron is 4B3/3. Consequently, when
compared with the results from [16], the two-level four-leg VSI provides a better
performance compared to that of the two-level center-split VSI when the hysteresis
PWM is used, especially in the neutral current compensation.

3.2.4.3 Simulation Results

The simulated system configuration is shown in Fig. 3.10 when the two-level
four-leg VSI is applied to a three-phase four-wire APF. The source currents are
shown in Fig. 3.17. The APF began to operate at 0.04 s. The THD of the source
currents is reduced from 39.9 to 5.4 %. The neutral currents drop from 12.1 to
1.7 A. The sampling frequency is 10 kHz, that is to say, the trigger signals are
determined in every 100 us by comparing current tracking error and the error band.
In principle, the switching frequency is not a fixed value in the hysteresis PWM as it

Fig. 3.17 Source currents before and after APF compensation
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depends on error band, coupling inductance and instantaneous voltage difference
between the point of common coupling terminal voltage and VSI terminal voltage.
By fixing the sampling frequency, the error band may be larger than the predefined
value. The recorded switching frequency is around 2.5 kHz for this simulation.

As discussed in the previous sections, the a-b-c-0 hysteresis PWM control of the
two-level four-leg VSI includes an extra constraint for the error in zero-sequence.
As a result, the neutral current compensation performance is better when a
two-level four-leg VSI is used. Results of the comparison with the three-leg
center-split VSI are given in the following sections.

3.2.5 Space Vector Modulation

3.2.5.1 Basic Space Vector Modulation for Two-Level Three-Leg VSI

In this section, a basic two-level three-leg VSI is discussed and basic concept of
space vector modulation (SVM) is introduced in 2-dimension αβ plane. Another
approach of PWMs can be based on the space vector representation of the voltages
on α β plane. There are eight states available according to eight switching positions
of the conventional three-leg VSI as depicted in Fig. 3.18 . The space can be further
divided into totally 6 sectors as shown in Fig. 3.18. The required reference voltage,
~Vref , is assumed constant during one switching cycle.

In Fig. 3.19, the reference vector, ~Vref is located in sector I. The voltage-second
reference can be approximated by a sequence of voltage-second states. Hence,
(3.14) can be given for a switching cycle in sector I and (3.15) is a constraint for
keeping the switching time to be Ts.

Fig. 3.18 Space vectors of a
conventional three-leg VSI
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~Vref Ts ¼ ~V1t1 þ~V2t2 þ~V0t0 ð3:14Þ

Ts ¼ t1 þ t2 þ t0 ð3:15Þ

Referring to Fig. 3.6, the voltage vectors ~V1ð1;�1;�1Þ and ~V2ð1;1;�1Þ, can be
expressed as:

~V1ð1;�1;�1Þ ¼
ffiffiffi
2
3

r
vdc �~na ð3:16Þ

~V2ð1;1;�1Þ ¼
ffiffiffi
2
3

r
� vdc 1

2
�~na þ

ffiffiffi
3

p

2
�~nb

� 	
ð3:17Þ

Furthermore, when the space vectors are described in rectangular coordinates, it
follows that:

~Vref
cos h
sin h

� �
Ts ¼

ffiffiffi
2
3

r
vdc

1
0

� �
t1 þ

ffiffiffi
2
3

r
vdc

cos 60	

sin 60	

� �
t2 ð3:18Þ

Hence,

t1 ¼ Ts �
~Vref

 ffiffi
2
3

q
vdc

� sinð60
	 � hÞ

sin 60	
ð3:19Þ

t2 ¼ Ts �
~Vref

 ffiffi
2
3

q
vdc

� sin h
sin 60	

ð3:20Þ

t0 ¼ Ts � t1 � t2 ð3:21Þ
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Fig. 3.19 Determination of
switching times
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The zero vector switching time is t0 and zero vectors are ~V0pð1;1;1Þ and
~V0nð�1;�1;�1Þ. One of them can be chosen to reduce the switching frequency. To
obtain minimum switching frequency of each inverter leg, it is necessary to arrange
the switching sequence in such a way that the transition from one state to the next is
performed by switching only one inverter leg [17]. It can be seen in Fig. 3.20 that
the above conditions are met if starting from one zero state, the inverter legs are
switched in the relevant sequence ending at the other zero state. Similarly, the
above approach can be applied in other sections. An optimum pulse pattern of space
vector PWM is given in Fig. 3.20, in which the switching sequence is
~V0n~V1~V2~V0p~V2~V1~V0n.

Hereafter, the space vector modulation for four-leg VSI is explained and it can
be considered in three-dimension space and this approach can be classified as 3D
SVM in four-leg VSI.

3.2.5.2 Space Vector Modulation for Two-Level Four-Leg VSI

The 3DSVM proposed in [18] is to calculate the switching times with respective
nodes a, b, c, and n as shown in Fig. 3.10, which has four steps: (1) Prism
Identification, (2) Tetrahedron Selection, (3) Duty Ratio Calculation of each
non-zero voltage vectors and (4) Switching Sequences Determination. Those steps
are explained as follows. However, by using 3DSVM to control the inverter to

1t 2t2
0t

2
0t

1+

1+

1+

1−

1−

1−

aS

bS

cS

time, sec

time, sec

time, sec

Fig. 3.20 Optimum pulse pattern of space vector modulation (SVM)
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operate as an active power filter, the reference voltage generated by 3DSVM should
create the corresponding compensating reference current accordingly. By using the
mixed coordinate instantaneous compensation method described in Sect. 2.2, the
reference tracking current can be calculated. However, the corresponding voltage
vectors should be calculated according to Sect. 3.2.2 so that the VSI can be
operated as a current source to inject the required compensating current.

A traditional three-leg VSI has eight possible switching combinations. With the
additional fourth leg, the total number of switching combinations increases to
sixteen. The 24 switching vectors can be displayed in αβ0 frame as shown in
Fig. 3.13.

Step (1) Prism Identification

According to the defined parameters, h and /, as shown in Fig. 3.21, these
parameters of the reference voltage vectors are calculated. The Prism sections [18]
can be classified as given in Table 3.2, which are the same definition as the
Section I, II, III, IV, V and VI as shown in Fig. 3.18. Finally, a Prism can be
decided based on the projections of the reference voltage vector on αβ plane.

Step (2) Tetrahedron Selection

In order to minimize the current ripple, switching vectors adjacent to the ref-
erence vector should be selected. Within the selected prism, there are six non-zero
switching vectors and 2 zero switching vectors, which can further divide the prism
into four tetrahedrons. For example, when the reference voltage is inside Prism I,
the reference vector can be within:

Tetrahedron I which defined and bounded by ~V1p; ~V1n; ~V2n; ~V00p and ~V00n

Tetrahedron II which defined and bounded by ~V1p; ~V2n; ~V2p; ~V00p and ~V00n

Tetrahedron III which defined and bounded by ~V0p; ~V1p; ~V2p; ~V00p and ~V00n

Tetrahedron IV which defined and bounded by ~V0n; ~V1n; ~V2n; ~V00p and ~V00n

Fig. 3.21 Defined
parameters in coordinates

Table 3.2 Prism classification

Prism I Prism II Prism III Prism IV Prism V Prism VI

0� h� 60	 60	 � h� 120	 120	 � h� 180	 180	 � h� 240	 240	 � h� 300	 300	 � h� 360	
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For simplicity, Fig. 3.22 shows those six non-zero directional vectors,
~V0p; ~V0n; ~V1p; ~V1n; ~V2p and ~V2n, as well as two zero vectors ~V00p and ~V00n for Prism I
in αβ0 frame. Each tetrahedron has three non-zero directional vectors and two zero
vectors and they all are adjacent to each other.

Synthesizing the reference vector by using adjacent vectors inside a tetrahedron
of a prism minimizes the current ripple. The tetrahedron identification can be
achieved by referring the voltage polarities of the reference vector in abc coordi-
nate. The tetrahedron that encloses the reference vector has the same voltage
polarity set. The selection of zero vectors on the sequencing scheme can provide a
degree of freedom to reduce the switching loss and harmonic component generated.

Step (3) Calculation of Switching Times

Referring to (3.14) and (3.15) for 2 dimensional SVM, the switching times for
adjacent vectors in 3D SVM can be calculated by:

~Vref Ts ¼ ~V1t1 þ~V2t2 þ~V3t3 þ~V0t0 ð3:22Þ

αn

βn
pV1

pV00

pV2

pV0

nV0

nV1

nV2

0n

nV00

Fig. 3.22 Six non-zero
directional and two zero
vectors
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Ts ¼ t1 þ t2 þ t3 þ t0 ð3:23Þ

For example, the reference vector is allocated in Tetrahedron I of Prism I so that
adjacent vectors, ~V1p; ~V1n and ~V2n, are selected in order to synthesize the reference
vector by using voltage-second concept. In this case, ~V1p ¼ ~V1; ~V1n ¼ ~V2 and ~V2n ¼
~V3 are selected. Then, ~V0 can either be ~V00p or ~V00n. According to different locations
of the reference voltage vector, ~V1; ~V2; ~V3 and ~V0 are selected correspondingly.
There are totally 24 sectors (6 Prisms and each of them has 4 Tetrahedron).
Therefore, the pre-calculated 24-matrix table is required in practical
implementation.

Step (4) Switching Sequences

The ON time calculation of each switch is based on the arrangements of
non-zero voltage vectors and zero vectors. However, the distribution of t0 on zero
vector(s), ~V00p or/and ~V00n, can be chosen based on switching loss and/or harmonic
current distortion. The detailed switching sequences and comparison among them
are not included in this book but that information can be founded in [18].

3.2.5.3 3D Direct PWM for Four-Leg Inverters

In above section, a 3DSVM is explained. However, it requires several steps for
implementation of 3DSVM. Therefore, the 3DSVM of a two-level four-leg VSI
involves complex calculations and switching tables. Relatively, comparing this
3DSVM with a carrier based PWM method, one can find that a carrier based PWM
[19] is equivalent to the above 3DSVM, but its implementation is easier. The basic
idea of the carrier based PWM is to generate the PWM outputs by direct deter-
mination of the reference voltages for each leg of a four leg VSI. The 3D direct
PWM [20] is also based on generating the pulse of each leg independently.
Therefore, the 3D direct PWM can be used to control a four leg VSI, which is given
in this section.

The direct PWM is based on the volt-second approximation just like the con-
ventional SVM. The output voltage of each leg is synthesized by two voltage levels
for a two-level VSI. The single leg output model is given in the Fig. 3.23. A virtual
ground is introduced in the middle of the dc bus. The dc capacitor is split to two,
but actually one dc capacitor can be used. If the target output of this leg is Vrefx

(x = a, b, c, g) and the period for the pulse width modulation is Ts, the approxi-
mation of the output voltage is expressed in (3.24), in which Tonx (x = a, b, c, g) is
the pulse width when the upper switch is turned on and the lower switch is turned
off. During this time interval, the output voltage Vinvx (x = a, b, c, g) equals to Vdc/2.
In the remained time of one period, the upper switch is off and the lower switch is
on and Vinvx equals to –Vdc/2.
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VrefxTs ¼ Vdc=2 � Tonx � Vdc=2 � ðTs � TonxÞ ð3:24Þ

From (3.24), (3.25) is deduced. By normalizing the reference voltage with the
dc-link voltage and normalizing the pulse width with the period Ts, (3.26) can be
further deduced. It indicates that the pulse width of each leg can be directly cal-
culated by the normalized reference voltage.

Tonx=TS ¼ Vrefx=Vdc þ 1=2 ð3:25Þ

tonx ¼ vrefx þ 1=2 ð3:26Þ

The output phase-to-neutral voltages of two-level four-leg VSIs are determined
by the difference between the output voltages of inverter leg x (x = a, b, c) and the
fourth-leg g.

vxg ¼ vrefx � vrefg x ¼ a; b; c ð3:27Þ

According to (3.26), the normalized pulse width of legs A, B and C are
expressed as (3.28) and the normalized pulse width of the fourth leg is expressed as
(3.29).

tonx ¼ vxg þ vrefg þ 1=2 x ¼ a; b; c ð3:28Þ

tong ¼ vrefg þ 1=2 ð3:29Þ

The vxg (x = a, b, c) is the phase-to-neutral reference voltage for controlling
four-leg VSIs. If a parameter vgg is introduced, which always equals to zero, (3.28)
can also be used to calculate the pulse width of the fourth leg. The corresponding
output pulses of a two-level four-leg inverter are shown in Fig. 3.24. The
rising-edge aligned scheme was chosen for the convenience in illustrating the
effective time in the following discussions.

The effective time is defined as (3.30), which equals the difference between the
dwell times of legs A, B or C and the fourth leg g, as shown in Fig. 3.24. If (3.28)
and (3.29) are substituted by (3.30), (3.31) indicates that output phase-to-neutral

Vinvx

Vdc/2

-Vdc/2

Virtual
Ground

Fig. 3.23 Single leg output
model of two-level VSI
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voltages are generated in dwell time teffx (x = a, b, c). In addition, the effective time
teffx is equal to the normalized phase-to-neutral voltage.

teffx ¼ tonx � tong x ¼ a; b; c ð3:30Þ

teffx ¼ tonx � tong ¼ vxg þ vrefg þ 1=2� ðvrefg þ 1=2Þ ¼ vxg ð3:31Þ

0\vxf þ vrefg þ 1=2\1 x ¼ a; b; c; g ð3:32Þ

Only the reference voltage vrefg of the fourth-leg is unknown when the pulse
width of each leg is calculated by (3.28). According to (3.31), the variation of the
vrefg does not affect the output phase-to-neutral voltages of a four-leg VSI. Hence,
the vrefg can be freely chosen if the condition in (3.32) is satisfied, which limits the
normalized pulse widths in the range of 0–1.

(3.32) can be rewritten as:

�1=2� vmin\vrefg\1=2� vmax ð3:33Þ

where vmax is defined as the maximum number from among vag; vbg; vcg and vgg; and
vmin is the minimum number from among vag; vbg; vcg and vgg. (3.33) only provides
the range for vrefg. In order to get a fixed value for vrefg, an extra constraint is
adopted.

Besides the effective time for generating output voltages, there are redundant
times in one PWM period which are taken up by the switching states (0, 0, 0, 0) and
(1, 1, 1, 1). The output phase-to-neutral voltages are zero when the four-leg VSI
operates according to the two switching patterns. It is assumed that the dwell times
of states (0, 0, 0, 0) and (1, 1, 1, 1) are the same, so that the optimal switching
sequence can be achieved. Consequently, (3.34) is obtained.

onat

onbt

onct

effat

effbt

effct

ST

vinva

vinvb

vinvc

vinvg

Fig. 3.24 Output pulse
widths and effective times
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tonmin ¼ 1� tonmax; ð3:34Þ

where ton min is the dwell time of switching states (1, 1, 1, 1), which is also the
minimum pulse width among the four legs, as illustrated in Fig. 3.24; 1 − ton max is
the dwell time of switching states (0, 0, 0, 0). If (3.28) is considered, (3.35) and
(3.36) can be obtained. (3.37) is obtained by substituting (3.35) and (3.36) into
(3.34).

tonmin ¼ vmin þ vrefg þ 1=2 ð3:35Þ

tonmax ¼ vmax þ vrefg þ 1=2 ð3:36Þ

vrefg ¼ �ðvmax þ vminÞ=2 ð3:37Þ

Therefore, the shifting voltage is defined as:

vshift ¼ �ðvmax þ vminÞ=2 ð3:38Þ

where vmax is the maximum number from among vag, vbg, vcg and vgg; vmin is the
minimum number from among vag, vbg, vcg and vgg.

The reference voltage of each leg of a two-level four-leg VSI can be calculated
once the shifting voltage has been determined.

vrefx ¼ vxg þ vshift x ¼ a; b; c; g ð3:39Þ

According to (3.28), the output pulses can be generated using the pulse widths
determined by (3.40) for a two-level four-leg VSI.

tonx ¼ vxg þ vshift þ 1=2 x ¼ a; b; c; g ð3:40Þ

3.2.5.4 Simulation Results

The system configuration as shown in Fig. 3.10 is also used to verify the validity of
the direct PWM for the two-level four-leg VSI. One should be reminded that
3DSVM is equivalent to a carried based PWM and it can be implemented by direct
PWM. As a result, only direct PWM is simulated in Table 3.3. The source currents
are shown in Fig. 3.25. The APF began to operate at 0.04 s. The THD of the source
currents reduce from 39.9 to around 5 %. The neutral current drops from 12.1 to
1.65 A. The sampling frequency is 5 kHz, just half of that required by a hysteresis
PWM. When Fig. 3.25 is compared to Fig. 3.17, the results indicate that the current
ripple can be greatly reduced. The detailed comparison of the compensation per-
formance is provided in Table 3.3.
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3.3 Two-Level and Three-Level Three-Leg Center-Split
VSI as Three-Phase Four-Wire Active Power Filters

Three-leg center-split voltage source inverters (VSIs) are proposed for applications
in three-phase four-wire systems [3, 21–23]. The DC capacitor is split to two, so
that the neutral wire of the three-phase four-wire system can be connected to the
inverter. The two-level center-split VSI based APF system configuration is shown
in Fig. 3.26, which can be operated in a three-phase four-wire power system.

However, for the higher voltage power applications, the multi-level VSI
topologies are good alternatives. The multi-level structure not only reduces voltage
stress across the power electronics switches but also provides many more available
vectors. Therefore, it improves harmonic output contents of the VSI by selecting
appropriate switching vectors. The most popular topology is the three-level
neutral-point-clamped (NPC) inverter [24, 25]. Since the dc capacitor is split to two,
this inverter can be used in a three-phase four-wire APF without modification.

Table 3.3 Comparison of compensation performance of four-leg VSI

THDA (%) THDB (%) THDC (%) Neutral currents (A)

Load currents 39.96 39.96 39.96 12.16

Hysteresis PWM 9.06 9.68 9.27 1.75

Direct PWM 5.6 5.34 5.05 1.65
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Fig. 3.25 Source currents before and after APF comparison
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The system configuration of a three-level three-phase four-wire APF is shown in
Fig. 3.27. It is obvious that the traditional three-level neutral point clamped inverter
can be directly applied into three-phase four-wire applications [26] from the
three-phase three-wire systems if and only if a neutral wire is connected as shown in
Fig. 3.27.

3.3.1 Modeling of Three-Leg Center-Split Active Power
Filters

The modeling of the three-leg center-split active power filters is given in this
section. The active power filter can be a two-level or three-level VSI. The equiv-
alent model of the three-level VSI is shown in Fig. 3.28.

From Fig. 3.27, the switching functions are considered as the equivalent swit-
ched devices such as IGBT’s, e.g. in phase A, Sa can be written as:

Sx ¼
1; T1x on; T2x on; T3x off ; T4xoff
0; T1x off ; T2x on; T3x on; T4xoff
�1; T1x off ; T2x off ; T3x on; T4xoff

8<
: ðx ¼ a; b; cÞ ð3:41Þ

There are three cases in one leg of the three-level VSI such as positive, zero or
negative switching function in the equivalent model in Fig. 3.3.
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Fig. 3.26 A three-phase four-wire APF uses a two-level center-split VSI
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(1) If Sa = 1, then S1a = 1, S2a = 0, S3a = 0;
(2) If Sa = 0, then S1a = 0, S2a = 0, S3a = 1;
(3) If Sa = −1, then S1a = 0, S2a = 1, S3a = 0;

It is noticed that Sa, Sb and Sc can be 1, 0 and −1. The boundary condition of S1a,
S2a and S3a is defined as
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T2a T2b T2c
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T4a T4b T4c
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Fig. 3.27 Three-phase four-wire APF uses a three-level three-leg inverter
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S1a þ S2a þ S3a ¼ 1
S1a ¼ 1 or 0; S2a ¼ 1 or 0; S3a ¼ 1 or 0

�
ð3:42Þ

It means that when S1a is equal to 1, then S2a and S3a must be zero. When the
two-level VSI is employed, Sa = 0 is not existed. As a result, the modelling in this
section can be used for both two-level and three-level cases.

According to Fig. 3.28, the relation among the ac-side compensating current icx,
the terminal voltage of the VSI vinvx, the terminal voltages at PCC vx and coupling
inductors Lc can be expressed as (3.43), where x ¼ a; b; c.

Lc
dica
dt ¼ �Rc � ica � vinva þ va

Lc
dicb
dt ¼ �Rc � icb � vinvb þ vb

Lc
dicc
dt ¼ �Rc � icc � vinvc þ vc

8>><
>>: ð3:43Þ

By using the switching functions, the relation between the terminal voltage and
the dc-link voltage can be expressed as:

vinva ¼ S1a � vdcU � S2a � vdcL
vinvb ¼ S1b � vdcU � S2b � vdcL
vinvc ¼ S1c � vdcU � S2c � vdcL

8<
: ð3:44Þ

A general mathematical model of the three-level converter in a three-phase
four-wire system can be established as follows:

Z _X ¼ AXþBU ð3:45Þ

where

A ¼
�Rc 0 0 �S1a S2a
0 �Rc 0 �S1b S2b
0 0 �Rc �S1c S2c

2
64

3
75

X ¼ ica icb icc VdcU VdcL½ �T
B ¼ diag 1 1 1½ �
U ¼ va vb vc½ �
Z ¼ diag Lc Lc Lc½ �

3.3.2 Space Vector Analysis of a Three-Leg
Center-Split VSI

In a three-phase three-wire or three-phase four-wire system, an instantaneous
voltage vector of the VSI, ~v, can be represented by a linear combination of the
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vectors,~na;~nb and~nc, which can form a basis, B ¼ ~na;~nb;~ncf g, for a vector to span
with

~v ¼ Ka~na þKb~nb þKc~nc ð3:46Þ

where Ka;Kb and Kc are scalars.
The three-phase instantaneous voltages of the VSI can be transferred from abc

into αβ0 coordinates in three-phase four-wire systems by the coordinate transfor-
mation matrix as given in (3.47)
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vb
v0

2
4

3
5 ¼

ffiffiffi
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r 1 �1=2 �1=2
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p �
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1
� ffiffiffi
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p

1
� ffiffiffi
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p

1
� ffiffiffi

2
p

2
4

3
5 va

vb
vc

2
4

3
5 ð3:47Þ

Finally, an instantaneous voltage vector of the VSI can be expressed as (3.48).

~v ¼ Ka~na þKb~nb þK0~n0 ð3:48Þ

An instantaneous voltage vector of a three-leg center-split VSI can be repre-
sented by (3.49), where Ka; Kb and K0 are

ffiffiffiffiffiffiffiffi
2=3

p
vdcSa=2; 1

� ffiffiffi
2

p
vdcSb=2 and

1
� ffiffiffi

3
p

vdcS0=2 correspondingly. In (3.49) for simplicity, the upper voltage of the
dc-link of the converter is assumed to be equal to the lower dc voltage of the VSI,
vdcU ¼ vdcL ¼ Vdc=2.

~vcenter�split ¼ vdc
2

ffiffiffi
2
3

r
Sa �~na þ 1ffiffiffi

2
p Sb �~nb þ 1ffiffiffi

3
p S0 �~n0

" #
ð3:49Þ

where Sa ¼ Sa � 1
2 Sb � 1

2 Sc; Sb ¼ Sb � Sc and S0 ¼ Sa þ Sb þ Sc.

3.3.2.1 Two-Level Three-Leg Center-Split VSI

For a two-level three-leg center-split VSI, there are totally eight output voltage
vectors. The parameters of 3D voltage vectors in the a-b-c coordinates and in the α-
β-0 coordinates are given in Table 3.4. The corresponding space vector allocation
in 3D aspect is shown in Fig. 3.29. The vectors ~V2; ~V4; ~V6

� �
and ~V1; ~V3; ~V5

� �
lie

on different horizontal levels and the zero vectors ~V0p; ~V0n
� �

are the directional
vectors pointing in positive and negative zero-axis respectively. The projection of
the space vector allocation on the α-β plane is just the 2D space vector allocations,
as shown in Fig. 3.30.

Based on the defined parameters in Cylindrical or Spherical Coordinates as
given in (2.65), (2.66), (2.67) and (2.68), when Vdc = 2 is assumed, Table 3.5
summarizes two-level three-leg center-split VSI voltage vectors based on its
cylindrical and spherical coordinate parameters. The mark, *, means “undefined” in
the Table.
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Table 3.4 3D voltage vectors of the two-level center-split VSI

Vectors Sa Sb Sc Va Vb Vc Sa Sb S0 Va Vb V0

~V1 1 −1 −1 vdc
2 � vdc

2 � vdc
2 2 0 −1

ffiffi
2
3

q
vdc

0 �1
2
ffiffi
3

p Vdc

~V2 1 1 −1 vdc
2

vdc
2 � vdc

2 1 2 1
ffiffi
1
6

q
vdc

1ffiffi
2

p vdc 1
2
ffiffi
3

p Vdc

~V3 −1 1 −1 � vdc
2

vdc
2 � vdc

2 −1 2 −1 −
ffiffi
1
6

q
vdc

1ffiffi
2

p vdc �1
2
ffiffi
3

p Vdc

~V4 −1 1 1 � vdc
2

vdc
2

vdc
2 −2 0 1 −

ffiffi
2
3

q
vdc

0 1
2
ffiffi
3

p Vdc

~V5 −1 −1 1 � vdc
2 � vdc

2
vdc
2 −1 −2 −1 −

ffiffi
1
6

q
vdc

�1ffiffi
2

p vdc �1
2
ffiffi
3

p Vdc

~V6 1 −1 1 vdc
2 � vdc

2
vdc
2 1 −2 1

ffiffi
1
6

q
vdc

�1ffiffi
2

p vdc 1
2
ffiffi
3

p Vdc

~V00p 1 1 1 vdc
2

vdc
2

vdc
2 0 0 3 0 0

ffiffi
3

p
2 Vdc

~V00n −1 −1 −1 � vdc
2 � vdc

2 � vdc
2 0 0 −3 0 0 � ffiffi

3
p
2 Vdc

α

n0V

p0V

4V 2V

6V

3V

1V
5V

β

0Fig. 3.29 3D space vector
allocation of the two-level
center-split VSI

Fig. 3.30 Voltage space
vector’s allocation in the α-β
frame
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3.3.2.2 Three-Level Three-Leg Center-Split VSI

According to previous discussions in Chap. 2, there are 33 = 27 space vectors for a
three-level three-leg NPC inverter. If all these vectors are located in a
two-dimensional plane, there are total 19 different vectors, since some of the vectors
overlap on the α-β plane. The space vector allocation on the two-dimensional plane
is shown in Fig. 3.31.

Fig. 3.31 Three-level voltage vectors allocation

Table 3.5 Summarizes parameters of two-level voltage vectors for a two-level three-leg
center-split converter

Sa Sb Sc Sα Sβ S0 r θ Z0 ρ ϕ

~V1 1 −1 −1 2 0 −1 1.633 0° −0.577
ffiffiffi
3

p
109.46°

~V2 1 1 −1 1 2 1 1.633 60° 0.577
ffiffiffi
3

p
70.54°

~V3 −1 1 −1 −1 2 −1 1.633 120° −0.577
ffiffiffi
3

p
109.46°

~V4 −1 1 1 −2 0 1 1.633 180° 0.577
ffiffiffi
3

p
70.54°

~V5 −1 −1 1 −1 −2 −1 1.633 240° −0.577
ffiffiffi
3

p
109.46°

~V6 1 −1 1 1 −2 1 1.633 300° 0.577
ffiffiffi
3

p
70.54°

~V0p 1 1 1 0 0 3 0 *
ffiffiffi
3

p ffiffiffi
3

p
0°

~V0n −1 −1 −1 0 0 −3 0 * −
ffiffiffi
3

p ffiffiffi
3

p
180°

The spherical and cylindrical coordinate parameters are given in Table when Vdc = 2
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According to the length of the space vectors, all these 27 vectors are classified to
four groups. When Vdc = 2 is assumed, the detailed lists of the vectors in each
group are provided in the Table 3.6, 3.7, 3.8 and 3.9.

• Zero-vector ~V00p; ~V000; ~V00n
� �

• Small-vector ~V01p; ~V01n; ~V02p; ~V02n; ~V03p; ~V03n; ~V04p; ~V04n; ~V05p~V05n; ~V06p; ~V06n
� �

• Medium-vector ~V12; ~V23; ~V34; ~V45; ~V56; ~V61
� �

• Large-vector ~V1; ~V2; ~V3; ~V4; ~V5; ~V6
� �

If the system has accessible neutral wire, a zero-sequence current component can
exist. It is desired that the load current zero-sequence component can be com-
pensated by the active power filter or by the unbalance current compensator. In
these cases, the zero-sequence current component, as well as the other components,
must be controlled. The zero-sequence output of the voltage vectors are also pro-
vided in Tables 3.6, 3.7, 3.8 and 3.9. Figure 3.32 shows the voltage space vector in
the α-β-0 frame.

Table 3.6 Zero vectors

Sa Sb Sc Sα Sβ S0 r θ Z0 ρ ϕ

~V000 0 0 0 0 0 0 0 * 0 0 *

~V00p 1 1 1 0 0 3 0 *
ffiffiffi
3

p ffiffiffi
3

p
0	

~V00n −1 −1 −1 0 0 −3 0 * −
ffiffiffi
3

p ffiffiffi
3

p
180	

Remark: “*” means “unavailable”

Table 3.7 Small vectors

Sa Sb Sc Sα Sβ S0 r h Z0 q /

~V01p 1 0 0 1 0 1 0.816 0	 0.577 1 54:76	

~V01n 0 −1 −1 1 0 −2 0.816 0	 −1.155
ffiffiffi
2

p
144:76	

~V02p 1 1 0 0.5 1 2 0.816 60	 1.155
ffiffiffi
2

p
35:24	

~V02n 0 0 −1 0.5 1 −1 0.816 60° −0.577 1 125.24°

~V03p 0 1 0 −0.5 1 1 0.816 120° 0.577 1 54.76°

~V03n −1 0 −1 −0.5 1 −2 0.816 120	 −1.155
ffiffiffi
2

p
144:76	

~V04p 0 1 1 −1 0 2 0.816 180	 1.155
ffiffiffi
2

p
35:24	

~V04n −1 0 0 −1 0 −1 0.816 180	 −0.577 1 125:24	

~V05p 0 0 1 −0.5 −1 1 0.816 240	 0.577 1 54:76	

~V05n −1 −1 0 −0.5 −1 −2 0.816 240	 −1.155
ffiffiffi
2

p
144:76	

~V06p 1 0 1 0.5 −1 2 0.816 300	 1.155
ffiffiffi
2

p
35:24	

~V06n 0 −1 0 0.5 −1 −1 0.816 300	 −0.577 1 125:24	
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Table 3.8 Medium vectors

Sa Sb Sc Sα Sβ S0 r h Z	 q /

~V12 1 0 −1 1.5 1 0
ffiffiffi
2

p
30° 0

ffiffiffi
2

p
90°

~V23 0 1 −1 0 2 0
ffiffiffi
2

p
90	 0

ffiffiffi
2

p
90	

~V34 −1 1 0 −1.5 1 0
ffiffiffi
2

p
150	 0

ffiffiffi
2

p
90	

~V45 −1 0 1 −1.5 −1 0
ffiffiffi
2

p
210	 0

ffiffiffi
2

p
90	

~V56 0 −1 1 0 −2 0
ffiffiffi
2

p
270	 0

ffiffiffi
2

p
90	

~V61 1 −1 0 1.5 −1 0
ffiffiffi
2

p
330	 0

ffiffiffi
2

p
90	

Table 3.9 Large vectors

Sa Sb Sc Sα Sβ S0 r h Z0 q /

~V1 1 −1 −1 2 0 −1 1.633 0	 −0.577
ffiffiffi
3

p
109:46	

~V2 1 1 −1 1 2 1 1.633 60	 0.577
ffiffiffi
3

p
70:54	

~V3 −1 1 −1 −1 2 −1 1.633 120	 −0.577
ffiffiffi
3

p
109:46	

~V4 −1 1 1 −2 0 1 1.633 180	 0.577
ffiffiffi
3

p
70:54	

~V5 −1 −1 1 −1 −2 −1 1.633 240	 −0.577
ffiffiffi
3

p
109:46	

~V6 1 −1 1 1 −2 1 1.633 300	 0.577
ffiffiffi
3

p
70:54	

2V

12V

6V

5V

4V

3V

1V

pV01

61V
56V

45V

34V
23V

pV06

pV05

pV04

pV03

pV02

nV01

nV06

nV05

nV04

nV03

nV02

pV00

nV00

Fig. 3.32 Space vector
allocation in the α-β-0 frame
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According to the values of the zero-sequence component of each vector, the total
of 27 vectors can be classified to three groups.

• Z0 > 0: ~V00p; ~V02p; ~V04p; ~V06p
� �

and ~V01p; ~V2; ~V03p; ~V4; ~V05p; ~V6
� �

• Z0 = 0: ~V000 and ~V12; ~V23; ~V34; ~V45; ~V56; ~V61
� �

• Z0 < 0: ~V00n; ~V01n; ~V03n; ~V05n
� �

and ~V1; ~V02n; ~V3; ~V04n; ~V5; ~V06n
� �

There are seven voltage levels or units in zero-axis, which are {
ffiffiffi
3

p
, 1.155,

0.577, 0, −0.577, −1.155, � ffiffiffi
3

p
} when Vdc = 2. All the medium vectors,

~V12; ~V23; ~V34; ~V45; ~V56; ~V61
� �

, locate on the horizontal plane of Z0 = 0, form a
hexagon, just like the space vector allocation of a two-level VSI. The current
injecting to the system neutral wire is zero when the output vector of the three-level
NPC inverter locates on this plane. As a result, the neutral current is not
compensated.

When Z0 > 0, there are three levels, as shown in Fig. 3.32. The vector~V00p has the
highest zero-sequence output in which the outputs on the α-axis and β-axis are zero.
For the other two levels, vectors ~V02p; ~V04p; ~V06p

� �
and ~V01p; ~V2; ~V03p; ~V4; ~V05p; ~V6

� �
can be utilized respectively. They are able to provide the zero-sequence output and
provide compensation on the α-axis and β-axis simultaneously.

When Z0 < 0, there are also three levels and the space vector allocation just
symmetrical to the vectors when Z0 > 0. In addition, there is one vector ~V000, which
has zero output on the α-axis, β-axis and zero-axis.

3.3.3 Three-Dimensional Sign-Cubical Hysteresis PWM

3.3.3.1 Basic Control Strategy

In this section, a control strategy for the three-level VSI in a three-phase four-wire
system is described by the Sign Cubical Hysteresis Current Controller or the Sign
Rectangular Bar Hysteresis Current Controller [26]. The basic concept of this
control strategy is explained in Fig. 3.33. The hysteresis limits of Δα, Δβ and Δ0
can be equal to each other (Δα = Δβ = Δ0) so as to make use of the cubical control
technique, however, they may not be equal to each other so that rectangular bar
control hysteresis strategy is employed. The injected current of the three-level VSI
is detected and transformed from a-b-c frame into α-β-0 frame.

The difference between the reference tracking current (~i�cab0) and the actual

compensating current (~icab0) between the VSI and the point of common coupling
terminal will be the control signal (D~icab0) for the controller to control the action of
the VSI.
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D~icab0 ¼~i�cab0 �~icab0 ð3:50Þ

There are three voltage levels {1, 0, −1} in three-level VSI so that the sign of
triggering pulses is an important parameter in tracking the reference current so as to
choose the correct vectors.

When the reference compensating signal i�cx and the actual compensating current
icx are compared, three directions can be defined.

• If i�cx [ icx þDe(x = α, β, 0) the compensating direction is defined as +1;
• If icx � De\i�cx\icx þDe (x = α, β, 0), the compensating direction is defined

as 0;
• If i�cx\icx � De (x = α, β, 0), the compensating direction is defined as −1.

When the difference between the reference signal and actual input signal is larger
than the hysteresis band value, the output voltage of this leg is triggered to a
positive or, vice versa, to a negative level. However, when the difference is less than
the hysteresis band value, there will be the zero level. According to the direction of
the current compensating requirement, the output voltage vectors of the three-level
VSI can be selected among the 27 available output voltage vectors.

3.3.3.2 Switching Tables and Selection

The compensating direction of each output vector of the three-level VSI is sum-
marized in the Table 3.10. In order to select the proper output vector of the
three-level VSI to achieve the required compensation target, more detailed infor-
mation about the space vector is provided hereinafter.

(1) Vector-Pairs
In Table 3.10 that there are six pairs of vectors, of which two vectors have the
same compensation direction. The six pairs are listed in Table 3.11.
When the required compensating direction is the same as the direction of the
vectors of one pair, one vector has to be chosen from these two vectors.
Although the two vectors have the same directions, their amplitudes in each

0

+-

+ 0

- 0

+
-

Fig. 3.33 Concept of sign
cubical hysteresis control
strategy
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direction are different. The output of the pair vectors on the α–β plane and in
the zero-axis can be found in the Tables 3.7 and 3.9. The amplitude com-
parison of vector pair is listed in Table 3.12, in which it is assumed Vdc = 2,
Vdcu = VdcL = 1.
It shows that the vector from the large vector group contributes more in the
α–β frame, but provides less output in the zero-axis. The vector from the small
vector group provides higher zero-axis compensation capability, but its output
in the α–β frame is smaller. When one vector is chosen from these

Table 3.10 Compensation directions of the three-dimensional space vectors

Sa Sb S0 Sα Sβ S0
Large
vectors

~V1ð1;�1;�1Þ + 0 – Small
vectors

~V01pð1; 0; 0Þ + 0 +

~V2ð1; 1;�1Þ + + + ~V01nð0;�1;�1Þ + 0 –

~V3ð�1; 1;�1Þ – + – ~V02pð1; 1; 0Þ + + +

~V4ð�1; 1; 1Þ – 0 + ~V02nð0; 0;�1Þ + + –

~V5ð�1;�1; 1Þ – – – ~V03pð0; 1; 0Þ – + +

~V6ð1;�1; 1Þ + – + ~V03nð�1; 0;�1Þ – + –

Medium
vectors

~V12ð1; 0;�1Þ + + 0 ~V04pð0; 1; 1Þ – 0 +

~V23ð0; 1;�1Þ 0 + 0 ~V04nð�1; 0; 0Þ – 0 –

~V34ð�1; 1; 0Þ – + 0 ~V05pð0; 0; 1Þ – – +

~V45ð�1; 0; 1Þ – – 0 ~V05nð�1;�1; 0Þ – – –

~V56ð0;�1; 1Þ 0 – 0 ~V06pð1; 0; 1Þ + – +

~V61ð1;�1; 0Þ + – 0 ~V06nð0;�1; 0Þ + – –

Zero vectors ~V00pð1; 1; 1Þ 0 0 +

~V00nð�1;�1;�1Þ 0 0 –

~V000ð0; 0; 0Þ 0 0 0

Table 3.11 Vector pair in
the same direction

Sα Sβ S0 Large vectors Small vectors

1 + 0 – ~V1 ~V01n

2 + + + ~V2 ~V02p

3 – + – ~V3 ~V03n

4 – 0 + ~V4 ~V04p

5 – – – ~V5 ~V05n

6 + – + ~V6 ~V06p

Table 3.12 Amplitude
comparison of vector-pair

Vab V0

~V1; ~V2; ~V3; ~V4; ~V5; ~V6 1.633 0.577

~V01n; ~V02p; ~V03n; ~V04p; ~V05n; ~V06p 0.816 1.154
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pair-vectors, the error amplitude of
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
Diað Þ2 þ Dib

� �2q
is compared with Di0,

the largest one is chosen so that the vector can be determined from those
pair-vectors to reduce error.

(2) Special Vectors
The number of available output vectors of a three-level inverter is limited. For
the required compensation direction in Table 3.13, no vector can satisfy the
requirement of all the three directions. The vector that is used can only satisfy
the requirement in one or two directions. As a result, errors are introduced in
the remained direction. In Table 3.13, four possible selective vectors are listed
for each case. For example, when the required compensation direction is
Sα > 0, Sβ = 0 and S0 = 0, the vector can be selected from, ~V1; ~V12; ~V01p or
~V01n. The output of those four vectors can be found in Table 3.6, 3.7, 3.8, 3.9,
which are
~V1 ¼ Sa; Sb; S0

� � ¼ 2 0 �1f g; ~V12 ¼ Sa; Sb; S0
� � ¼ 1:5 1 0f g,

~V01P ¼ Sa; Sb; S0
� � ¼ 1 0 1f g and ~V01n ¼ Sa; Sb; S0

� � ¼ 1 0 �2f g.
Their outputs in three directions are different. ~V1 provides the highest
improvement in α-axis and introduces error in the zero-axis. Based on the
regulation that the compensation on the α-β plane is put on a higher priority,
~V1 is selected among those vectors. In other cases shown in Table 3.13, the
vector from the first column is selected.

(3) Final Table:
There are totally 27 possible combinations in three-level VSI. Table 3.14 lists
the final switching table in the sign-cubic hysteresis PWM. The control
scheme is shown in Fig. 3.34. The sign of the Sa; Sb; S0 are important
parameters to determine the voltage vector. When the sign is positive or
negative, it means that the signal is larger than the hysteresis limit. When it is
zero, the error signal is within the hysteresis limit. According to Table 3.14,
the switching sequence for the three-level VSI can be determined uniquely.

3.3.3.3 Simulation Results

The simulation is performed by MATLAB/Simulink. The system configuration is
shown in Fig. 3.27, which is a three-phase four-wire active power filter using a

Table 3.13 Special vectors Sa Sb S0 Possible selection vectors

1 + 0 0 ~V1 ~V12 ~V01p ~V01n

2 – 0 0 ~V4 ~V45 ~V04p ~V04n

3 0 + + ~V23 ~V00p ~V02p ~V03p

4 0 + – ~V23 ~V00n ~V02n ~V03n

5 0 – – ~V56 ~V00n ~V06n ~V05n

6 0 – + ~V56 ~V00p ~V06p ~V05p
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three-level VSI. The sampling frequency to determine the output vector of the
three-level VSI is 20 kHz. This is also the upper-limit of the switching frequency
for each power switch. The actual switching frequency is lower than this value since
the output vector may not be changed in every period. The selected hysteresis band
affects the actual switching frequency. Larger hysteresis band leads to lower
switching frequency and vice versa.

Table 3.14 Final table

Sα Sβ S0 Sa Sb Sc Sα Sβ S0 Sa Sb Sc Sa Sb Sc
1 + + – 0 0 −1 15 0 0 0 0 0 0

2 + − − 0 −1 0 16 + 0 0 1 −1 −1

3 − + + 0 1 0 17 − 0 0 −1 1 1

4 − − + 0 0 1 18 0 + + 0 1 −1

5 + + 0 1 0 −1 19 0 + − 0 1 −

6 + − 0 1 −1 0 20 0 − − 0 −1 1

7 − + 0 −1 1 0 21 0 − + 0 −1 1

8 − − 0 −1 0 1 Larger Vab Larger V0

9 0 + 0 0 1 −1 22 + + + 1 1 −1 1 1 0

10 0 − 0 0 −1 1 23 + − + 1 −1 1 1 0 1

11 + 0 + 1 0 0 24 − + − −1 1 −1 −1 0 −1

12 − 0 − −1 0 0 25 − − − −1 −1 1 −1 −1 0

13 0 0 + 1 1 1 26 + 0 − 1 −1 −1 0 −1 −1

14 0 − − −1 −1 −1 27 − 0 + −1 1 1 0 1 1

Fig. 3.34 Control scheme of 3D sign-cubic hysteresis PWM
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Figure 3.35 shows the current waveforms before compensation. The current
after compensation is shown in Fig. 3.36. Results indicate that the 3D sign-cubic
hysteresis PWM can control the three-level inverter to achieve a satisfying result in
a three-phase four-wire active power filter.

3.3.4 Three-Dimensional Cylindrical Coordinate PWM

The main drawbacks of the sign cubical hysteresis control strategy are as follows:

• The special vectors divert one improvement in one direction and give dedicated
error in another direction.

• Switching frequency is relatively high and random.
• The compensated results may be unstable due to the overcompensation or

under-compensation when the switching frequency is fixed and the results are
easy to be affected by the system’s parameters.

In this section, the cylindrical coordinate control 3DPWM is adopted for
reducing the switching frequency and eliminating special vector effects defined in
the last section. In this PWM method, the reference voltage vector is used to
determine the output vector of the VSI instead of the current reference used in the
3D sign-cubic hysteresis PWM. The voltage reference can be calculated according

Fig. 3.35 Load currents without compensation

Fig. 3.36 Current waveforms after compensation
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to the required current reference as discussed in Sect. 3.2.2. The 3D space vectors
in the cylindrical coordinates are analyzed first before the cylindrical coordinate
control of 3DPWM [10] is discussed.

3.3.4.1 Cylindrical Coordinate Voltage Vectors

In 3D aspect, voltage vectors can be expressed in rectangular, cylindrical or

spherical coordinates. In the rectangular coordinate, na
!
; nb
!
; n0
!n o

form a basis and

they are orthogonal to each other such that n0
! � na! ¼ n0

! � nb! ¼ na
! � nb! ¼ 0. The

instantaneous voltage vector can also be expressed as

~v ¼ va � na! þ vb � nb! þ v0 � n0! ð3:51Þ

where va ¼ Vdc=2 � Za; vb ¼ Vdc=2 � Zb and v0 ¼ Vdc=2 � Z0.
The parameters describing the rectangular coordinate are Za; Zb; Z0 and the

amplitude q is expressed as (3.52).

q ¼
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
Z2
a þ Z2

b þ Z2
0

q
ð3:52Þ

where Za ¼
ffiffi
2
3

q
Sa; Zb ¼ 1ffiffi

2
p Sb; Z0 ¼ 1ffiffi

3
p S0 and

Sa ¼ Sa � 1
2
Sb � 1

2
Sc

Sb ¼ Sb � Sc
S0 ¼ Sa þ Sb þ Sc

In cylindrical coordinate, each point in the 3D space is denoted by three
parameters, r; h; z0f g, as shown in Fig. 3.37. The corresponding definitions for each
parameter are given in (3.53) to (3.55). The values of these parameters for each
vector of a three-level VSI are also listed in Table 3.6, 3.7, 3.8, 3.9.

r ¼
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
Z2
a þ Z2

b

q
ð3:53Þ

h ¼ tan�1 Zb
Za

� 	
ð3:54Þ

Z0 ¼ 1ffiffiffi
3

p S0 ð3:55Þ
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3.3.4.2 Switching Tables for the Cylindrical Coordinate PWM

After the reference voltage vector and the space vectors of the three-level VSI are
expressed in the cylindrical coordinates, switching tables are designed for selecting
the proper output vector for the three-level VSI so that the required output voltage
of the VSI can be generated. (3.56) and (3.57) are the polar voltage value and polar
angle respectively.

vr ¼
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
Z2
a þ Z2

b

q
ð3:56Þ

hr ¼ tan�1 Zb
Za

� 	
ð3:57Þ

The switching tables are designed according to the nearest voltage vector in four
different cases. It is assumed that the voltage is normalized by
vdcU = vdcL = vdc/2 = 1. The zero sequence of the reference voltage vector v0 equals
to the Z0 in the cylindrical coordinates. There are four values of vr for the output
voltage vector r 2 f0:816; 1:414; 1:633g. As a result, four switching tables are
classified according to the polar voltage value vr.

Case 1: Very Small Polar Voltage, vr
When the normalized polar voltage is within vr 2 0; 0:408f g, it is not necessary

to compensate the α-axis and β-axis components. Only zero voltage compensation
is considered and one zero voltage vector is activated. The zero voltage vectors
include v*00p; v

*

000 and v*00n. If v0 2 �0:866; 0:866f g; v*000 is chosen. When

v0 < −0.866, v*00n is used. When v0 > 0.866, v*00p is activated. When the required
polar voltage is within 0; 0:408f g and no matter what the polar angle hr is, the
output voltage vector is selected according to Table 3.15.

0

Fig. 3.37 Cylindrical
coordinate

Table 3.15 Very small vr—zero vectors

vrj j 2 0; 0:408f g v0\� 0:866 v0 2 �0:866; 0:866f g v0 [ 0:866

Any h ~V00n ¼ ½�1 �1 �1� ~V000 ¼ ½ 0 0 0� ~V00p ¼ ½ 1 1 1�
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Case 2: Small Polar Voltage, vr
When vr 2 0:408; 1:115f g, the small polar voltage is defined, in this case, polar

angle hr and zero voltage v0 also affect the selection of the output voltage vector of
the VSI. Referring to the Table 3.7 and Fig. 3.32, the vectors
~v01p;~v02p;~v03p;~v04p;~v05p and ~v06p are allocated in the positive zero axis although
there are two different zero levels. The zero-sequence output of the vectors~v02p;~v04p
and~v06p are higher than that of the vectors~v01p;~v03p and~v05p. On the other hand,
there are vectors ~v01n;~v02n;~v03n;~v04n;~v05n and ~v06n allocated in the negative zero
axis. In this small polar voltage case, the nearest polar voltage vector is chosen so
that when the polar angle of the reference voltage is within hr 2 330	; 30	f g, one
output vector is selected from ~v01p and ~v01n according to the zero-sequence direc-
tion. If the zero voltage v0 is positive, ~v01p can be activated. Otherwise, ~v01n is
chosen. According to the above consideration, Table 3.16 is defined.

Case 3: Medium Polar Voltage vr
When vr 2 1:115; 1:524f g, the required polar voltage is defined as medium

polar voltage. From Fig. 3.32, it is noticed that the medium voltage vectors are
allocated on the zero voltage level. The medium vectors ~v12;~v23;~v34;~v45;~v56;~v61f g
are laid on the α-β plane. The medium vectors do not provide compensation
capability on the zero-axis. The output voltage vector is chosen according to the
polar angle when the zero-axis voltage locates in the range of
v0 ¼ �0:289; 0:289f g. The switching table for the voltage vectors is given in
Table 3.17. However, when the zero-axis voltage of the reference voltage vector is
large, the zero voltage vectors are chosen instead. The zero voltage error is forced to
be reduced first and reaches a small value, e.g. 0.289. Then, medium voltage
vectors are activated. According to the above logic, Table 3.17 is defined for
medium required voltage. Referring to above section, the Sign Cubical Hysteresis
Control Strategy can reduce the error in one direction but it can increase or dedicate
the error in another direction. There is no perfectly matched vector in all α, β and 0
frames in Sign Cubical Hysteresis Control. However, in this proposed strategy, the
error can be reduced in one direction but it cannot inject the error in another.

Case 4: Large Polar Voltage, vr
When vr > 1.524, large voltage and small voltage vectors are chosen to

approximate the reference voltage vector. Large voltage vectors are preferred since

Table 3.16 Smal vr—small vectors

vrj j 2 0:408; 1:115f g v0 
 0 v0\0

h 2 330	; 30	f g ~V01p ¼ ½ 1 0 0� ~V01n ¼ ½ 0 �1 �1�
h 2 30	; 90	f g ~V02p ¼ ½ 1 1 0� ~V02n ¼ ½ 0 0 �1�
h 2 90	; 150	f g ~V03p ¼ ½ 0 1 0� ~V03n ¼ ½�1 0 �1�
h 2 150	; 210	f g ~V04p ¼ ½ 0 1 1� ~V04n ¼ ½�1 0 0�
h 2 210	; 270	f g ~V05p ¼ ½ 0 0 1� ~V05n ¼ ½�1 �1 0�
h 2 270	; 330	f g ~V06p ¼ ½ 1 0 1� ~V06n ¼ ½ 0 �1 0�
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they have better compensation capability. However, there are limited numbers of
large vectors that can be supplied in a three-level VSI. Small voltage vectors are
chosen instead when the polar angle and zero-axis voltage locates in certain range.
As a result, the nearest polar voltage vector is chosen in a three-level VSI case
according to the reference voltage vector. The switching table is designed and is
given in Table 3.18

From the above discussion, the polar voltage vr, polar angle hr, and zero voltage
v0 are the parameters to design the activated vector. Those three parameters are
dedicated to represent a 3D vector in cylindrical coordinate. As there are limited
number of supplied voltage vectors by a three-level VSI, the nearest polar vector is
chosen according to the polar voltage amplitude, polar angle and zero voltage value
of the reference voltage vector. The block diagram for the 3D cylindrical coordinate
PWM is shown in Fig. 3.38

3.3.4.3 Simulation Results

The simulation is performed by MATLAB/SIMULINK as the power quality
compensator with a fixed switching frequency. A simulation test is performed by
applying cylindrical coordinate control of a 3-D pulse width modulation in a
three-phase four-wire active power filter, in which a three-level VSI is used.
Figure 3.39 shows the nonlinear load current before the compensation. The current
unbalance, harmonic and neutral currents needed to be compensated. Figure 3.40

Table 3.17 Medium vr—medium and zero vectors

vrj j 2 1:115; 1:524f g v0\�0:289 �0:289� v0 � 0:289 v0 [ 0:289

h 2 0	; 60	f g ~V00n ¼ ½�1 �1 �1� ~V12 ¼ 1 0 �1½ � ~V00p ¼ ½ 1 1 1�
h 2 60	; 120	f g ~V00n ¼ ½�1 �1 �1� ~V23 ¼ 0 1 �1½ � ~V00p ¼ ½ 1 1 1�
h 2 120	; 180	f g ~V00n ¼ ½�1 �1 �1� ~V34 ¼ �1 1 0½ � ~V00p ¼ ½ 1 1 1�
h 2 180	; 240	f g ~V00n ¼ ½�1 �1 �1� ~V45 ¼ �1 0 1½ � ~V00p ¼ ½ 1 1 1�
h 2 240	; 300	f g ~V00n ¼ ½�1 �1 �1� ~V56 ¼ 0 �1 1½ � ~V00p ¼ ½ 1 1 1�
h 2 300	; 360	f g ~V00n ¼ ½�1 �1 �1� ~V61 ¼ 1 �1 0½ � ~V00p ¼ ½ 1 1 1�

Table 3.18 Large vr—large
and small vectors

vrj j[ 1:524 v0 
 0 v0\0

h 2 330	; 30	f g ~V01p ¼ 1 0 0½ � ~V1 ¼ 1 �1 �1½ �
h 2 30	; 90	f g ~V2 ¼ 1 1 �1½ � ~V02n ¼ 0 0 �1½ �
h 2 90	; 150	f g ~V03p ¼ ½ 0 1 0� ~V3 ¼ �1 1 �1½ �
h 2 150	; 210	f g ~V4 ¼ �1 1 1½ � ~V04n ¼ ½�1 0 0�
h 2 210	; 270	f g ~V05p ¼ ½ 0 0 1� ~V5 ¼ �1 �1 1½ �
h 2 270	; 330	f g ~V6 ¼ 1 �1 1½ � ~V06n ¼ ½ 0 �1 0�
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shows the source currents after compensation. It is obvious that the 3D cylindrical
coordinate PWM could control the APF to reduce the harmonic spectrum and to
compensate the reactive and unbalance currents with eliminating neutral current as
well.

Fig. 3.38 Control block diagram of the cylindrical coordinate PWM

Fig. 3.39 Load current before compensation
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3.3.4.4 Comparison of 3D Sign Cubical Hysteresis and Cylindrical
Coordinate PWM

The performance of 3D sign cubical hysteresis control and cylindrical coordinate
PWM are compared in this section. The performance indices are proposed in (3.58)
to (3.61) in order to compare the performance of the above two 3D PWM methods.
The indices Jα, Jβ and J0 are the average absolute error in the α, β and 0 frames of
one period. The index, Jαβ0 is the sum of all absolute mean error. The performance
is better when the value of the indices is smaller.

Ja ¼ 1
T

ZT
0

Diaj jdt ð3:58Þ

Jb ¼ 1
T

ZT
0

Dib
 dt ð3:59Þ

J0 ¼ 1
T

ZT
0

Di0j jdt ð3:60Þ

Jab0 ¼ 1
T

ZT
0

Diaj j þ Dib
 þ Di0j j� �

dt ð3:61Þ

Figures 3.41 and 3.42 show the waveforms of Dia;Dib and Di0 by 20 kHz sign
cubical control and 10 kHz cylindrical coordinate PWM for compensation
respectively. Table 3.19 summarizes the values obtained by the simulation
according to the proposed performance indices and total harmonics distortion

Fig. 3.40 Source current after compensation
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(THD) of compensated current waveforms in phase a, b and c. Comparing the THD
values of the line currents, the performance of 10 kHz Cylindrical Coordinate
Control is better than that of the 20 kHz Sign Cubical by about 37 % in average. On
the other hand, there are respectively around 79.12 and 84.95 % improvement in
the value of Jαβ0 in the Sign Cubical Control and the Cylindrical Coordinate
Control. Checking the values of Jα, Jβ and J0, the compensated improvement is
almost the same inα, β and 0 axes of the Sign Cubical. However, there is better
improvement in the zero-axis by the Cylindrical Coordinate Control Strategy.

Fig. 3.41 Variation of
performance indices for the
20 kHz 3D sign cubical
hysteresis PWM

Fig. 3.42 Variation of
performance indices for the
10 kHz cylindrical coordinate
PWM
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3.3.5 Three-Dimensional Space Vector Modulation

The basic Three-Dimensional Space Vector Modulation (3DSVM) for a two-level
inverter is given in Section A and then the corresponding generalized SVM for a
three-level inverter is discussed in Section B.

3.3.5.1 Basic 3D Two-Level Space Vector Modulation

The Space Vector Modulation is based on the volt-second approximation. However,
in the 3DSVM of a two-level three-leg centre-split VSI, all the eight vectors con-
tribute to the zero-sequence compensation, which is different from the conventional
2DSVM. In 3DSVM [27], the volt-second reference can be approximated by a
sequence of volt-second states as given in (3.62) and (3.63).

~Vref TS ¼ ~Vxtx þ~Vyty þ~V0t0 þ~Vzerotzero ð3:62Þ

tzero ¼ TS � tx � ty � t0 ð3:63Þ

The vectors, ~Vx; ~Vy and ~V0, are chosen as they are the neighboring vectors of
reference vector on α-β plane. The neighboring vectors on the apex of the hexagon,
as shown in Fig. 3.30, have the property that when the output of the inverter
changes from one vector to another neighboring one, only the switching state of one
leg needs to be changed accordingly. Based on this property, the optimum
switching sequence scheme can be implemented and the output harmonics of the
inverter can be reduced. However, the vectors, ~Vx and ~Vy, contribute to zero
sequence component as well as the α-β plane compensation to the reference vector.
The vector ~V0 contributes to the zero sequence compensation only and can be
chosen according to the required zero-axis or the neutral current compensating
component. The product of ~Vzerotzero should be equal to zero in the sense that tzero is
the redundant time in one compensation period. In the case of over-modulation, tzero
is equal to zero.

Table 3.19 Comparison of 3D PWM performance

Comparison of 3D PWM
performance

Without
compensation

3D sign cubical
hysteresis
PWM 20 kHz

3D cylindrical
coordinate
PWM 10 kHz

THD of phase a current (%) 30.47 11.82 7.17

THD of phase b current (%) 32.22 10.40 5.72

THD of phase c current (%) 41.47 8.49 6.26

Jα 15.59 3.06 2.25

Jβ 12.13 3.09 3.39

J0 18.67 3.50 1.34

Jαβ0 46.39 9.69 6.98
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Actually, the reference vector ~Vref can be described in three-dimensional aspect
as shown in Fig. 3.43:

V
*

ref ¼ V
*

an
*

a þV
*

bn
*

b þV
*

0n
*

0 ð3:64Þ

The formula for calculating the switching time tx, ty and t0 can be expressed in a
general form (3.65). The matrix [Ag] can be expressed in six forms according to the
sector location of reference vector ~Vref . After the sector location of ~Vref is detected
in Fig. 3.30, the corresponding section location value “g” can be determined.

Vref
� � ¼ m Ag

� �
txy0
� �

g ¼ I; II; III; IV;Vor VI:

AI ¼
1 cos 60	 0

0 sin 60	 0

�C cos k C cos k C

2
64

3
75AII ¼

cos 60	 � cos 60	 0

cos 30	 cos 30	 0

C cos k �C cos k C

2
64

3
75AIII ¼

� cos 60	 �1 0

cos 30	 0 0

�C cos k C cos k C

2
64

3
75

AIV ¼
�1 � cos 60	 0

0 � cos 30	 0

C cos k �C cos k C

2
64

3
75AII ¼

� cos 60	 cos 60	 0

� cos 30	 � cos 30	 0

�C cos k C cos k C

2
64

3
75AIII ¼

cos 60	 1 0

� cos 30	 0 0

C cos k �C cos k C

2
64

3
75

ð3:65Þ

where m ¼ 2�
ffiffi
2
3

p
�Vdc

Ts
;C ¼ 3

2� ffiffi2p and k ¼ 70:54	.
In a conventional two-dimensional pulse width modulation technique, among

the eight available voltage vectors, there are 6 directional vectors and 2 zero vec-
tors, ~Vop and ~Von. Since no injecting action is performed by choosing ~Vop or ~Von,
either of these two zero vectors can be substituted as a net zero vector, ~Vzero ¼ 0.
And sometimes both of the two vectors are chosen according to the requirement of
the sequence scheme. However, in 3D two-level center-split VSI system, there are 8
directional vectors corresponding to 8 available vectors. When referred to Fig. 3.29,

Fig. 3.43 The decomposition
of reference voltage vector in
3D
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those vectors, ~Vop and ~Von, are not zero. In 3DPWM, these two vectors are dedi-
cated as the zero-axis voltage components in the positive or negative direction and
they are used to compensate neutral current in a three-phase four-wire system. The
issue of ~Vzerotzero can be solved by the exercise of the same amount of switching
times, top ¼ ton, so that the approximated procedure for ~Vzeortzero ¼ 0 can be
obtained as:

~Voptop þ~Vonton � ~Vzerotzero � 0 ð3:66Þ

Furthermore, according to the compensation requirement, ~Von is activated for
negative zero-current injection into the neutral wire and ~Vop is activated for positive
zero-current injection so that top 6¼ ton may occur for the neutral current compen-
sation. In general, Eq. (3.62) should be replaced by (3.67).

~Vref Ts ¼ ~Vxtx þ~Vyty þ~Vonton þ~Voptop ð3:67Þ

The switching times are calculated under two conditions: Under Modulation and
Over-Modulation.

Case 1: Under Modulation
After tx, ty, and t0 are obtained from Eq. (3.65), t0p and t0n in Eq. (3.67) can be

decided accordingly. The consideration of ~Vzerotzero is taken as an actual null, i.e.,
there must be null output in all axes.

Positive Zero Vector is required in:

top ¼ t0 þ tzero
2

ton ¼ tzero
2

�
ð3:68Þ

Whereas, negative Zero Vector is required in:

top ¼ tzero
2

ton ¼ t0 þ tzero
2

�
ð3:69Þ

Case 2: Over-modulation
In the case of over-modulation, the switching times t0x; t

0
y and t00 are simply

computed from the original voltage vector and then modified according to the
geometrical relationship assuming that tzero = 0.

t0x ¼
tx

tx þ ty þ t0
Ts ð3:70Þ

t0y ¼
tx

tx þ ty þ t0
Ts ð3:71Þ
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Positive Zero Vector is required in:

t00 ¼ top ¼ t0
tx þ ty þ t0

Ts
ton ¼ tzero ¼ 0

�
ð3:72Þ

While negative Zero Vector is required in:

t00 ¼ ton ¼ t0
tx þ ty þ t0

Ts
top ¼ tzero ¼ 0

�
ð3:73Þ

The control scheme of 3DSVM for a shunt power quality compensator is shown
in Fig. 3.44. The determination of the instantaneous reference current for com-
pensation is discussed by the Generalized Instantaneous Reactive Power Theory
[14] for a three-phase four-wire system.

A simulation is performed. Figure 3.45 shows the nonlinear load current before
the compensation. The current unbalance, harmonic and neutral currents needed to
be compensated. Figure 3.46 shows the source currents after compensation. It is
obvious that the 3DSVM could control the APF to reduce the harmonic spectrum
and compensate the reactive and unbalance currents with eliminating neutral current
as well. The switching frequency is 5 kHz. Table 3.20 shows the performance
comparison between the Cylindrical Coordinate PWM and the SVM. The results
show that the 3DSVM has better performance at the same switching frequency.

Load
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Fig. 3.44 Control scheme of 3DSVM
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3.3.5.2 Generalized Three-Level SVM

A 3DSVM is proposed for a three-level three-leg NPC inverter [9]. When the
three-level three-leg VSI is applied to a three-phase four-wire system, the neutral
wire is connected to the mid-point of the dc bus. In the following, all the voltage
vectors are represented in per unit, i.e., normalized by vdcU = vdcL = vdc/2 = E, so
that the output voltage of each leg has the same value as the switching function Sj.
The dc voltage unbalance between the upper and lower capacitor of the three-leg

Fig. 3.45 Load current before compensation

Fig. 3.46 Source current after compensation

Table 3.20 Comparison of cylindrical PWM and SVM performance

Comparison of 3D PWM
performance

Without
compensation

3D cylindrical coordinate
PWM 5 kHz

3D SVM
5 kHz

THD of phase a current (%) 30.47 10.42 6.38

THD of phase b current (%) 32.22 10.01 6.05

THD of phase c current (%) 41.47 6.67 6.89

Jα 15.59 2.64 1.84

Jβ 12.13 5.58 3.05

J0 18.67 2.81 2.39

Jαβ0 46.39 9.03 7.28
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center-split VSI is not considered here, but the dc upper and lower voltage
unbalance and its control are discussed in Sect. 3.3.6. The output voltage of each
phase can be expressed as:

vx ¼ Sx; x ¼ a; b; c ð3:74Þ

A. Decomposition of Reference Voltage Vector

The normalization facilitates the following steps in the 3DSVM. The given refer-
ence voltage~vref is usually the phase-to-neutral voltage, and the reference voltage
vector~vref is also normalized by E. A dc offset of half of the dc bus voltage is added
to the reference voltages, and the normalized reference voltage vector~vref is given
in (3.75).

~vref ¼
Vrefa=E
Vrefb=E
Vrefc=E

2
4

3
5þE ð3:75Þ

In this proposed 3D SVM, the desired output voltage vector~vref is decomposed
to two components as expressed in (3.76) and (3.77):

~vref ¼~voffset þ~vtwol ð3:76Þ

vrefa
vrefb
vrefc

2
4

3
5 ¼

voffsetðaÞ
voffsetðbÞ
voffsetðcÞ

2
4

3
5þ

vtowlðaÞ
vtowlðbÞ
vtowlðcÞ

2
4

3
5 ð3:77Þ

The offset component~voffset of the reference voltage is defined as:

~voffset ¼
voffsetðaÞ
voffsetðbÞ
voffsetðcÞ

2
4

3
5 ¼

IntðvrefaÞ
IntðvrefbÞ
IntðvrefcÞ

2
4

3
5 ð3:78Þ

Function Int( ) removes fractional part of the real input data. Consequently, the
two-level component~vtwol of the reference voltage is the fractional part.

~vtwol ¼~vref �~voffset ¼
vtwolðaÞ
vtwolðbÞ
vtwolðcÞ

2
4

3
5 ð3:79Þ

where 0�~vtwolðjÞ � 1 (j = a, b, c).
If (voffset(a), voffset(b), voffset(c)) is equal to (Sa, Sb, Sc), the reference voltage vector

must be located inside a two-level space vector allocation formed by (Sa, Sb, Sc),
(Sa+1, Sb, Sc), (Sa, Sb+1, Sc), (Sa, Sb, Sc+1), (Sa+1, Sb+1, Sc), (Sa+1, Sb, Sc+1), (Sa, Sb+1,
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Sc+1) and (Sa+1, Sb+1, Sc+1). The two-level space vector allocation in the α-β-0
coordinates is shown in Fig. 3.47 and its projection on the α-β plane is shown in
Fig. 3.48. It can be seen from Fig. 3.47 that the vectors (Sa+1, Sb, Sc), (Sa, Sb+1, Sc)
and (Sa, Sb, Sc+1) are located on the same horizontal plane, while the vectors (Sa+1,
Sb+1, Sc), (Sa+1, Sb, Sc+1) and (Sa, Sb+1, Sc+1) are located on the other horizontal
plane.

The decomposition of the reference voltage vector is also illustrated in Figs. 3.47
and 3.48. The 3D parameters of the two-level reference voltage vectors can be
expressed as (3.80) according to the α-β-0 transformation.

vtwola
vtwolb
vtwol0

2
4

3
5 ¼

ffiffiffi
2
3

r 1 �1=2 1=2
0

ffiffiffi
3

p �
2 � ffiffiffi

3
p �

2
1
� ffiffiffi

2
p

1
� ffiffiffi

2
p

1
� ffiffiffi

2
p

2
4

3
5 vtwolðaÞ

vtwolðbÞ
vtwolðcÞ

2
4

3
5 ð3:80Þ

Fig. 3.47 Space vector
allocation of two-level vectors
in the α-β-0 coordinates
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α

Fig. 3.48 Projection of space
vector allocation of two-level
vectors on the α-β plane
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B. Synthesize Reference Voltage Vector

In the 3D SVM, the reference voltage vector is synthesized by four neighboring
vectors.

~vref � TS ¼~v1T1 þ~v2T2 þ~v3T3 þ~v4T4 ð3:81Þ

If the dwell time of each vector is normalized by the PWM control period Ts, the
following results can be obtained:

~vref ¼~v1t1 þ~v2t2 þ~v3t3 þ~v4t4 ð3:82Þ

and t1 þ t2 þ t3 þ t4 ¼ 1
The neighboring vector ~v1 is the offset voltage vector determined by (3.78),

which locates at the center point of the eight vectors on the α-β plane.~v2 and~v3 are
chosen as the neighboring vectors of the reference voltage vector on the α-β plane.
It can be seen from Fig. 3.48 that the vectors (Sa, Sb, Sc) and (Sa+1, Sb+1, Sc+1)
overlap on the α-β plane. The zero-sequence compensation is achieved by
introducing the fourth vector in reference voltage approximation, and~v4 is always
(Sa+1, Sb+1, Sc+1).

There are six sections as the neighboring vectors of the reference voltage vector
are different. The switching sequences for each section are listed in Table 3.21. The
dwell time of each vector is calculated and listed in Table 3.21 as well. The
symmetrically aligned scheme is chosen, because it gives the lowest output voltage
distortion and current ripples. The switching sequence of the generalized 3DSVM is
~v1 !~v2 !~v3 !~v4 in the first half period and in reverse turn~v4 !~v3 !~v2 !~v1
for the next half period. Figure 3.49 illustrates the output modulation signals which
correspond to the sequence in Section I in Table 3.21. The boundary conditions of
each section in Fig. 3.48 are also given in Table 3.21 and the flow chart of
determining the sections is illustrated in Fig. 3.50.

The flow chart of the 3DSVM is shown in Fig. 3.51, which can be applied to
three-leg center-split VSIs of different levels without modification. Moreover, the
computational cost is always the same. Therefore, the generalized 3DSVM is given
above for multi-level three-leg center-split VSI [28].

C. Simulation Results

The system configuration in Fig. 3.27 is used to verify the validity of this gener-
alized 3DSVM. The load currents and the source currents after compensation are
shown in Figs. 3.52 and 3.53 respectively. The THD of the source currents reduce
from 41.7 to 5.4 %. The sampling frequency is 5 kHz.
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Table 3.21 Boundary conditions, neighboring vectors and dwell times in the α-β-0 coordinates

Section Boundary conditions Neighboring vectors Dwell times

I vtwolb [ 0
vtwola [ 0
vtwolb �

ffiffiffi
3

p
vtwola\0

~v1 ¼ Sa; Sb; Scð Þ
~v2 ¼ Sa þ 1; Sb; Scð Þ
~v3 ¼ Sa þ 1; Sb þ 1; Scð Þ
~v4 ¼ Sa þ 1; Sb þ 1; Sc þ 1ð Þ

t1 ¼ 1� t2 � t3 � t4
t2 ¼

ffiffiffi
3

p �
2

� �
vtwola � 0:5t3

t3 ¼
ffiffiffi
2

p
vtwolb

t4 ¼ vtwol0
� ffiffiffi

3
p � t2=3� 2t3=3

II vtwolb [ 0
vtwolb
 � ffiffiffi

3
p

vtwolaj j[ 0
~v1 ¼ Sa; Sb; Scð Þ
~v2 ¼ Sa; Sb þ 1; Scð Þ
~v3 ¼ Sa þ 1; Sb þ 1; Scð Þ
~v4 ¼ Sa þ 1; Sb þ 1; Sc þ 1ð Þ

t1 ¼ 1� t2 � t3 � t4
t2 ¼ t3 �

ffiffiffi
6

p
vtwola

t3 ¼
ffiffiffi
3

p �
2vtwola þ

ffiffiffiffiffiffiffiffi
1=2

p
vtwolb

t4 ¼ vtwol0
� ffiffiffi

3
p � t2=3� 2t3=3

III vtwolb [ 0
vtwola\0
vtwolb �

ffiffiffi
3

p
vtwola\0

~v1 ¼ Sa; Sb; Scð Þ
~v2 ¼ Sa; Sb þ 1; Scð Þ
~v3 ¼ Sa; Sb þ 1; Sc þ 1ð Þ
~v4 ¼ Sa þ 1; Sb þ 1; Sc þ 1ð Þ

t1 ¼ 1� t2 � t3 � t4
t2 ¼

ffiffiffi
2

p
vtwolb

t3 ¼ ð� ffiffiffi
3

p �
2Þvtwola þ 0:5 � t2

t4 ¼ vtwol0
� ffiffiffi

3
p � t2=3� 2t3=3

IV vtwolb\0
vtwola\0
vtwolb �

ffiffiffi
3

p
vtwola [ 0

~v1 ¼ Sa; Sb; Scð Þ
~v2 ¼ Sa; Sb; Sc þ 1ð Þ
~v3 ¼ Sa; Sb þ 1; Sc þ 1ð Þ
~v4 ¼ Sa þ 1; Sb þ 1; Sc þ 1ð Þ

t1 ¼ 1� t2 � t3 � t4
t2 ¼ � ffiffiffi

2
p

vtwolb
t3 ¼ ð� ffiffiffi

3
p �

2Þvtwola � 0:5 � t2
t4 ¼ vtwol0

� ffiffiffi
3

p � t2=3� 2t3=3

V vtwolb\0
vtwolb
 � ffiffiffi

3
p

vtwolaj j[ 0
~v1 ¼ Sa; Sb; Scð Þ
~v2 ¼ Sa; Sb; Sc þ 1ð Þ
~v3 ¼ Sa þ 1; Sb; Sc þ 1ð Þ
~v4 ¼ Sa þ 1; Sb þ 1; Sc þ 1ð Þ

t1 ¼ 1� t2 � t3 � t4
t2 ¼ t3 �

ffiffiffi
6

p
vtwola

t3 ¼
ffiffiffi
3

p �
2vtwola �

ffiffiffiffiffiffiffiffi
1=2

p
vtwolb

t4 ¼ vtwol0
� ffiffiffi

3
p � t2=3� 2t3=3

VI vtwolb\0
vtwola [ 0
vtwolb þ

ffiffiffi
3

p
vtwola [ 0

~v1 ¼ Sa; Sb; Scð Þ
~v2 ¼ Sa þ 1; Sb; Scð Þ
~v3 ¼ Sa þ 1; Sb; Sc þ 1ð Þ
~v4 ¼ Sa þ 1; Sb þ 1; Sc þ 1ð Þ

t1 ¼ 1� t2 � t3 � t4
t2 ¼ ð ffiffiffi

3
p �

2Þvtwola � 0:5 � t2
t3 ¼ � ffiffiffi

2
p

vtwolb
t4 ¼ vtwol0

� ffiffiffi
3

p � t2=3� 2t3=3

Fig. 3.49 PWM output for
one period
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3.3.6 DC Linked Voltage Variation Control

3.3.6.1 Analysis of DC Voltage Variation

In the three-leg center-split VSI structure as shown in Fig. 3.54, the ac neutral wire
is connected directly to the mid-point of the two dc linked capacitors. The current of
each phase icx (x = a, b, c) is forced to flow through either upper capacitor, C1, or
lower capacitor, C2, of the dc bus. Thus the relationship between dc voltage vari-
ation and three-phase current can be expressed as Eq. (3.83), where the positive
direction of injecting current is as shown in Fig. 3.54 and Cdc = C1 = C2. The result
in this section can be applied into multi-level neutral point clamped inverters.

For simplicity, the dc voltage variation caused by one leg of the center-split VSI
is considered as Eq. (3.84). A difference in direction of current through the upper or
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Fig. 3.51 Flow chart of the 3DSVM
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lower capacitor causes dc voltage variation. The relationship between rising or
falling current of one leg and dc voltage variation is explained with respect to
Fig. 3.55. The dc voltage variations in the dc linked capacitors are summarized in
Table 3.22
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Fig. 3.53 Source current after compensation by 5 kHz three-level 3DSVM
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Table 3.22 DC variation
conditions for capacitor
voltage

icx [ 0 and dicx
dt \0 Increase the voltage in C1

icx\0 and dicx
dt \0 Decrease the voltage in C1

icx [ 0 and dicx
dt [ 0 Decrease the voltage in C2

icx\0 and dicx
dt \0 Increase the voltage in C2
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Cdc
dVdcU

dt
þCdc

dVdcL

dt
¼ Sa � ica þ Sb � icb þ Sc � icc ð3:83Þ

dVdcU
dt ¼ 1

Cdc
icx when Sx ¼ 1

dVdcL
dt ¼ �1

C icx when Sx ¼ �1

(
x ¼ a; b; c ð3:84Þ

In the following analysis, Sx is defined as the switching function where the effect
of dc voltage variation is not considered. And SNx is the new switching function
where the dc voltage variation is considered. When VdcU 6¼ VdcL is employed, E can
be redefined as E ¼ VdcU þVdcLð Þ=2. Therefore, the corresponding new switching
function is described as:

SNx ¼ VdcU=E upperleg is on
�VdcL=E lower is on

�
x ¼ a; b; c ð3:85Þ

And

SNx ¼
VdcU
E ¼ 2VdcU

VdcU þVdcL
¼ VdcU þVdcL þVdcU�VdcL

VdcU þVdcL
¼ 1þ VdcU�VdcL

VdcU þVdcL

� VdcL
E ¼ � 2VdcL

VdcU þVdcL
¼ �ðVdcU þVdcLÞþVdcU�VdcL

VdcU þVdcL
¼ �1þ VdcU�VdcL

VdcU þVdcL

(
ð3:86Þ

If DS ¼ ðVdcU � VdcLÞ=ð2EÞ is substituted to Eq. (3.86), it can be simplified as:

SNx ¼ 1þDS
�1þDS

�
x ¼ a; b; c ð3:87Þ

Comparing Eq. (3.87) with conventional switching function, the relation
between the new switching function and the original one can be expressed as:

SNx ¼ Sx þDS ð3:88Þ

Hence, the output voltage of the inverter can be recalculated by these new SNa ; S
N
b

and SNc . The instantaneous voltage vector ~VN in 3D, α-β-0 coordinate, can be
expressed as:

~vN ¼ vdc
2

ffiffiffi
2
3

r
SNa �~na þ 1ffiffiffi

2
p SNb �~nb þ 1ffiffiffi

3
p SN0 �~n0

" #
ð3:89Þ

where

SNa ¼ SNa � 1
2
SNb � 1

2
SNc ð3:90Þ

SNb ¼ SNb � SNc ð3:91Þ
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SN0 ¼ SNa þ SNb þ SNc ð3:92Þ

Substituting the new switching function, (3.88), into (3.90), (3.91) and (3.92),

SNa ¼ Sa ð3:93Þ

SNb ¼ Sb ð3:94Þ

SN0 ¼ S0 þ 3DS ð3:95Þ

As a result, only zero-frame reference of the original 3D vector’s allocation is
changed under the dc voltage variation situation. And only the compensation
performance of the zero-frame is affected accordingly. However, when the output
voltage is reversely transformed to a-b-c frame, current compensation in each phase
will be affected. Therefore the issues of dc voltage variation must be controlled in
practical applications. Hereinafter, the dc voltage variation control strategy [27] is
given.

3.3.6.2 DC Voltage Variation Control Strategy

In the space vector’s allocation which is shown in Fig. 3.29, there are two
switching patterns for the zero voltage vectors: one positive ~Vop and one negative
~Von. The α and the β axes components of ~Vop and ~Von are equal to zero. According
to the results obtained in last part, the dc voltage variation affects only the
zero-frame reference. Hence, dc voltage variation is controlled by varying the
switching times of ~Vop and ~Von.

Figure 3.56 shows the current direction when the vector ~Vop or ~Von is chosen. It
is obvious that the inverter’s current only passes through one of the dc capacitor
when the voltage vector is ~Vop or ~Von. When the output vector of the inverter is ~Vop,
which corresponds to the switching pattern (1, 1, 1), the upper capacitor C1 is
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Fig. 3.56 Phase current under zero switching pattern: a Switching pattern (1, 1, 1) and
b switching pattern (−1, −1, −1)
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discharged. Reversely, if the output vector is ~Von, corresponding to the switching
pattern (−1, −1, −1), the lower capacitor C2 is discharged. Therefore ~Vop and ~Von

can change the dc voltage imbalance in opposite direction.
In the above-mentioned 3DSVM control technique, ~Vop and ~Von share the same

dwell time tzero/2 to approximate for Vzero � tzero ¼ 0. Hence, if the dwell time of ~Vop

and ~Von are varied, the output of Vzero � tzero can not be equal to zero. However, since
the α and the β axis components of ~Vop and ~Von are all zeros, the Vzero � tzero only has
a zero sequence output. In the proposed dc variation control strategy, a new vari-
able, ε(0 < ε < 1), is introduced to vary the dwell time of ~Vop and ~Von, i.e., the
dwell time of ~Vop is assigned to be 1þ eð Þtzero=2, and thereby the dwell time of ~Von

automatically takes 1� eð Þtzero=2. A different ε value corresponds to a different
Vzero � tzero output, which is employed to balance the neutral point voltage. This
method is often used to balance the dc voltage of the three-level
neutral-point-clamped inverter.

Furthermore the larger the value of ε, the higher is the dc control ability. So it is
reasonable to consider choosing ε as ‘1’ or ‘−1’ to maximize the ability of dc
voltage variation control in the time range of tzero. The relation of dc voltage
variation and ε values are listed in Table 3.23, where k is the proportional coeffi-
cient with 0 < k < 1 and Vdc is the reference dc voltage. The ‘deltav’ can be
calculated by the expression described in Eq. (3.96). However, there is a symbol ‘*’
which means “cannot be defined” in Table 3.23 when the “deltav” exceeds the
maximum dc variation limitation Vmax. If the detected dc voltage imbalance is too
large, it will affect the stability of the system. In that case, the control strategy in
Table 3.24 can be considered, in which the whole period of sampling time Ts is
employed to control the dc voltage variation.

deltav ¼ absðvdcUÞ � absðvdcLÞ ð3:96Þ

Table 3.24 Time
distribution under severe dc
imbalance case

Condition Dwell time of ~V0p Dwell time of ~V0n

deltav > Vmax TS 0

deltav < −Vmax 0 TS

Table 3.23 Relation of dc voltage and ε

Cases Condition ε

Serious dc voltage imbalance abcðdeltavÞ[Vmax *

Largest lower voltage imbalance �Vmax\deltav\� k � Vdc −1

Larger lower voltage imbalance �k � Vdc\deltav\0 deltav/(kVdc)

Larger upper voltage imbalance 0\deltav\k � Vdc deltav/(kVdc)

Largest upper voltage imbalance k � Vdc\deltav\Vmax +1
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3.3.6.3 Simulation Results

In this part, simulation is performed by Matlab/Simulink. The system configuration
is shown in Fig. 3.54. The 3DSVM control strategy is implemented with 2.5 kHz
switching frequency. The three-phase and the neutral currents at the load side are
shown in Fig. 3.57. When the proposed 3DSVM without controlling the dc voltage
variation is applied, the harmonic and neutral currents are compensated simulta-
neously as shown in Fig. 3.58. Particular loads are chosen in this simulation, for
which the system neutral current is always positive without compensation. Thus
there is higher possibility of neutral current to pass through one side of the
inverter’s dc bus, e.g. the upper capacitor. As a result, the voltage of one capacitor
continues to increase while the voltage of the other one continues to decrease. Large
dc voltage unbalance occurs under this situation, which is shown in Fig. 3.59.

Figures 3.60 and 3.61 show the compensation results when the 3DSVM with dc
voltage variation control is implemented. The control strategy mentioned in
Tables 3.23 and 3.24 are employed to control the dc voltage variation. The
capacitor voltage variation after being controlled is shown in Fig. 3.60. In the
simulation, following parameters are used: system ac voltage RMS value = 70 V,
capacitor dc voltage Vdc = 100 V, k = 10 %, Vmax = 15 V. In Fig. 3.60, there are
obviously three periods of capacitor voltage variation which correspond to the three
steps of the control strategies mentioned in Tables 3.23 and 3.24. Figure 3.61 is the
source current compensation result where the dc voltage imbalance is controlled
simultaneously. However, compared to Fig. 3.58, the currents after compensation
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are influenced. It is mainly due to the fact that when the dc voltage variation is
larger than the maximum limitation Vmax, the switching time is dedicated to control
the dc imbalance instead of the power quality compensation according to the
control strategy in Table 3.24.
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In simulation, the extreme case is chosen in order to explain the dc voltage
variation control strategy more clearly. All the control strategy mentioned in
Tables 3.23 and 3.24 are tested. Since the triple harmonic components dominates
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the waveform of the neutral current in distribution site from statistical results, the
strategy mentioned in Table 3.23 is enough for the dc voltage variation control in
most practical applications. In addition, the situation discussed in Table 3.24 can
also be avoided by increasing the size of the dc capacitor so that better power
quality compensating performance is obtained.

3.4 Three-Phase Four-Wire Multi-Level VSIs

In high power applications, multi-level topologies can be considered as one of the
solutions. Multi-level topologies have the following advantages: reduced harmonic
content of output waveform and reduced voltage stress across switching compo-
nents. In this section, it is dedicated for the discussion of choosing a suitable circuit
topology among the three-phase converters for high power applications in the
three-phase four-wire systems. For simplicity, only the three-level systems are
chosen as an example for discussion, but the analyzed results can be applied in
other higher-level applications.

Figure 3.62 shows a three-level three-leg VSI topology in a three-phase
three-wire system, it is obvious that it cannot supply zero voltage and neutral
current so that this topology is not considered in a three-phase four-wire applica-
tion. Basically, a three-leg center-split VSI topology in a three-level case can be
considered with a neutral wire connection with “O” and “n” nodes as shown in
Fig. 3.63. When a neutral wire of a three-phase four-wire system is connected with
the mid-point of dc capacitors in a three-level NPC inverter, it turns into a
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three-phase four-wire system. Without neutral wire connection, a three-level NPC
inverter is operated in a three-phase three-wire case. In short, it means that the same
three-level topology can be employed for three-phase three-wire and four-wire
systems in multi-level converter applications.

Furthermore, a three-level four-leg VSI topology is under consideration, as
shown in Fig. 3.64. In Fig. 3.64, when S0f is turned off, it does not affect the
operation of the neutral current. When S0f = on, it has two parallel neutral current
paths, which can be considered as one path connecting between “f” and “n” nodes.
As a result, the circuit turns into a three-level three-leg center-split VSI with an
additional leg as shown in Fig. 3.65. Both circuit topologies as shown in Figs. 3.64
and 3.65 can provide neutral current control ability. Although the multi-level
four-leg topology can give more degree of freedom in selection of available
switching states, it is not worth to have it in a practical system due to the higher
initial cost with an additional leg in the view point of the neutral current control and
compensation. In addition, the control of the upper-leg and the lower-leg dc
capacitor voltages is necessary in both three-level three-leg center-split and
three-level four-leg topologies. Based on the results in Chap. 2, the three-leg
center-split and the four-leg topologies provide the same αβ voltage capacity. Due
to the considerations of the initial cost and the same αβ voltage capacity, the
three-leg center-split topology is seen as the most convenient structure for the
development of the three-phase four-wire multi-level VSIs in high power
applications.
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3.5 Generalized PWM for Multi-Level Three-Leg
Center-Split and Four-Leg VSIs

3.5.1 Generalized 3D Direct PWM

The generalized 3D direct PWM [20, 29] is based on the volt-second approximation
as the conventional space vector modulation. It can be used to control the three-leg
center-split VSIs and the four-leg VSIs from the two-level to the multi-level
topologies [30, 31], as illustrated in Fig. 3.66. The generalized 3D direct PWM
implements the voltage synthesis in per-leg mode. The pulse width of each phase is
directly determined to track given voltage references.

In order to deduce the 3D direct PWM, an equivalent model for an N-level
three-leg center-split VSI is introduced in Fig. 3.67.

The output voltage of each inverter leg is expressed as:

Vnvx ¼ E � Sx x ¼ a; b; c ð3:97Þ
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where E is the voltage of one level, and Sx is the switching function. For an N-level
inverter, the value of Sj varies among 0 to N − 1, and the dc bus voltage equals
(N − 1)E. When the N-level three-leg inverters are applied to a three-phase
four-wire system, the neutral wire is connected to the mid-point of the dc bus.
Hence, the voltage vg in reference to the virtual ground in Fig. 3.67 is expressed as:

Vg ¼ EðN� 1Þ=2 ð3:98Þ

All the voltages are expressed per unit, i.e., normalized by E, so that the output
voltage of each leg has the same value as the switching function Sj.

vinvj ¼ Sj j ¼ a; b; c ð3:99Þ

and

vinvg ¼ ðN� 1Þ=2 ð3:100Þ

The flow chart of the generalized 3D direct PWM is shown in Fig. 3.68. The
shifting voltage must be used to determine the reference of each leg when four-leg
inverters are controlled. A mode signal for indicating the inverter topology is
needed when the shifting voltage is used, as illustrated in Fig. 3.68.
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The detailed procedures for implementing the 3D direct PWM are provided
hereinafter.

(1) The input reference voltages are first normalized by voltage of one level.

~vrefx ¼
vrefa=E
vrefb=E
vrefc=E

2
4

3
5 ð3:101Þ

(2) The reference voltage of each leg is then calculated.

v�refx ¼ vrefx þ vshift x ¼ a; b; c; g ð3:102Þ

The shifting voltage is defined as:

vshift ¼ 0 3� leg centre�split VSI
�ðvmax þ vminÞ=2 Otherwise

�
ð3:103Þ

where vmax is defined as the maximum voltage among vrefa, vrefb, vrefc and vrefg,
vmin is the minimum voltage among g vrefa, vrefb, vrefc and vrefg, and vrefg always
equals to zero.

(3) The switching states of each leg are determined by

Sx ¼ Int v�refx þ
N � 1
2

� 	
x ¼ a; b; c; g ð3:104Þ

The function Int removes all the fractional part from the input value.
According to (3.104), the reference voltage is a value between Sx and Sx+1. As
a result, the output voltage of this leg is synthesized by two switching states,
Sx and Sx+1, in one switching period.

(4) The dwell time of each switching state is then calculated as given in (3.105). The
fractional part is just the normalized pulse width, i.e., the dwell time of Sx+1.

Generalized 3D Direct PWM

Normalization

Calculate
pulse width tonx

Determine 
switching state

Sx and Sx+1

refV
Shifting

Generate
PWM 

Pulsesvshift=0
Yes

vshift

3-leg 
centre-split 
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Fig. 3.68 Flow chart of the generalized 3D direct PWM
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tonx ¼ v�refx þ
N � 1
2

� Sx x ¼ a; b; c; g ð3:105Þ

(5) According to the switching states and dwell times, the switching patterns are
determined and the final trigger signals of each switch of one inverter leg are
generated, as shown in Fig. 3.69.
Simulations are implemented by Matlab/Simulink. The simulation system
configuration is shown in Fig. 3.70. The output voltages of the VSI passed
through an output filter and are applied to three-phase balanced loads. The
filter is designed to smooth the pulses and recover the average analog wave-
forms. The 3D direct PWM is applied in order to control the three-phase
four-wire VSIs to track reference voltages.

The reference voltages are selected to illustrate that both pure sinusoidal and
harmonic-injection phase-to-neutral reference voltages can be generated by using
the 3D direct PWM. A two-level center-split VSI, a three-level center-split VSI, a
five-level center-split VSI, a two-level four-leg VSI and a three-level four-leg VSI
are controlled respectively. The reference and output voltages of each leg of the
corresponding VSIs are shown in Figs. 3.71, 3.72, 3.73, 3.74, 3.75.

The voltages after passing the filter and currents through the loads in a
three-level center-split VSI are shown in Fig. 3.76. Similar results were obtained in
the four other cases. The THD and RMS values of the output voltages after passing
the filter are provided in Table 3.25. The simulation results indicate that the 3D
direct PWM can control the three-leg center-split VSI and four-leg VSI from
two-level to multi-level topologies.
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3.5.2 Generalized FPGA-Based 3D PW Modulator

Based on the 3D direct PWM, a generalized Pulse Width (PW) modulator can be
developed by using aXILINXXC3S400 FPGA. The FPGAprovides benefits, such as
high operating frequency, parallel processing capabilities and user definable I/O ports.

Fig. 3.71 Output voltage of a two-level three-leg center-split VSI

Fig. 3.72 Output voltage of a three-level three-leg center-split VSI
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The frequency of the external clock was 40 MHz, and 19 % slices of the FPGA were
used. The block diagram of the generalized PW modulator is shown in Fig. 3.77,
which consists of three modules.

Fig. 3.73 Output voltage of a five-level three-leg center-split VSI

Fig. 3.74 Output voltage of a two-level four-leg VSI
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3.5.2.1 Data Buffer

The I/O port of the PW modulator consists of a 12-bit data bus and a 3-bit address
bus. The phase-to-neutral reference voltages are modified according to (3.106),
before being transferred to the FPGA in every sampling period.

Fig. 3.75 Output voltage of a three-level four-leg VSI

Fig. 3.76 Voltages across the loads and the currents passing through the loads
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~vref ¼ INT 500�
Vrefa=E
Vrefb=E
Vrefc=E

2
4

3
5

2
4

3
5þ 250ðN � 1Þ ð3:106Þ

where N is the level of the VSI and E is the dc voltage of one level. The
floating-point arithmetic becomes fixed-point arithmetic via (3.106).

The period of the digital counter is set to 1000 and its control clock period is
0.2 us, when the switching frequency is 5 kHz. The period of the control clock is
much shorter than the turn-off time of most power switches. For example, the
maximum turn-off time of the IGBT used in prototypes is 3 us. Hence, representing
the pulse widths by an unsigned integer is acceptable when the PW modulator is
designed. In addition, 10-bit A/D converters are used in prototypes. When a
five-level VSI is controlled, the reference signal sending to the FPGA is in the range
of 0–2000. Hence, 12-bit integer realization was selected for the design of the PW
modulator.

The data buffer also contains a 12-bit control register which needs to be ini-
tialized before the PW modulator is triggered to operate. The detailed description of

Table 3.25 Parameters of simulation results

THD (%) RMS (V)

A B C A B C

Reference voltages 100 1.0 1.0 48.08 60 40

Two-level center-split VSI 105 1.71 2.75 49.58 60.34 40.24

Three-level center-split VSI 105 1.13 1.70 49.53 60.3 40.18

Five-level center-split VSI 105 0.67 1.11 48.99 59.86 39.51

Two-level four-leg VSI 104.9 2.37 2.44 49.58 60.33 40.25

Three-level four-leg VSI 103.2 2.0 2.8 49.01 59.74 40.01
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Fig. 3.77 Block diagram of the generalized pulse width modulator
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the control bits are provided hereinafter, in which Bit 0 represents the least sig-
nificant bit and Bit 11 is the most significant bit.

• Bit 0–1 Level: The level of the inverters to be controlled

Bit 1 Bit 0 Inverter Level N

0 0 2

0 1 3

1 0 4

1 1 5

• Bit 2–4 ICP: Input clock prescaler for the PWM core

000 F/2 100 F/32

001 F/4 101 F/64

010 F/8 110 F/128

011 F/16 111 F/256

F = FPGA input clock frequency

• Bit 5 Mode: The topology of the inverter

0 Three-leg center-split VSI

1 Four-leg VSI

• Bit 6 Reset: Reset the PWM core

0 Reset entire PWM core(counter is set back to 0)

1 No effect

• Bit 7 Handshaking

0 The reference data in registers are ready.

1 The reference data in registers are being modified.

• Bit 8-10 ICPD: Input Clock Prescaler for the Dead-time (ICPD) controller.
Scaling table is the same as that for ICP.

• Bit 11 Reserved
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3.5.2.2 Direct PWM Core

The direct PWM core contains a divide-by-n counter which scales the external input
clock to provide clock signals for comparators and 12-bit counters. The 12-bit
up-down counter is triggered by the rising-edge of the ‘Reset’ bit in the control
register. The counter first operates in up-counting mode, counting from 0 to 500.
The counter is then in down-counting mode until its output reaches 0. The final
PWM output frequency can be determined by:

f ¼ F=rc=1000; ð3:107Þ

where F is the frequency of the external clock and rc is the scaling ratio of the
divide-by-n counter which is determined by the value of Input Clock Prescale
(ICP) in the control register.

The pulse width generator calculates the pulse width of each switch according to
the states of control bits ‘Level’ and ‘Mode’. The detailed steps are as follows:

(1) The reference signals are read from the registers and the reference voltages of
each leg are calculated according to (3.108), where Vrefg always equals 250
(N − 1).

Vinvx ¼ Vrefx þVshift � 250� ðN � 1Þ x ¼ a; b; c; g ð3:108Þ

where

Vshift ¼ 500� ðN � 1Þ � Vmax þVmin
2 Mode ¼ 1

0 Mode ¼ 0

�
ð3:109Þ

(2) Calculate the pulse width of each switch of the inverter.

In the proposed 3D direct PWM, the output pulse of each leg needs to be
transferred to the trigger signals of each switch of a VSI. Conventional SVM solves
this problem by means of a switching table. The switching table for a three-level
VSI is shown in Table 3.26 in which the states of all switches of a leg corre-
sponding to an output voltage are listed.

As the level of the VSI increases, the switching table becomes more complicated
and takes up more memory space. A method is given for the design of the gen-
eralized PW modulator in which the pulse width of each switch is directly deter-
mined by the reference voltages. For an N-level VSI, there are 2(N − 1) switches
in each leg. The 2(N − 1) switches are numbered according to the following rule:

Table 3.26 Switching table
of a three-level VSI

Voltage Sx Sx1 Sx2 Sx3 Sx4
0 0 Turn-off Turn-on Turn-off Turn-on

E 1 Turn-on Turn-off Turn-off Turn-on

2E 2 Turn-on Turn-off Turn-on Turn-off
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All the switches above the point where the output voltage is connected are num-
bered by odd values from Sx1, Sx3… to Sx(2N-3), while all the switches below that
point are numbered by even values from Sx(2N-2), Sx(2N-4)… to Sx2 (x = a, b, c, g).

Therefore, the 2(N − 1) switches of one leg can be divided into (N − 1) pairs. If
the switch pairs are numbered by odd value ‘n’ (0 ≤ n ≤ 2 N − 3), the mth pair
consists of two switches, which are Sxm and Sx(m+1). The states of the two switches
of the same pair are always opposed. Hence, if the trigger signal for the switch Sxm
is determined, the trigger signal for its counterpart Sx(m+1) can be generated by
reversing Sxm.

After the switching table was analyzed, it was found that the states of all the
odd-numbered switches could be determined according to the value of the
switching function Sx. It is assumed that Sx equals K. All the odd-numbered
switches whose number is larger than (2K − 1) are turned off, and all the
odd-numbered switches whose number is less than or equal to (2K − 1) are turned
on. In the 3D direct PWM, the output switching state of each leg varies between Sj
and Sj+1 during one PWM period. Hence, the switches from Sx1 to Sx(2K-1) are
turned on during the whole period. Switches of which the numbers are larger than
(2K + 1) are always turned off. Switch Sx(2K+1) is first turned off, and then turned on
when the output state is changed to Sx+1. The pulse width of Sx+1 is simply the pulse
width of the trigger signal of switch Sx(2K+1). Therefore, the pulse width of each
switch can be determined by (3.110).

Tx ¼ 250ðN � mÞþ ðVinvx � 250ðN � 1ÞÞ ¼ 250ð1� mÞþVinvx x ¼ a; b; c; g

ð3:110Þ

If the symmetrical aligned scheme is adopted in generating the trigger signals,
the value, which is compared against the output of the counter, is expressed as:

TxI ¼ ð500� TxÞ=2 ¼ 250ðmþ 1Þ � Vinvx x ¼ a; b; c; g ð3:111Þ

The TxnI is compared to the output of the 12-bit counter at every falling edge of
the clock signal. When the output of the counter is larger than the TxnI of the mth
switch, the trigger signal of this switch is forced into high mode. Otherwise, the
trigger signal is low. The switching state of the switch with the number m + 1 is
obtained by reversing that of the mth switch. Generation of the trigger signals of the
four switches of one leg of a three-level inverter is illustrated in Fig. 3.78.

In this case, Ta3I and Ta1I are calculated by (3.111) and compared to the output of
the counter to determine trigger signals of the switches Sa1 and Sa3. The trigger
signals of switches Sa2 and Sa4 are obtained by reversing that of Sa1 and Sa3
respectively.
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3.5.2.3 Dead-Time Controller

The dead-time controller is included in the generalized PW modulator so that
dead-times fit into the transition edges of the trigger signals. The input clock of the
dead-time controller is first scaled according to the control bit ‘ICPD’. The corre-
sponding clock that is obtained is used as the clock signal for a counter which
periodically counts from ‘0’ to ‘40’. Hence, the dead-time is calculated by (3.112).

Td ¼ 40=ðF=rdÞ; ð3:112Þ

where F is the input frequency of the external clock and rd is the scaling ratio.

3.5.3 Experimental Verification of the 3D PW Modulator

Prototypes for a two-level center-split VSI, a two-level four-leg VSI and a
three-level center-split VSI were built. The FPGA-based generalized PW modulator
was applied to control these VSIs to track the given references. The block diagram
for the control system is shown in Fig. 3.79. A DSP (TMS320F2407) was used to
generate the reference voltages and send the references to the data buffers in FPGA.

The RMS value and THD of the references, which are generated by the 16-bit
fixed point DSP, are listed in Table 3.27. The dc bus voltage is 200 V and PWM
frequency is 5 kHz. The experimental system configuration is the same as that in
Fig. 3.70. The experimental results of controlling a two-level center-split VSI, a
three-level center-split VSI and a two-level four-leg VSI are shown in Figs. 3.80,
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3.81 and 3.82, in which the output voltages of the VSIs, the voltage across the loads
and the current passing through the loads are provided. Neutral currents are also
recorded.

The RMS and THD of the voltages across the loads are provided in Table 3.27.
The experimental results show that the FPGA-based generalized PW modulator can
control the three-phase four-wire VSIs to trace the given references. In the exper-
iment, the inserted dead-time affects the performance of the four-leg VSI. The
performance of the two-level four-leg VSI is deteriorated when the reference
voltage of the fourth-leg is low compared to the dc bus voltage. Better performance
can be obtained when the modulation index is increased.

3.6 Design and Implementation of Active Power Filters

3.6.1 Minimum DC-Link Voltage Study for APF Under
Reactive Power and Current Harmonics
Compensation

In the following section, the minimum inverter capacity design for APF under
reactive power and current harmonics compensation are discussed. First, the
single-phase fundamental and harmonic equivalent circuit models of a three-phase
four-wire center-split APF are introduced. According to the current quality of the
loading and APF single-phase equivalent circuit models, the minimum dc-link
voltage expression for the APF is proposed. Finally, representative simulation
results of the three-phase four-wire center-split APF are given to verify its mini-
mum dc-link voltage design expression. Given that most of the loadings in the
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Fig. 3.79 Block diagram for
the control system

Table 3.27 Parameters of experimental results

THD (%) RMS (V)

A B C A B C

References 100 1.7 1.7 50 44.1 35.35

Two-level center-split VSI 104.8 3.1 2.1 48.6 41.06 29.36

Three-level center-split VSI 104.8 2.5 3.3 50.2 41.76 27.50

Two-level four-leg VSI 102.8 4.8 6.8 50.2 43.2 28.75
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distribution power systems are inductive, the following analysis and discussion
only focus on inductive nonlinear loads.

3.6.1.1 Single-Phase Fundamental and Harmonic Equivalent Circuit
Models of a Three-Phase Four-Wire APF

Figure 3.83 shows the circuit configuration of the three-phase four-wire center-split
APF, where the subscript ‘x’ denotes phase a, b, c, g. vsx and vx are the system and
load voltages, isx, iLx, and icx are the system, load and inverter currents for each
phase. Lc is the coupling inductor of the APF. Cdc, VdcU, and VdcL are the dc

Fig. 3.80 Experimental results of a two-level center-split VSI: a Output voltages of the VSI,
b load voltages and currents
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capacitor, upper and lower dc capacitor voltages respectively. In order to simplify
the minimum dc-link voltage deduction for the APF, vsx is assumed to be sinusoidal
without harmonic component. Moreover, Ls is normally neglected due to its low
value relatively, thus vsx ≈ vx. Figure 3.84 shows the APF single-phase funda-
mental and harmonics equivalent circuit models, where the subscript ‘g’ and ‘n’
denote the fundamental and harmonics frequency components, and n = 2, 3…∞.
Through these two circuit models, the APF minimum dc-link voltage expression
with respect to different loading current quality parameters can be deduced. In the
following analysis, all parameters are in RMS value.

Fig. 3.81 Experimental results of a three-level center-split VSI: a Output voltages of the VSI,
b load voltages and currents
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3.6.1.2 Minimum DC-Link Voltage Deduction for the Three-Phase
Four-Wire APF

Referring to Fig. 3.84b, the required inverter fundamental output voltage (Vinvxf)
and inverter harmonic output voltage (Vinvxn) at each harmonic order can be found.
As Vinvxf and Vinvxn are in RMS values, the minimum dc-link voltage values (Vdcxf,
Vdcxn) for compensating the phase fundamental reactive current component and
each nth order harmonic current component are calculated as the peak values of the
required inverter fundamental and each nth order harmonic output voltages, in
which Vdcxf ¼

ffiffiffi
2

p
Vinvxf , Vdcxn ¼

ffiffiffi
2

p
Vinvxn. In order to provide sufficient dc-link

voltage for compensating load reactive and harmonic currents, the minimum dc-link

Fig. 3.82 Experimental results of a two-level four-leg VSI. a Output voltages of the VSI. b Load
voltages and currents
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voltage requirement (Vdcx) of the APF single-phase circuit model is deduced by
considering the worst phase relation between each harmonic component, in which
their corresponding peak voltages of the VSI at ac side are assumed to be
superimposed.

Vdcx ¼
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
Vdcxf

 2 þ X1
n¼2

Vdcxnj j2
q

ð3:113Þ
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Fig. 3.83 Circuit configuration of the three-phase four-wire center-split APF
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From Fig. 3.11a, when the voltage load Vx is pure sinusoidal without harmonic
components, Vx = Vxf. The inverter fundamental output voltage of the APF
single-phase equivalent circuit model can be expressed as:

Vinvxf ¼ Vx þ ZPPFf � Icxf ð3:114Þ

As the coupling part is a pure inductor Lc, ZPPFf ¼ XLcf

 ej/f , where /f ¼ 90	.
When the APF operates in the ideal case, the fundamental compensating current Icxf
contains mainly reactive component Icxfq with less active current component Icxfp,
therefore (3.114) can be rewritten as:

Vinvxf � Vx þ xLcj j Icxfq
  x ¼ 2pf ð3:115Þ

From (3.115), it is clearly shown that Vinvxf for APF must be larger than the load
voltage Vx for reactive power compensation, no matter what the coupling inductor
is. This also explains why the inverter part of the APF can only operate with a
dc-link voltage higher than the peak of Vx value.

From Fig. 3.84b, the inverter harmonic output voltage of the APF single-phase
equivalent circuit model Vinvxn at each nth harmonic order can be expressed as:

Vinvxn ¼ nxLcj j Icxnj j n ¼ 2; 3. . .1 ð3:116Þ

where Icxn is the nth order harmonic compensating current. When the APF is
performing compensation, the absolute reactive and nth order harmonic compen-
sating current should be equal to those of the loading, it yields:

Icxfq
  ¼ ILxfq

 ; Icxnj j ¼ ILxnj j ð3:117Þ

where ILxfq and ILxn are the reactive and nth order harmonic currents of the loading.
From (3.114) to (3.117), the inverter fundamental and each nth harmonic order

output voltages of the APF single-phase equivalent circuit model (Vinvxf, Vinvxn) can
be calculated. Then the minimum dc-link voltage requirement (Vdcx) for the APF
single-phase circuit model can be found by (3.113).

By using the generalized single-phase p-q theory [32], the reactive power and
current harmonics in each phase can be compensated independently, thus the final
required minimum dc-link voltage for the three-phase four-wire center-split APF is
the maximum among the calculated minimum value of each phase (Vdcx) as
expressed in (3.118). Table 3.6 summarizes the minimum dc-link voltage deduction
steps of the three-phase four-wire APF. (See Table 3.28)

Vdc ¼ maxð2Vdca; 2Vdcb; 2VdccÞ ð3:118Þ
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3.6.1.3 Simulation Verification for the APF Minimum DC-Link
Voltage Analysis

Figure 3.85 shows the reactive and harmonic reference compensating current
deduction and PWM control block diagram for the three-phase four-wire
center-split APF, in which the three-phase vx and iLx are needed in determining
the reference compensating currents i�cx by the single-phase p-q theory [32]. The
phase load voltage vx and load current iLx (x = a, b, c) are transformed into their
corresponding α-axis and β-axis quantities (vxα, vxβ, iLxα, iLxβ) in α-β coordinate by
using a π/2 lag consideration. Then, the phase instantaneous active power pLx and
reactive power qLx are calculated by pLx ¼ vxaiLxa þ vxbiLxb and
qLx ¼ vxaiLxa � vxbiLxb. To compensate the reactive power and current harmonics
generated by the load, i�cx for each phase can be calculated by
i�cx ¼ 1

A �vxa � ~pLx þ vxb � qLx
� �

, where Ax ¼ v2xa þ v2xb. The term, oscillating part of
instantaneous power, ~p xtð Þ can easily be extracted from p xtð Þ by using a low-pass
filter (LPF) or high-pass filter (HPF). After the determination of the instantaneous
current, icx�, the compensating current error Dicx together with hysteresis band H
will be sent to the current PWM control part. Then the PWM trigger signals for the
switching devices of the VSI can then be generated. This control block diagram is
applied in the APF system in order to generate the required compensating current,
icx. In the following part, as the load harmonic current contents beyond the 9th order
are small, for simplicity, the required minimum dc-link voltage calculation will be
taken into account up to 9th harmonic order only.

In order to verify the minimum dc-link voltage analysis, representative simu-
lation results of the three-phase four-wire center-split APF system in Fig. 3.83 are
given as follows. The nonlinear loads are composed of three single-phase full
bridge rectifiers. In order to simplify the verification, the dc-link is supported by
external dc voltage source and the simulated three-phase loadings are approxi-
mately balanced. Table 3.29 lists the simulated system parameters for the APF and
the current quality data of the loading. Simulation studies were carried out by using

Table 3.28 Minimum
DC-link voltage deduction
steps of the APF

1 Inverter fundamental output voltage:

Vinvxf ¼ Vx þ xLcj j Icxfq
 

where Icxfq
  ¼ ILxfq

 ; x ¼ 2pf

(3.115)
(3.117)

2 Inverter nth harmonic order output voltage:

Vinvxn ¼ nxLcj j Icxnj j
where
Icxnj j ¼ ILxnj j; n ¼ 2; 3. . .1; x ¼ 2pf

(3.116)
(3.117)

3 Minimum dc-link voltage:

Vdc ¼ maxð2Vdca; 2Vdcb;2VdccÞ

where Vdcx ¼
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
Vdcxf

 2 þ P1
n¼2

Vdcxnj j2
s

Vdcxf ¼
ffiffiffi
2

p
Vinvxf ; Vdcxn ¼

ffiffiffi
2

p
Vinvxn

(3.118)
(3.113)
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Fig. 3.85 Control block diagram for the three-phase four-wire center-split APF

Table 3.29 APF system parameters for simulations

System parameters Physical values

System source-side Vx, f 110Vrms, 50 Hz

Ls 1 mH

APF Lc, Cdc 30 mH, 10 mF

Vdcu, VdcL 180, 200, 220 V

Nonlinear rectifier load RLx, LLx, CLx 26 Ω, 30 mH, 200 uF

Current quality data of LOAD ILx 5.3Arms

DPF 0.835 (lagging)

| ILxfq | 2.79Arms

| ILx3 | 1.35Arms

| ILx5 | 0.35Arms

| ILx7 | 0.14Arms

| ILx9 | 0.07Arms
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PSCAD/EMTDC. From Table 3.29, the required minimum dc-link voltage for the
APF system can be calculated through (3.113)–(3.118), which is equal to
Vdc = 404.2V(Vdcu = VdcL = 202.1 V).

Referring to Table 3.30, before compensation, the system current and system
neutral current are isx = 5.30Arms and isx = 4.09Arms respectively. The displace-
ment power factor (DPF) is 0.835, the total harmonic distortion of system current
(THDisx) and load voltage (THDvx) are 30.0 and 1.82 %, in which THDisx does not
satisfy the international standards (THDisx < 15 % for IEEE) [33].

Figure 3.86 and Table 3.30 show the simulated compensation results of APF
with different dc-link voltage levels. When the dc-link voltage VdcU = VdcL =
180 V (<202.1 V), the APF operates at the rectifier mode, thus drawing active
current. After compensation, the compensated THDisx = 18.4 % and isn is
2.93Arms, in which the compensated THDisx does not satisfy the international
standards. When the dc-link voltage increases to VdcU = VdcL = 200 V, since this
value is closer to the required 202.1 V, the APF can obtain better compensating
performances with isx = 5.15Arms, THDisx = 12.5 % and isn = 1.60Arms, in which
the compensated THDisx satisfied to the international standards. However, the APF
is still operating at the rectifier mode due to insufficient dc-link voltage level. When
the dc-link voltage increases to VdcU = VdcL = 220 V, which is higher than the
minimum 202.1 V requirement, the APF can operate at both inverter and rectifier
modes and achieve the best compensation performances with isx reduces to
4.30Arms, THDisx = 7.6 % and isn = 0.45Arms among three cases. Moreover, the
compensation results as shown in Table 3.6 satisfy the international standards.
From Table 3.30, the three cases can compensate the DPF from 0.835 to 0.995 or
above. Moreover, the compensated THDvx satisfies the international standard [33].

Figure 3.86 and Table 3.30 have also verified the APF minimum dc-link voltage
deduction. With different system voltage level, coupling inductor value and loading
current contents, the APF requires different minimum dc-link voltage value for
operation.

This section aims to investigate the minimum dc-link voltage design for
three-phase four-wire center-split APF in reactive power and current harmonics
compensation. First, its single-phase equivalent circuit models are built and pro-
posed. Based on circuit models and current quality data of the loading, the mini-
mum dc-link voltage for the three-phase four-wire APF is deduced and discussed.
Simulation results of the APF are presented to verify this minimum dc-link voltage.

Table 3.30 Simulated results before and after APF compensation at different Vdcu, VdcL levels

Simulation results Vdcu, VdcL (V) isx (A) DPF THDisx (%) THDvx (%) isn (A)

Without comp. – 5.30 0.835 30.0 1.82 4.09

APF 180 6.00 0.996 18.4 2.28 2.93

200 5.15 1.000 12.5 2.30 1.60

220 4.30 1.000 7.6 2.54 0.45
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3.6.2 Design of Coupling Inductor

A coupling inductance is connected between the point of common coupling
(PCC) and the VSI in an APF, which directly affects the compensating currents.
Two factors are considered for selecting the value of the coupling inductor, which
are the ability to suppress the current ripple and current tracking speed.
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Fig. 3.86 APF simulation results: a VdcU, VdcL = 180 V, b VdcU, VdcL = 200 V and c VdcU,
VdcL = 220 V
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3.6.2.1 Suppress Current Ripple

When the period of the PWM control is small enough, the current passing through
the coupling inductor varies linearly, as given in (3.119) and illustrated in Fig. 3.87

DI� ¼ vinv � v
Lc

� Ts ð3:119Þ

where vinv is the average output of the inverter in a switching period, v is the voltage
at the PCC, and Ts is the period of PWM.

When PWM is used to control VSI, the output voltage of the VSI always
changes discontinuously. For example, the output voltage varies between 0 and Vdc

for a two-level VSI. As shown in Fig. 3.87, the output voltage of the VSI varies
between two neighboring levels to synthesize the reference voltage. The average
output voltage in each period equals to vinv, as expressed in (3.120).

vinv � Ts ¼ Vdc � DTs ð3:120Þ

Equation (3.120) is for two-level VSI and it needs to be revised as (3.121) for a
multi-level VSI [34]. vinv is assumed to be in the range of Voffset to Voffset + E.
E denotes voltage of each level, D is the duty ratio and Voffset is integer multiples of E.

vinv � Ts ¼ ðVoffset þVdcÞ � DTs þð1� DÞTs � Voffset ð3:121Þ

Ts

DTs

I

Iripple

Current
Reference

DTs
Ts

Vdc

Vinv

Output voltage 
of VSI

0

mI

Fig. 3.87 Current ripple and symmetrical-aligned modulation signal
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For simplicity, (3.120) for two-level inverter is used hereinafter. However, it can
be proved that all the deduced results also work for multi-level inverters. The source
voltage is assumed to be a constant in a period. The current passing through the
coupling inductor varies like a saw tooth wave. Symmetrical-aligned modulation
signal is selected since it gives the lowest current ripple [18]. The current variation
in a period is shown in Fig. 3.87 and is expressed in (3.122).

DI ¼ �v
Lc

� 1� D
2

Ts þ Vdc � v
Lc

� DTs þ �v
Lc

� 1� D
2

Ts ð3:122Þ

According to (3.120), the DI� in (3.119) and DI in (3.122) are the same.
Practically, dead-time during the switching, delay in the control system and errors
in the inductor value generate errors between DI� and DI. They may not match
exactly as shown in Fig. 3.87. All these factors are overlooked since they are not
the main cause of the current ripple. The current ripple exists mainly due to the
output voltage of the inverter changes discontinuously. As shown in Fig. 3.87, the
error between the compensating current and its reference are two shadowed areas.
Due to the symmetrical properties, the areas of the two shadowed error are the same
and the total error area is calculated by (3.123),

Serror ¼ 2
1
2
Ts
2
DI
2

þ 1
2
ðTs
2

þ DTs
2

ÞDIm � 1
2
DTs
2

ðDI
2

þDImÞ
� �

¼ 1
2
Tsð1� D

2
DIþDImÞ ð3:123Þ

where DIm is the change of the APF output current from 0 to (1 − D)Ts/2, and
DIm ¼ v

Lc
1�D
2 Ts. Combined with (3.120) and (3.122), (3.123) could be further

revised as:

Serror ¼ T2
S

4Lc
ðDVdc � D2VdcÞ ð3:124Þ

Since D is the duty ratio and varies from 0 to 1, Serror increases as Vdc increases.
According to (3.125), dSerror/dD equals to zero when D = 1/2, i.e., the maximum
value of Serror occurs when D = 1/2.

dSerror
dD

¼ T2
s

4Lc
ðVdc � 2DVdcÞ ¼ 0 ð3:125Þ

Iripple is defined as the maximum variation of the output current of the APF from
the reference current in a period. When D = 1/2, Iripple is

Iripple ¼ DIm þ ð1� DÞ
2

DI ¼ TsVdc

8Lc
ð3:126Þ
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If the current ripple is set to be smaller than DIr, (3.127) is obtained.

Lc 
 Vdc

8fSDIr
ð3:127Þ

For multi-level inverter, the dc bus voltage Vdc is split to (N − 1) levels, and
(3.127) is revised as (3.128).

Lc 
 Vdc

8ðN � 1ÞfsDIr ð3:128Þ

In addition, if left-aligned or right-aligned modulation is used instead of
symmetrical-aligned modulation, the corresponding current ripple is (3.129). The
current ripple is doubled. Hence, the symmetrical-aligned modulation is better for
suppressing current ripple and is suggested to be adopted in APFs. Finally, (3.128)
is employed for handling coupling inductor values.

Iripple ¼ TsVdc

4Lc
ð3:129Þ

3.6.2.2 Current Tracking Speed

The relationship between the coupling inductor and the slope of the compensating
current is:

dic
dt

¼ vinv � v
Lc

ð3:130Þ

where ic is the compensating current of APF. When reactive current and current
harmonics are compensated simultaneously by APF, the current slope is expressed
as:

dic
dt

¼ dicfq
dt

þ dicn
dt

ð3:131Þ

where dicfq
dt ¼ ffiffiffi

2
p

Icfqx cosðxt � 90	Þ ¼ ffiffiffi
2

p
Icfqx sinxt

dicn
dt

¼ dðP1
n¼2

ffiffiffi
2

p
Icn sinðnxt � uhÞÞ
dt

¼
X1

n¼2

ffiffiffi
2

p
Icnnx cosðnxt � uhÞ

In order to track the compensating current, the right side of (3.130) should be
larger than the maximum current slope. Hence, (3.132) is obtained.
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Lc � vinv � vffiffiffi
2

p
Icfqxþ P1

n¼2

ffiffiffi
2

p
Icnnx cosðnxt � uhÞ

ð3:132Þ

It’s difficult to predict the voltage difference at the instant when the maximum
current changing rate is required. In order to calculate the boundary of the inductor
value according to (3.132), complex measurement of the load currents are necessary
to provide the required parameters. For simplicity, (3.133) is proposed to replace
(3.132) in order to estimate the upper boundary of the coupling inductor of the APF.

Lc � dvVdc

rIcx
ð3:133Þ

It is suggested to select dv in the range of 0.1–0.3. Ic is the current rating of the
APF and r is suggested to select the order of the most significant harmonic in the
load currents. It is easy to estimate the r value without measuring the load currents.
When the loads are mainly home or office appliances, which uses single-phase
switch mode power supply, r should be three. If the load is a three-phase adjustable
speed drive, r usually selects five. With the determination of Lc, the current tracking
speed can be determined.

3.6.2.3 Method for Calculating Coupling Inductance

Combining the results of the previous two parts; the range of the
coupling-inductance of an APF is expressed as (3.134). The detailed explanations
for each parameter are given in Table 3.31. The lower boundary is totally deter-
mined by the APF settings. The last two parameters in Table 3.31 vary with
non-linear loads to be compensated and are used for estimating the upper boundary.

Vdc

8fsðN � 1ÞDIr � Lc � dvVdc

rxIc
ð3:134Þ

Table 3.31 Parameters for calculating inductor value

Parameter Explanation Example

Vdc DC bus voltage of the inverter 200 V

N The level of the VSI 3

fs PWM frequency 5000

Ic Current rating of the APF (RMS) 5 A

ω Fundamental frequency 314

ΔIr Maximum current ripple. Typical value: 10 % Ic 0.5 A

δv Typical value: 0.1–0.3 0.2

r The order of the most significant harmonic 3
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When the final value of the inductor is determined, a value close to the lower
boundary should be selected because it could provide better current tracking speed
with acceptable current ripples. A smaller inductor also reduces the cost. However,
the final value should be tested by estimating the upper boundary according to
(3.134). In some cases, the derived upper limit of the inductor value is smaller than
the lower limit. It indicates conflicts exist in the requirement of current tracking
speed and suppressing current ripple. Some approaches, such as increasing PWM
frequency and adopting multi-level VSI, could be considered to reduce the lower
boundary. Another alternative solution is to use LR, LC or LCL filter in the cou-
pling circuits [35].

3.6.2.4 Simulation Results

Simulation models are built by using PSCAD/EMTDC. Parameters are listed in
Table 3.31 and the RMS value of source voltage V is 55 V. The simulation model
of an APF using three-level center-split VSI is first built. The Lc lower boundary is
5 mH by using the proposed method and the Lc upper boundary is 8.4 mH.
Figure 3.88 shows the performance of the APF to track the compensating current
reference for three different inductor values. When inductor value is 5 mH, the
source currents are shown in Fig. 3.89, in which the APF begins compensation at
0.04 s.

3.6.3 Implementation of a Three-Phase Four-Wire APF
Prototype

3.6.3.1 System Configurations of Three-Phase Four-Wire APFs

Prototypes of three-phase four-wire active power filters have been developed. The
system configuration of the three-phase four-wire active power filter is shown in
Fig. 3.90. If switch “K” is connected to the mid-point of the dc bus, three-leg
center-split VSI is used. Otherwise, the switch “K” is connected to the fourth-leg of
the VSI and a four-leg VSI is used.

The control system of the APP includes three main blocks. Descriptions about
these blocks are provided in the following sections.

• Sampling circuits
• Digital control system
• Switching devices and their driving circuits
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3.6.3.2 Sampling Circuits

The system voltages, load currents and injecting currents from the APF are mea-
sured by transducers. These signals are required to determine the compensating
currents and reference voltages. The voltage and current transducers are selected
according to the working frequency, work rating, the required accuracy, linearity
and response time. For example, both current transformers (CT) and Hall Effect
transducers can be used to measure the currents. CT is much cheaper especially for
measuring high currents. However, it introduces phase shifting to the detected
signal. For high frequency component in the current, the saturation effect of the CT
also distorted the current waveform.

Fig. 3.88 Output current and reference current of the APF using three-level VSI
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The prototype adopts transducers that are based on the Hall effects, which can
transfer large electrical signals into small analog signals. The photo of the voltage
and current transducer board is shown in Fig. 3.91. The output analog signals of the
transducers are ac voltages, and its range is between −5 and 5 V.

The measured signals are finally sent to the A/D converter and converted to
digital signals. If the output signals of the transducer do not satisfy the voltage

Fig. 3.89 Source current when Lc = 5 mH
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Fig. 3.90 System configuration of the APF prototypes

3.6 Design and Implementation of Active Power Filters 153



requirements of the analog to digital (A/D) converter, signal conditioning circuits
need to be added. In the prototype of the APF, the signal conditioning circuits are
implemented on the same board with the transducers. The schematic figure of the
signal conditioning circuits is shown in Fig. 3.92.

The selected A/D converter can accept input analog signals in the range of
0–3.3 V. Therefore, the output voltage of the sampling circuits should be consistent
with (0–3.3 V). In order to avoid the saturation when the input voltage approaches
3.3 V, the peak output voltage is changed to the range between 0.3 and 3.0 V.
According to the schematic shown in Fig. 3.92, the signal conditioning equation is
expressed as:

v0 ¼ R5
R2

vin þ R5
R3

� 15 ð3:135Þ

Set R5 = 2.2 kΩ and R3 = 20 kΩ, then vo ¼ 2:2k
R2 vin þ 1:65. The peak value of

the output voltage of the transducers equals to 5
ffiffiffi
2

p
. R2 is 11 kΩ, so that the output

Fig. 3.91 The transducer boards
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voltage V0 of the signal conditioning circuits is about 3.06 V. R10, R11, and R12 in
Fig. 3.92 are adjustable resistor, which are used to adjust the zero point of the
transducer output. R8 and C1 combine an active first order low-pass filter, which
aims at filtering the high frequency noise signal. The final outputs of the signal
conditioning circuits are sent to the A/D converter.

3.6.3.3 Digital Control System

The block diagram of the control system of the APF is given in Fig. 3.93. The
reference voltage calculation is achieved based on TMS320F2407 controller from
Texas Instrument. It is a low cost and high performance controller in real-time and
motor/machine control. A sixteen-channel 10-bit A/D converter is embedded in the
chosen DSP. There is a total of sixteen multiplexed analog inputs of 10-bit A/D
converter core with built-in Sample and Hold (S/H). After conversion, the digital
value of the selected channel is stored in the appropriate result register.

The reference voltages are written to the data buffers in 3D PW modulator.
The DSP only implements the sampling and reference calculations. The FPGA-based
3D PW modulator generates the trigger signals based on the 3D direct PWM. The
programs in DSP are mainly composed of two parts, as shown in Fig. 3.94.

Figure 3.94a is the main program, which initializes the variables and the registers
to make preparation for the sampling. In addition, the control registers, embedded in
FPGA is also initialized, so that the PWM period, VSI topology and dead-band time
are set for the FPGA-based PWmodulator. After all the initializations are finished, the
main program stops in an infinite loop and waits for the interrupts.

Figure 3.94b is the interrupt service routine (ISR), and the corresponding flow
chart is given in Fig. 3.94b. The interrupt is triggered in every sampling period.
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Fig. 3.93 Block diagram of the control system of the APF
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The A/D conversion, reference signal calculations are all performed in this interrupt
service routine. The obtained reference voltages are written to the registers inside
the FPGA-based 3D PW modulator; then the corresponding trigger signals are
generated by the generalized 3D PW modulator.

3.6.3.4 Switching Devices and Driving Circuits

The switching devices are selected for implementing the VSI. The introduction of
the metal-oxide semiconductor (MOS) technology to the processing area of power
semiconductors has created revolutionary device and application advantages. The
presently available power switch category includes several device types including
metal-oxide semiconductor field effect transistors (MOSFETs), gate turn off
(GTO) thyristors, and insulated gate bipolar transistors (IGBTs).

The IGBT has the merit of low switching losses and require very little drive
power at the gate. IGBT converters cover a power range up to several megawatt.

Start

System Initialization

Data buffer 
Initialization

PWM Initialization

Waiting for Interrupt
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Fig. 3.94 Flow charts of the program a main program b interrupt service routine
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The switching frequencies range from a few kilohertz up to 20 kHz at derated
power capability. The Mitsubishi third generation IGBT PM300DSA060 is selected
in the two-level VSI prototype, which is a 300 A, 600 V, dual intelligent power
module (IPM). The intelligent power module provides the user with the additional
benefits of equipment miniaturization and reduced time to market as they include
gate drive circuit and protection circuits [36, 37]. The appearance of the selected
dual IPM is shown in Fig. 3.95a. It provides two series IGBT switches in one
module, as shown in Fig. 3.95b [38]. This module can be used as one leg of a
two-level VSI, which provides great convenience to the hardware implementation.

The schematic figure of the IPM drive board is shown in Fig. 3.96. The IPM
drive board is made to control the switching state of IPM with the trigger signals
from digital controller.
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Fig. 3.95 IPM module a appearance, b structure of the dual IPM model
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Fig. 3.96 Schematic diagram of driver circuits for IPM module
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The followings are some considerations for the design of the IPM driver in
consideration of FPGA I/O requirement.

• The SN74HCT08 is used to protect the I/O of FPGA. SN74HCT08 works as a
buffer, since the current of I/O of FPGA is recommended to be kept within
1.67 mA per pin for 3.3 V-tolerance; while the typical working current of
HCPL4504 is 16 mA.

• +VL, R7 and R8 are combined as resistor divider to pull up the signal “FO” and
to limit the voltage of the pull-up signal “FO” within 3.3 V (not over the FPGA
I/O voltage limit).

• The RC low-pass filter is adopted to filter the noise which could probably be on
the fault signal. The selection of R1 should consider the current of FPGA I/O,
“FO” pull-up potential, and RC low-pass filter’s load effect.

3.6.4 Experimental Results

3.6.4.1 Three-Phase Four-Wire APF Using a Two-Level Center-Split
VSI

The experimental results for the three-phase four-wire APF, in which a two-level
three-leg center-split VSI is used, are given in this section. The system configu-
ration of the APF is shown in Fig. 3.97, where the neutral wire is connected to the
mid-point of the dc bus.
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Fig. 3.97 Three-phase four-wire APF using a two-level three-leg center-split VSI
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The generalized 3D direct PWM is applied to control the two-level three-leg
center-split VSI. Figure 3.98 gives the source and neutral currents and its corre-
sponding THD% before compensation. The RMS value of source currents is around
0.93 A and THD is about 32.1 %. The main harmonics are 3rd, 5th and 7th which
are determined by the nonlinear loads. Figure 3.99 shows the source and the neutral
currents and the corresponding THD after compensation. The THD of source
current reduces to 7.4 % after compensation. Results indicate that the current
harmonics are compensated and neutral current is reduced by the three-phase
four-wire APF.

Fig. 3.98 Source and neutral currents before APF compensation

Fig. 3.99 Source and neutral currents after APF compensation
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3.6.4.2 Three-Phase Four-Wire APF Using a Two-Level Four-Leg VSI

The system configuration of the APF is shown in Fig. 3.100, in which a two-level
four-leg VSI is used. In this case, the neutral wire is connected to the fourth-leg of
the voltage source inverter. The generalized 3D direct PWM is applied to control
the four-leg VSI.

The system voltage, load currents and source currents after compensation are
shown in Fig. 3.101. The THD of the load currents is about 30.2 %. The THD of the
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Fig. 3.100 Three-phase four-wire APF using a two-level four-leg VSI

Fig. 3.101 Current compensation using a two-level four-leg VSI based APF
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source currents after compensation is reduced to 7.1 %. The neutral current is also
greatly reduced after compensation. Therefore, the validity of 3D direct PWM in
controlling a two-level four-leg VSI in a three-phase four-wire APF is also proved.

3.6.4.3 Three-Phase Four-Wire APF Using a Three-Level
Center-Split VSI

In this section, a three-level three-leg center-split VSI is used in the three-phase
four-wire APF. The system configuration of the APF is shown in Fig. 3.102. The
generalized 3D direct PWM is applied to control the three-level center-split VSI.

The load currents are shown in Fig. 3.103. The source currents after compen-
sation are shown in Fig. 3.104. The corresponding THD values of the source
currents and load currents are listed in Table 3.32. The RMS values of the neutral
current before and after compensation are also given in Table 3.32. The results
indicate that the current harmonics and neutral current are compensated.

The reactive power compensation performance is illustrated in Fig. 3.105. The
corresponding power factor and displacement power factor are listed in Fig. 3.105.
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Fig. 3.102 Three-phase four-wire APF using a three-level center-split VSI
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Fig. 3.103 Load currents

Fig. 3.104 Source current after APF compensation using a three-level center-split VSI

Table 3.32 Compensation results of APF when a three-level center-split VSI is used

THD A (%) THD B (%) THD C (%) Neutral (A)

Load currents 25.2 25.3 25.4 1.56

Source currents after compensation 7.5 6.5 6.2 0.53
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It can be found that the power factor approaches one after the reactive power is
compensated by the APF. Therefore, the APF also can compensate reactive power
if proper reference generation algorithms are used.

3.7 Summary

In this chapter, active power filters are discussed. Basically, an active power filter is
constructed by an inductor connecting in series with a power electronics converter.
The development of active power filters is discussed in the first section. However,
the main purpose for this book is to introduce the three-phase four-wire power
quality compensators. As a result, four-leg and three-leg center-split VSIs are
mainly mentioned. Mathematical models of the four-leg and three-leg center-split
VSIs as active power filters are given in the corresponding sections. This chapter
can be summarized as follows:

(1) Four-leg and three-leg center-split VSI operated as three-phase four-wire
power quality compensators are discussed. Its related voltage control reference
signals corresponding to the required compensating currents as well as current
control algorithms are mentioned.

(2) Based on the space basis, three-dimension space vectors can be deduced.
Space vector allocation and their amplitudes of four-leg and three-leg
center-split VSIs are compared and discussed.

(3) The corresponding hysteresis PWM, sign rectangular bar hysteresis PWM,
cylindrical coordinate control, space vector modulations, direct PWM for
control strategies are given.

(4) DC linked voltage control and comparison are discussed.
(5) Multi-level topology comparison and generalized control method for

three-phase four-wire systems as active power filters are given.

Fig. 3.105 Reactive power compensation: a voltage and load current, b voltage and source
current after compensation
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Chapter 4
Hybrid Active Power Filters

Abstract In this chapter, the hybrid active power filters are discussed. In Sect. 4.1,
the development of hybrid active power filters (HAPFs) is initially presented. Then
different hybrid active filter (HAPF) topologies have been compared and discussed
in details in Sect. 4.2. Among them, LC-coupling HAPF (LC-HAPF) topology is
being chosen for further investigation in this chapter because it can offer the lowest
cost, size and weight, and has potential to provide dynamic reactive power com-
pensation. Owning to the limitations or existing problems of the LC-HAPF as
discussed in Sect. 4.3, this chapter aims to provide their corresponding solutions
one by one. In Sect. 4.4, the harmonic resonances prevention, compensation
capabilities and system robustness of the LC-HAPF are studied and investigated
based on the deduced circuit model. Then different dc-link voltage control tech-
niques for the LC-HAPF while performing dynamic reactive power compensation
are explored and presented in Sect. 4.5. A novel adaptive dc-link voltage control
technique for LC-HAPF in reducing switching loss and switching noise under
reactive power compensation is proposed in Sect. 4.6. This adaptive control tech-
nique is also applied to active power filter (APF) for investigating switching loss
and switching noise reduction. In Sect. 4.7, a minimum inverter capacity design for
LC-HAPF in dynamic reactive power and current harmonics compensation is also
studied and discussed. Finally, the design and performance of a LC-HAPF exper-
imental system will be presented and discussed in Sect. 4.8, which can effectively
compensate both dynamic reactive power and current harmonics in the three-phase
four-wire distribution power systems.

4.1 Development of Hybrid Active Power Filters (HAPFs)

In order to improve the compensation characteristics of Passive Power Filters
(PPFs) and to reduce the voltage and/or current ratings (costs) of the Active Power
Filters (APFs), different hybrid active power filter (HAPF) topologies composed of
active and passive filters in series and/or parallel have been examined in past
researches [1–26]. They can be classified into three general types: HAPF topology

© Springer Science+Business Media Singapore 2016
M.-C. Wong et al., Parallel Power Electronics Filters
in Three-Phase Four-Wire Systems, DOI 10.1007/978-981-10-1530-4_4
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1—series APF and shunt PPF [1–8], HAPF topology 2—shunt APF and shunt PPF
[1, 2, 9–13], and HAPF topology 3—APF in series with shunt PPF [2, 13, 17–26]
as shown in Fig. 4.1.

4.1.1 HAPF Topology 1—Series APF and Shunt PPF [1–8]

The HAPF topology 1—series APF and shunt PPF circuit configuration is shown in
Fig. 4.1a. Figure 4.2 shows this HAPF topology in three-phase three-wire power
system presented by Peng et al. in 1988 [4] and three-phase four-wire power system
presented by Salmeron and Litran in 2010 [8] respectively. The APF is connected in
series with the distribution power system through filtering inductor, capacitor
(LC) and coupling transformer (CT) while the shunt PPF can be a tuned LC filter,
high pass filter or any combination of them.

Under this HAPF topology, the APF acts as a harmonic isolator between the
system source and load sides by forcing the load harmonic current flowing into the
shunt PPF. At the fundamental frequency, the shunt PPF shows high impedance
while the series APF shows low impedance. On the contrary, the shunt PPF shows
low impedance while the series APF shows high impedance at harmonic frequency.
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Fig. 4.1 Three general types of HAPF topology: a HAPF topology 1—series APF and shunt PPF,
b HAPF topology 2—shunt APF and shunt PPF and c HAPF topology 3—APF in series with
shunt PPF
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This HAPF topology aims to reduce the current rating of the APF. Moreover, it can
prevent the series and parallel resonance phenomena.

However, the series APF requires adequate protection in case of malfunction of
the APF because it is in series with the distribution power system. Moreover, as the
series APF is connected to the power system through CT, its CT is capable to
withstand full load current, thus increasing the system cost, size and loss.

4.1.2 HAPF Topology 2—Shunt APF and Shunt PPF
[1, 2, 9–13]

The HAPF topology 2—shunt APF and shunt PPF circuit configuration is shown in
Fig. 4.1b. Figure 4.3 shows this HAPF topology with CT in three-phase three-wire
power systems presented by Khositkasame and Sangwongwanich in 1997 [9] and
Corasaniti et al. in 2009 [12], and without CT in three-phase four-wire power systems
presented by Chiang et al. in 2005 [11] respectively. The shunt APF can be connected
to the distribution power system through coupling (L) with or without CT while the
shunt PPF can be a tuned LC filter, high pass filter or any combination of them.

Under this HAPF configuration, the PPF acts as main compensator and the APF
is used to compensate the remaining current harmonic contents which have been
filtered by the PPF, so as to improve the system filtering performance. Thus, this
HAPF topology aims to reduce the current rating of the APF. In addition, the
advantages of this topology are: the shunt APF is applicable if the shunt PPF
already exists and the reactive power is controllable. Moreover, it can prevent the
parallel resonance phenomenon.

However, the APF cannot change either the voltage across the PPF or the current
through the PPF. Therefore, large circulating current will be generated by the PPF if
the PPF impedance is low at the voltage distortion frequency. To prevent the
harmonic current flows to the supply, the required APF current rating will still be
high. If the APF is directly connected to the distribution power system without CT,
its required voltage rating is high too. By adding CT, its voltage rating can be

Fig. 4.2 HAPF topology 1—series APF and shunt PPF presented by: a Peng et al. in 1988 [4] and
b Salmeron and Litran in 2010 [8]
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reduced; however, using CT will increase the system cost, size and loss. By
choosing the PPF as a high pass filter, this HAPF topology can refrain from
obtaining low PPF impedance at the voltage harmonic frequencies. However, high
pass filters (with resistance) increase the filter losses and reduce the filtering
effectiveness at the tuned frequency.

4.1.3 HAPF Topology 3—APF in Series with Shunt PPF
[2, 3, 17–26]

The HAPF topology 3—APF in series with shunt PPF circuit configuration is shown
in Fig. 4.1c. Figure 4.4 shows this HAPF topology with CT in three-phase three-wire
power system presented by Fujita and Akagi in 1991 [3] and Rivas et al. in 2003 [17],
and without CT in three-phase three-wire power system presented by Srianthumrong
and Akagi in 2003 [20] respectively. The APF and PPF are connected in series with
or without CT, and then this HAPF is shunt to the distribution power system. The PPF
can be a tuned LC filter or high pass filter or any combination of them.

Under this HAPF configuration, the APF aims to change the impedance of the
PPF so that the PPF has a nearly zero impedance to load-side current harmonics and
infinite impedance to system-side voltage harmonics, so as to improve the com-
pensation characteristics of the PPF. When a PPF and an APF are connected in
series, the fundamental system voltage mainly drops on the capacitor of the PPF,
but not that of the APF. Thus, this HAPF topology aims to reduce the voltage rating
of the APF. Moreover, it can prevent the series and parallel resonance phenomena.

Fig. 4.3 HAPF topology 2—shunt APF and shunt PPF presented by: a Khositkasame and
Sangwongwanich in 1997 [9], b Chiang et al. in 2005 [11] and c Corasaniti et al. in 2009 [12]
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4.2 Comparison Among Three General HAPF Topologies

Table 4.1 shows the characteristics and comparisons among these three general
HAPF topologies. They aim to perform current harmonic compensation only and
can only inject a fixed amount of reactive power which is provided by its passive
part. In practical case, the load-side reactive power consumption varies from time to
time, they cannot perform satisfactory dynamic reactive power compensation. As
shown in Table 4.1, HAPF topology 3 can be considered as the best one among the
three general topologies because (i) it can effectively prevent series and parallel
resonances, (ii) it has potential to generate less switching noise as it requires a low
dc-link voltage and (iii) it does not contain large circulating current problem and
can easily bypass the system in case of malfunction of APF or PPF.

In addition, the comparisons among the HAPF topology 3 [3, 17, 20] as shown
in Fig. 4.4 are summarized in Table 4.2. From Table 4.2 and Fig. 4.4c seems to be
an appropriated and cost-effective topology because it offers the lowest initial cost,
size and weight. Moreover, it has the potential to provide the best dynamic reactive
power compensation capability. Its coupling LC functions not only as a harmonic

Fig. 4.4 HAPF topology 3—APF in series with shunt PPF presented by: a Fujita and Akagi in
1991 [3], b Rivas et al. in 2003 [17] and c Srianthumrong and Akagi in 2003 [20]
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Table 4.1 Characteristics and comparisons among three general HAPF topologies

HAPF topology 1 [1–8] HAPF topology 2 [1, 2, 9–13] HAPF topology
3 [2, 3, 17–26]

Function of APF Harmonic isolator Harmonic compensator To improve the
filtering
characteristics of
PPF

Series and parallel
resonance
preventing
capability

Effective on both Effective on parallel resonance Effective on both

Advantages • Current capacity
reduction of APF

• Applicable even PPF
already exists

• Current capacity reduction of
APF

• Applicable even PPF already
exists

• Voltage
capacity
reduction of
APF

Disadvantages • Special isolation and
protection during
series APF
malfunction

• Extra loss due to CT

• Large circulating current
generated during low PPF
impedance at harmonic
voltage

• Extra loss—with CT

• Need
modification if
PPF already
exists

• Extra loss—
with CT

Cost High due to CT High—with CT
Lower—cwithout CT

High—with CT
Lower—without
CT

Size and weight Bulky due to CT Bulky—with CT
Lighter—without CT

Bulky—with CT
Lighter—
without CT

Harmonic current
compensation

Mainly support Mainly support Mainly support

Dynamic reactive
power
compensation

Possible to support Possible to support Possible to
support

Table 4.2 Comparisons among HAPF topology 3 presented by: Fujita and Akagi in 1991 [3],
Rivas et al. in 2003 [17] and Srianthumrong and Akagi in 2003 [20]

Figure 4.4a Figure 4.4b Figure 4.4c

Fujita and Akagi
in 1991 [3]

Rivas et al. in
2003 [17]

Srianthumrong and
Akagi in 2003 [20]

Cost Highest High Lowest

Size and weight Bulky Bulky Lightest

Coupling transformer 3 3 0

AC inductor 12 9 3

AC capacitor 12 9 3

Resistor 3 0 0

Harmonic current
compensation

Best Good Medium

Dynamic reactive power
compensation

N/A N/A N/A
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filter but also as a switching ripple filter. In this Chapter, therefore, this LC coupling
HAPF (LC-HAPF) topology is focused under three-phase distribution power
system applications.

4.3 Existing Problems and Operation Principles
of Conventional LC-HAPF

The LC-HAPFs are usually proposed in three-phase three-wire power systems
[19–26]. When the LC-HAPF is applied to three-phase four-wire power systems,
either center-split voltage source inverter (VSI) or four-leg VSI can be used.
Compared with the four-leg VSI configuration, with just a slight increase in the
operating dc-link voltage and an additional low cost dc capacitor for the three-leg
center-split VSI, the center-split VSI configuration can save two costly power
electronic switches and driver circuits [22]. Thus, the three-leg center-split VSI
structure is chosen for the three-phase four-wire LC-HAPF. Figure 4.5 illustrates
the system configuration of a three-phase four-wire center-split LC-HAPF, where
the subscript ‘x’ denotes phase x = a, b, c. vsx is the system voltage, vx is the load
voltage, Ls is the system inductance. isx, iLx and icx are the system, load and inverter
compensating currents for each phase. Cc1 and Lc1 are the coupling capacitor and
inductor of the LC-HAPF. Cdc1, Vdc1U and Vdc1L are the dc capacitor, upper and
lower dc capacitor voltages of the LC-HAPF with Vdc1U = Vdc1L = 0.5Vdc1. The
dc-link midpoint is assumed to be ground reference (g). From Fig. 4.5, the inverter
line-to-ground voltages vinvlx-g will be equal to the inverter line-to-neutral voltages
vinvlx-n because the neutral point n is connected to the dc-link midpoint g. The load
can be a nonlinear load, a linear load or their combination. The nonlinear loads are
composed of three single-phase diode rectifiers, which act as harmonic producing
loads in this chapter.

The PPF part of the LC-HAPF is composed of a LC filter, in which the coupling
Cc1 and Lc1 are designed based on the average fundamental reactive power con-
sumption and the n1th harmonic current order of the loading. The reactance of Cc1

and Lc1 can be expressed as:

XCc1 ¼ V2
x

�QLxf

�

�

�

�

þXLc1; XLc1 ¼ 1
n21

XCc1 ð4:1Þ

where Vx is the RMS load voltage, �QLxf is the phase average fundamental reactive
power consumption of the loading. From (4.1), Cc1 can be expressed as:

Cc1 ¼ n21 � 1
n21

� � �QLxf

�

�

�

�

2pf � V2
x

ð4:2Þ
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Then the coupling Lc1 can be expressed as:

Lc1 ¼ 1

n1 � 2pfð Þ2 �Cc1
ð4:3Þ

where n1 is the tuned harmonic order. This Lc1 can be used to smooth the inverter
output current ripple.

4.3.1 Existing Problems of Conventional LC-HAPF [19–26]

The existing problems of conventional LC-HAPF are listed below:

(1) Seldom overall study on its resonance prevention capability, filtering perfor-
mance and system robustness.

(2) Its active VSI part is solely responsible for current harmonic compensation
and it can only inject a fixed amount of reactive power which is provided by
its coupling LC, thus the conventional LC-HAPF is a current
harmonic-oriented design compensating system. As a result, it cannot perform
satisfactory dynamic reactive power compensation because the load-side
reactive power varies from time to time.

(3) LC-HAPF and other HAPF topologies are all operating at a fixed dc-link
voltage level. Without adding extra soft-switching hardware components, they
cannot reduce its switching loss and switching noise during operation.

Fig. 4.5 System configuration of a three-phase four-wire center-split LC-HAPF
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(4) Its minimum inverter capacity requirement for reactive power and current
harmonic compensation has not been mathematically deduced.

In this chapter, the corresponding solutions for the existing problems of the
conventional LC-HAPF will be presented and discussed.

4.3.2 LC-HAPF Reference Compensating Current
Determination Based on Single-Phase Instantaneous
P-Q Theory

The compensation principle of the LC-HAPF is to generate a compensating current
to the utility, so that it corrects the power factor close to unity and cancels harmonic
currents. The reference compensating current calculation for the LC-HAPF can be
achieved by the well-known instantaneous three-phase p-q theory proposed by
Akagi et al. [27, 28] or the generalized single-phase p-q theory proposed by
Khadkikar et al. [29].

The instantaneous p-q theory was originally developed for three-phase
three-wire and four-wire systems [27, 28]. Recently, the p-q theory was devel-
oped and expanded for single-phase systems [29]. In addition, this single-phase p-
q theory can also be well applied to three-phase or even multiphase systems. The
single-phase p-q theory is based on an instantaneous π/2 lag or π/2 lead of voltage
and current to define the original system as a pseudo two-phase system. Thus, the
overall system can then be easily represented in α-β coordinates. The phase load
voltage vx and load current iLx (x = a, b, c) are considered as quantities on the α-
axis, whereas β-axis quantities are obtained by a π/2 lag or π/2 lead of the phase
load voltage and load current [29]. The phase load voltage vx and current iLx
representation in α-β coordinates with a π/2 lag can be expressed as:

vxa
vxb

� �

¼ vx
vxe�jp=2

� �

ð4:4Þ

iLxa
iLxb

� �

¼ iLx
iLxe�jp=2

� �

; ð4:5Þ

where the subscript x = a, b, c. The phase instantaneous active power pLx and
reactive power qLx can be expressed as:

pLx
qLx

" #

¼ vxa vxb
�vxb �vxa

� �

� iLxa
iLxb

" #

ð4:6Þ
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The pLx and qLx can also be expressed as:

pLx ¼ �pLx þ ~pLx ð4:7Þ

qLx ¼ �qLx þ ~qLx; ð4:8Þ

where �pLx and �qLx represent the DC components responsible for instantaneous
fundamental active and reactive powers respectively, whereas ~pLx and ~qLx represent
the AC components responsible for harmonic power.

To compensate the reactive power and current harmonics generated by the load,
the reference compensating current icx_q for each phase of the LC-HAPF can be
calculated by:

icx q ¼ 1
Ax

�vxa � ~pLx þ vxb � qLx
� � ð4:9Þ

where Ax ¼ v2xa þ v2xb. The term ~pLx in (4.9) can easily be extracted from pLx by
using a low-pass filter (LPF) or high-pass filter (HPF).

4.3.3 LC-HAPF Reactive and Harmonic Reference
Compensating Current Determination and PWM
Control Block Diagram

Figure 4.6 shows the reactive and harmonic reference compensating current
deduction and PWM control block diagram for the three-phase four-wire LC-HAPF
without dc-link voltage control, in which the dc link voltage control will be dis-
cussed in Sect. 4.5. After the instantaneous reference compensating current icx_q is
determined, the final reference compensating current can be i�cx ¼ icx q without the
dc control. Then the reference compensating current i�cx and the compensating
current icx will be sent to the current PWM control part and the PWM trigger signals
for the switching devices of the VSI can then be generated. And this control block
diagram will be applied for LC-HAPF in order to generate the required inverter
compensating currents.

In the following Sect. 4.4, the details of the LC-HAPF resonance prevention
capability, filtering performance and system robustness will be studied and dis-
cussed. After that, the dynamic reactive power compensation and dc-link voltage
control consideration issue for LC-HAPF will be presented and discussed in
Sect. 4.5. Then an adaptive dc-link voltage control scheme for LC-HAPF dynamic
reactive power compensation will be proposed in Sect. 4.6, so that the switching
loss and switching noise can be reduced without adding extra soft-switching
hardware components. In Sect. 4.7, the minimum inverter capacity design for the
LC-HAPF will be deduced and analyzed. Then, the design and performance of a
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220 V/10 kVA three-phase four-wire LC-HAPF experimental prototype and its
corresponding experimental results will be provided in Sect. 4.8. Finally, the
summary for this chapter will be presented in Sect. 4.9.

4.4 Analysis of Three-Phase Four-Wire LC-HAPF
Compensating Performances

In this section, the steady-state compensating performances for the LC-HAPF will
be discussed, analyzed and compared with its pure passive power filter (PPF) part
by four evaluation indexes. They are capabilities: (1) to prevent the parallel reso-
nance between the PPF and the impedance of the power system, (2) to prevent the
series resonance of the PPF, (3) to improve the filtering performance of the PPF and
(4) to enhance the system robustness [30]. First of all, a single-phase harmonic

Fig. 4.6 Reactive and harmonic reference compensating current deduction and PWM control
block diagram for the three-phase four-wire LC-HAPF
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equivalent circuit model of the three-phase four-wire LC-HAPF as shown in
Fig. 4.5 will be deduced and built. Based on the harmonic circuit model, the
steady-state compensating performances for both pure PPF part and LC-HAPF will
be presented and discussed. Then their corresponding simulation results will be
given to verify all the deduced and analyzed results. In the following, all the
analyses are based on sufficient dc-link voltage assumption.

4.4.1 LC-HAPF Single-Phase Harmonic Circuit Model

From Figs. 4.5 and 4.7 shows the LC-HAPF single-phase harmonic equivalent
circuit model, in which the nonlinear load and the active inverter part are modeled
as a harmonic current source ILxh and voltage source Vinvxlh. The subscript ‘x’
denotes phase a, b, c and the subscript ‘h’ denotes the harmonic component. Vsxh

and Vxh are the system and load harmonic voltages, Isxh, ILxh and Icxh are the system,
load and inverter compensating harmonic currents. Zsh and ZPPFh are the harmonic
impedance of the power system and PPF respectively.

Provided that the inverter of the LC-HAPF is controlled by hysteresis PWM with
hysteresis error band H ≈ 0, the inverter can be modeled as a current control
voltage source. The icx direction is given in Fig. 4.5,

When i�cxh � icxh
	 
�H, i.e. i�cxh � icxh

	 
� 0, the inverter harmonic voltage can
be expressed as:

vinvxlh ¼ 0:5Vdc1 ¼ K1 � i�cxh � icxh
	 


; K1 [ 0 ð4:10Þ

When i�cxh � icxh
	 


\� H, i.e. i�cxh � icxh
	 


\0,

vinvxlh ¼ �0:5Vdc1 ¼ K2 � i�cxh � icxh
	 


; K2 [ 0 ð4:11Þ

Fig. 4.7 LC-HAPF
single-phase harmonic circuit
model
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where i�cxh represents the reference compensating harmonic current while icxh rep-
resents the actual compensating harmonic current. As K1 and K2 are both in pos-
itive, vinvxlh can be expressed in a general form as:

vinvxlh ¼ K1 � i�cxh � icxh
	 


; K[ 0 ð4:12Þ

In ideal case, i�cxh should be equal to the load harmonic current iLxh, that is
i�cxh ¼ iLxh. As isxh + icxh = iLxh, the inverter harmonic voltage can be expressed as:

vinvxlh ¼ K1 � isxh; K[ 0 ð4:13Þ

From (4.13), Figs. 4.8 and 4.9 show the LC-HAPF single-phase harmonic circuit
models due to load harmonic current iLxh or system harmonic voltage vsxh
components.

4.4.1.1 LC-HAPF Single-Phase Harmonic Circuit Model Due to ILxh
Only

When the system voltage contains no harmonic component, that is Vsxh = 0, the
LC-HAPF single-phase harmonic circuit model due to load harmonic current ILxh is
shown in Fig. 4.8a. From Fig. 4.8a,

Isxh þ Icxh ¼ ILxh ð4:14Þ

K � Isxh ¼ IcxhZPPFh � IsxhZsh ð4:15Þ

From Eqs. (4.14) and (4.15), the harmonic currents flow into the power system
Isxh and the LC-HAPF Icxh due to ILxh only can be expressed as:

(a) (b)

Fig. 4.8 LC-HAPF single-phase harmonic circuit model: a Vsxh = 0 and ILxh is considered only
and b a harmonic equivalent circuit model due to ILxh only
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Ksxh i ¼ Isxh
ILxh

¼ ZPPFh
Kþ Zsh þ ZPPFh

ð4:16Þ

Kcxh i ¼ Icxh
ILxh

¼ Kþ Zsh
Kþ Zsh þ ZPPFh

ð4:17Þ

In a perfect LC-HAPF compensation, Ksxh_i = 0 and Kcxh_i = l should be
achieved so that the load harmonic current flows into the LC-HAPF (Icxh = ILxh)
and the power system does not contain any harmonic current (Isxh = 0). In order to
achieve this objective, K should be very large. Figure 4.8b shows a harmonic
equivalent circuit model due to ILxh only. From Fig. 4.8b, it seems that the inverter
is equivalent as a large harmonic impedance which is connected in series with the
harmonic impedance of the power system Zsh, so that it blocks the harmonic current
flowing into the power system and forces it to flow into the LC-HAPF as deduced
by (4.16) and (4.17). Therefore, the power system harmonic current Isxh can be
significantly reduced if K is significantly large.

4.4.1.2 LC-HAPF Single-Phase Harmonic Circuit Model Due to Vsxh

Only

When the load current contains no harmonic components, that is ILxh = 0, the
LC-HAPF single-phase harmonic circuit model due to system harmonic voltage
Vsxh is shown in Fig. 4.9a. From Fig. 4.9a,

Isxh ¼ �Icxh ð4:18Þ

(a) (b)

Fig. 4.9 LC-HAPF single-phase harmonic circuit model: a ILxh = 0 and Vsxh is considered only,
b a harmonic equivalent circuit model due to Vsxh only
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K � Isxh ¼ Icxh ZPPFh þ Zshð ÞþVsxh ð4:19Þ

From (4.18) and (4.19), the harmonic currents flow into the power system Isxh
and the LC-HAPF Icxh due to Vsxh only can be expressed as:

Ksxh v ¼ Isxh
Vsxh

¼ 1
Kþ Zsh þ ZPPFh

ð4:20Þ

Kcxh v ¼ Icxh
Vsxh

¼ 1
Kþ Zsh þ ZPPFh

ð4:21Þ

To minimize the effect of Vsxh to the harmonic currents in the power system and
the LC-HAPF, Ksxh_v = 0 and Kcxh_v = 0 should be achieved. In order to achieve
this objective, K should be very large. Figure 4.9b shows a harmonic equivalent
circuit model due to Vsxh only. It seems that the inverter is equivalent to large
harmonic impedance which is connected in series with the harmonic impedance of
the power system Zsh, so that the effect of Vsxh to the harmonic currents in the power
system and the LC-HAPF can be significantly reduced if K is significantly large.

From (4.16), (4.17), (4.20) and (4.21), with superposition theorem, the power
system harmonic current Isxh and the LC-HAPF compensating harmonic current Icxh
due to Vsxh and ILxh can be expressed as:

Isxh v ¼ 1
K þ Zsh þ ZPPFh

Vsxh þ ZPPFh
K þ Zsh þ ZPPFh

ILxh ð4:22Þ

Icxh v ¼ 1
Kþ Zsh þ ZPPFh

Vsxh þ Kþ Zsh
K þ Zsh þ ZPPFh

ILxh ð4:23Þ

When only pure PPF part is used, K = 0 in (4.12) and (4.13), (4.22) and (4.23)
become:

Isxh ¼ 1
Zsh þ ZPPFh

Vsxh þ ZPPFh
Zsh þ ZPPFh

ILxh ð4:24Þ

Icxh v ¼ 1
Zsh þ ZPPFh

Vsxh þ Zsh
Zsh þ ZPPFh

ILxh ð4:25Þ

Compared with (4.22) and (4.23), as K > 0, it is obvious that when the
LC-HAPF is operating, the harmonic current compensation capability is better than
the case when only its pure PPF is used. Equation (4.22) also shows that the
LC-HAPF can compensate the harmonic current caused by both the nonlinear load
and the distorted system voltage. Moreover, it has the capability to suppress the
parallel resonance between the PPF and the impedance of the power system, and
also the series resonance of the PPF. In addition, the robustness of the system may
also be improved when the LC-HAPF is adopted. In the following, the capabilities
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of the LC-HAPF to prevent both parallel and series resonance phenomena, to
improve filtering effects of the PPF and to enhance the system robustness will be
analyzed, discussed and verified by simulations.

4.4.2 Simulation Investigation of LC-HAPF Steady-State
Compensating Performances

In the section, the LC-HAPF steady-state compensating performances are studied
and discussed with: (1) capability to prevent the parallel resonance, (2) capability to
prevent the series resonance, (3) capability to improve the filtering performance of
the PPF and (4) capability to enhance the system robustness. Then the corre-
sponding simulation results for the three-phase four-wire LC-HAPF as shown in
Fig. 4.5 will be presented to illustrate and verify the PPF and LC-HAPF
steady-state compensating performance analyses. The nonlinear load as shown in
Fig. 4.5 is composed of three single-phase diode bridge rectifiers, which acts as
harmonic producing load in the simulation. Simulation studies were carried out by
using Power System Computer Aided Design (PSCAD)/Electro Magnetic Transient
in DC System (EMTDC). Table 4.3 shows the simulated system parameters for
analyzing the LC-HAPF steady-state compensating performances, where the cou-
pling inductor Lc1 and capacitor Cc1 are tuned at 5th order harmonic frequency. To
simplify the verification, the dc-link voltage of LC-HAPF is supported by external
dc voltage source and the simulated three-phase loadings are balanced. In addition,
the LC-HAPF reference compensating current can be determined by using the
control block diagram as shown in Fig. 4.6. Then hysteresis PWM is applied for
generating the required compensating current. Thus, the compensating current error
Δicx together with hysteresis band H will be sent to the current PWM control part
for generating the trigger signals to the switching devices (IGBTs) of the VSI.

4.4.2.1 LC-HAPF Capability to Prevent Parallel Resonance

The parallel resonance between the PPF and the power system impedance may
occur when the operating conditions of the power system change, which results in a
harmonic current amplification phenomenon. The magnitude diagrams of
Ksxh_i = Isxh/ILxh (4.16) with respect to frequency f and power system inductance Ls

Table 4.3 LC-HAPF
simulated system parameters
for its steady-state
compensating performance
analyses

System parameters Physical values

vx(x = a, b, c), f 220 V, 50 Hz

Ls, Lc1, Cc1 1, 5 mH, 80 μF

Vdc1U, Vdc1L 50 V

LNL1x, CNL1x, RNL1x 30 mH, 200 μF, 26 Ω
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when only PPF is employed or the LC-HAPF is employed are shown in Fig. 4.10,
in which Fig. 4.10 can help to analyze the LC-HAPF capability to prevent parallel
resonance. From Fig. 4.10a, when only pure PPF is used, K = 0 in (4.16), the
harmonic current amplification phenomenon will occur from the f range of 177–
250 Hz with Ls range from 0.1 to 5 mH respectively. When the LC-HAPF is
employed, the harmonic current amplification phenomenon disappears, as shown in
Fig. 4.10b. As a result, Fig. 4.10 clearly shows that the LC-HAPF has the capa-
bility to prevent the parallel resonance phenomenon, in which the pure PPF cannot
avoid this phenomenon.

Figure 4.11 shows the corresponding simulation results for the parallel reso-
nance prevention capability: (a) when only PPF is utilized and (b) LC-HAPF is
employed. When Ls increases from 1 to 5 mH, the parallel resonance between the
PPF and the power system impedance can occur close to the 3rd order harmonic
frequency. This results in a 3rd order harmonic current amplification phenomenon
at the system side. Figure 4.11a shows that the pure PPF compensation will enlarge
the 3rd order harmonic current at the power system side from 2.01 to 4.59 A.
This phenomenon deteriorates the compensation results as shown in Fig. 4.11a, in
which the total harmonic distortion of the system current (THDisx = 54.5 %) and
load voltage (THDvx = 10.5 %) do not satisfy the international standards
(THDisx < 15 % for IEEE▲, THDisx < 20 % (I < 40 A) for Hong Kong Power
Quality Standard, THDvx < 5 % for IEEE) [31–33]. Moreover, the system neutral
current isn has been increased from 5.84 to 13.83 A with PPF compensation.

▲ With reference to the IEEE standard 519–2014 [31], the acceptable Total
Demand Distortion (TDD) ≤ 15 % with ISC/IL is in 100 < 1000 scale (a small
rating 220 V – 10 kVA LC-HAPF prototype). The nominal rate current is assumed
to be equal to the fundamental load current at the worst case analysis, which results
in THD = TDD ≤ 15 %.

When the LC-HAPF is employed, Fig. 4.11b shows that the LC-HAPF can
obtain better compensation results without the occurrence of the parallel resonance
phenomenon. The amplitudes of system current fundamental, 3rd harmonic and
other harmonic contents have been significantly reduced. The nonlinear system
current and system displacement power factor (DPF) after the LC-HAPF
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Fig. 4.10 Capability to prevent the parallel resonance between the PPF and the impedance of the
power system: a when only PPF is utilized (K = 0) and b LC-HAPF is employed (K = 50)
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compensation become sinusoidal (THDisx = 5.6 %) and unity respectively, and the
THDvx of load voltage is 4.8 %, in which the LC-HAPF compensation results as
summarized in Table 4.4 satisfy the international standards [31–33]. Moreover,
isn has been reduced from 8.56 to 1.16 A after LC-HAPF compensation.
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Fig. 4.11 Simulation results for the parallel resonance prevention capability: a when only PPF is
utilized i Compensation performance, ii Frequency spectrum of phase a load current iLx and
system current is x after compensation and b LC-HAPF is employed i Compensation performance,
ii Frequency spectrum of phase a load current iLx and system current is x after compensation

Table 4.4 Simulation results before and after PPF and LC-HAPF compensation

Before compensation After compensation

Capabilities THDisx

(%)
isn
(A)

DPF THDisx

(%)
isn
(A)

DPF THDvx

(%)

Prevent parallel
resonance

PPF 22.0 5.84 0.845 54.5 13.83 0.998 10.5

LC-HAPF 30.0 8.56 0.838 5.6 1.16 1.000 4.8

Prevent series
resonance

PPF 30.0 8.10 0.838 >75.0 9.25 0.999 5.2

LC-HAPF 30.0 8.56 0.838 8.5 1.17 1.000 4.6

Improve filtering
performance

PPF 30.0 8.10 0.838 37.0 9.30 1.000 2.1

LC-HAPF 30.0 8.56 0.838 5.0 0.90 1.000 2.2

Enhance system
robustness

PPF 25.4 6.86 0.837 44.0 10.20 0.999 5.5

LC-HAPF 30.0 8.56 0.838 5.2 1.05 1.000 4.0
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Figure 4.11 and Table 4.4 clearly illustrate that the LC-HAPF has the capability to
prevent the parallel resonance, in which the pure PPF cannot avoid this phe-
nomenon. These simulation results verify the previous PPF and LC-HAPF parallel
resonance prevention analyses as shown in Fig. 4.10.

4.4.2.2 LC-HAPF Capability to Prevent Series Resonance

The PPF may fall into series resonance when the system harmonic voltage produces
excessive harmonic current flowing into the PPF. The magnitude diagrams of
Kcxh_v = Icxh/Vsxh (4.21) with respect to f and Ls values when only PPF is employed
or LC-HAPF is employed are shown in Fig. 4.12, which can help to analyze the
LC-HAPF capability to prevent series resonance.

From Fig. 4.12a, when only pure PPF is used, K = 0 in (4.21), the PPF harmonic
current amplification phenomenon due to the distorted system voltage Vsxh will
occur from the f range of 177 to 250 Hz with Ls range from 0.1 to 5 mH
respectively. When the LC-HAPF is employed, the PPF harmonic current ampli-
fication phenomenon disappears, as shown in Fig. 4.12b. As a result, Fig. 4.12
clearly illustrates that the LC-HAPF has capability to prevent the series resonance
as well while the pure PPF cannot.

Figure 4.13 shows the corresponding simulation results for the series resonance
prevention capability when: (a) only PPF is utilized and (b) LC-HAPF is employed.
Since the coupling Lc1 and Cc1 are tuned at 5th order harmonic frequency as shown
in Table 4.3, when 4 % of 5th order harmonic voltage is added to the system
voltage, the series resonance of the PPF can occur close to the 5th order harmonic
frequency. This results in a 5th order harmonic current amplification phenomenon
at the system side. Figure 4.13a shows that the pure PPF compensation will enlarge
the 5th order harmonic current at the power system side from 0.74 to 5.94 A. This
phenomenon deteriorates the compensation results as shown in Table 4.4, in which
the total harmonic distortion of the system current (THDisx > 75.0 %) and load
voltage (THDvx = 5.2 %) do not satisfy the international standards [31–33].
Moreover, isn has been increased from 8.10 to 9.25 A with the PPF compensation.
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When the LC-HAPF is employed, Fig. 4.13b shows that the LC-HAPF can
obtain better compensation results without the occurrence of the series resonance
phenomenon. The amplitudes of system current fundamental, 5th harmonic and
other harmonic contents have been significantly reduced. The nonlinear system
current and system DPF after LC-HAPF compensation become sinusoidal
(THDisx = 8.5 %) and unity respectively, and the THDvx of load voltage is 4.6 %, in
which the LC-HAPF compensation results as summarized in Table 4.4 satisfy the
international standards [31–33]. Moreover, isn has been reduced from 8.56 to
1.17 A with the LC-HAPF compensation. Figure 4.13 and Table 4.4 clearly
illustrate that the LC-HAPF has the capability to prevent parallel resonance while
the pure PPF cannot. These simulation results verify the previous PPF and
LC-HAPF series resonance prevention analyses as shown in Fig. 4.12.

4.4.2.3 LC-HAPF Capability to Improve Filtering Performance

From Table 4.3 and Fig. 4.14a shows a bode diagram of Ksxh_i = Isxh/ILxh (4.16)
with respect to different K values due to the effect of ILxh. Figure 4.14b shows a
bode diagram of Ksxh_v = Isxh/ILxh (4.20) with respect to different K values due to
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the effect of Vsxh. When only PPF is utilized, K = 0 in (4.16) and (4.20), the
harmonic current amplification phenomenon occurs at ω = 1120 rad/s. However,
when the LC-HAPF is employed (K = 25 or K = 50), all the harmonic current
components can be significantly decreased as shown in Fig. 4.14a, b. And the
harmonic current amplification phenomenon also disappears. In addition, the larger
the K value, the better the filtering performance can be obtained and vice versa.
These results verify that the active inverter part of the LC-HAPF is capable of
improving the filtering performance of the PPF and compensate the harmonic
current caused by both ILxh and Vsxh.

Figure 4.15 shows the corresponding simulation results for the filtering capa-
bility when: (a) only PPF is utilized and (b) LC-HAPF is employed. Referring to
Fig. 4.15a, when only pure PPF is employed, the amplitudes of the system current
fundamental and 5th harmonic have been reduced. The system DPF becomes unity
and the 5th harmonic current at the power system side reduces from 0.74 to 0.26 A.
However, a larger THDisx is obtained after PPF compensation, from 30.0 to
37.0 %, which is due to the decrease of the system current fundamental component
and increase of the 3rd order harmonic current at system side. The THDvx of load
voltage after PPF compensation is 2.1 %, in which the compensation results are
summarized in Table 4.4. The THDisx after PPF compensation does not satisfy the
international standards [31, 33]. Moreover, isn has been increased from 8.10 to
9.30 A with PPF compensation.

When the LC-HAPF is employed, Fig. 4.15b shows that the amplitudes of the
system current fundamental, 5th harmonic and other harmonic contents have been
significantly reduced. The nonlinear system current and system DPF after
LC-HAPF compensation become sinusoidal (THDisx = 5.0 %) and unity respec-
tively, and the THDvx of load voltage is 2.2 %, in which the LC-HAPF compen-
sation results as summarized in Table 4.4 satisfy the international standards
[31–33]. Moreover, isn has been reduced from 8.56 to 0.90 A with LC-HAPF
compensation. Figure 4.15 and Table 4.4 clearly illustrate that the LC-HAPF has
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the capability of improving the filtering performance of the PPF. These simulation
results verify the previous PPF and LC-HAPF filtering performance analyses as
shown in Fig. 4.14.

4.4.2.4 LC-HAPF Capability to Enhance System Robustness

Due to the effect of ILxh, Fig. 4.16 shows a bode diagram of Ksxh_i = Isxh/ILxh (4.16)
with respect to different Ls values when only PPF or LC-HAPF is employed. When
only the PPF is utilized, the harmonic current amplification point will move to the
lower frequency side as the increase of Ls value and vice versa, as shown in
Fig. 4.16a. Moreover, Ls value affects the system filtering performance. However,
when the LC-HAPF is employed, the harmonic current amplification point disap-
pears no matter what the Ls value is. Moreover, the harmonic current compensation
characteristic of the LC-HAPF does not vary at all, as shown in Fig. 4.16b.

Due to the effect of Vsxh, Fig. 4.17 shows a bode diagram of Ksxh_v = Isxh/Vsxh

(4.20) with respect to different Ls values when only PPF or LC-HAPF is employed.
Similar as Fig. 4.16, when only the PPF is utilized, harmonic current amplification
point will move to the lower frequency side as the increase of Ls value and vice
versa, as shown in Fig. 4.17a. However, when the LC-HAPF is employed, the
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harmonic current amplification point disappears no matter what the Ls value is.
Furthermore, the harmonic current compensation characteristic of the LC-HAPF
does not vary at all, as shown in Fig. 4.17b. And it has also a large attenuation of
more than −34 dB, which reflects Isxh caused by Vsxh can be significantly reduced
when the LC-HAPF is adopted. Both results in Figs. 4.16 and 4.17 verify that the
LC-HAPF has the capability of enhancing the system robustness even though Ls is
varying.

Figure 4.18 shows the corresponding simulation results for the system robust-
ness enhancement capability when: (a) only PPF is utilized and (b) LC-HAPF is
employed. When Ls increases from 1 to 3 mH, the harmonic current amplification
point of the pure PPF will move to the lower frequency side. This results in
enlarging the 3rd order harmonic current at the power system side as shown in
Fig. 4.18a. Even though the amplitudes of the system current fundamental and 5th
harmonic contents have been reduced, a larger THDisx is obtained with PPF
compensation, from 25.4 to 44.0 %. The increase of THDisx is due to the decrease
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of the system current fundamental component and the increase of the 3rd order
harmonic current. Compared with Figs. 4.15a and 4.18a yields a larger THDisx with
PPF compensation because increasing Ls to 3 mH moves the current amplification
point closer to the 3rd order harmonic frequency, thus amplifying the amplitude of
the 3rd order harmonic current more and deteriorating the compensating perfor-
mance. The THDvx of load voltage with PPF compensation is 5.5 %, in which the
compensation results are summarized in Table 4.4. Neither THDisx nor THDvx with
PPF compensation satisfy the international standards [31–33]. Moreover, isn has
been increased from 6.86 to 10.20 A after PPF compensation.

When the LC-HAPF is employed, Fig. 4.18b shows that even though Ls
increases from 1 to 3 mH, the LC-HAPF can still obtain good and similar com-
pensation results compared with Fig. 4.15b. The amplitudes of system current
fundamental, 5th harmonic and other harmonic contents have been significantly
reduced. The nonlinear system current and system DPF after LC-HAPF compen-
sation becomes sinusoidal (THDisx = 5.2 %) and unity, and the THDvx of load
voltage is 4.0 %, in which the LC-HAPF compensation results as summarized in
Table 4.4 satisfy the international standards [31–33]. Furthermore, isn has been
reduced from 8.56 to 1.05 A with LC-HAPF compensation. Figure 4.18 and
Table 4.4 clearly illustrate that the LC-HAPF has the capability of enhancing the
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system robustness. These simulation results verify the previous PPF and LC-HAPF
in enhancing system robustness analyses as shown in Figs. 4.16 and 4.17.

The above simulation results and Table 4.4 clearly illustrate that the LC-HAPF
is capable of preventing the parallel resonance between the PPF and the power
system impedance, the series resonance of the PPF, improving the filtering char-
acteristic of the PPF and enhancing the system robustness. Furthermore, the PPF
and LC-HAPF steady-state compensating performance analyses are verified.

4.5 Dynamic Reactive Power Compensation and DC-Link
Voltage Control Consideration for LC-HAPF

LC-HAPF is normally designed to deal with harmonic current rather than reactive
power compensation [19–26], the inverter part is responsible to compensate harmonic
currents only and the passive part provides a fixed reactive power value. In practical
case, the load-side reactive power consumption usually varies from time to time, and if
the loading mainly consists of induction motors such as centralized an
air-conditioning system, its reactive power consumption will be much higher than the
harmonic power consumption [34, 35]. As a result, it is necessary for the LC-HAPF
[19–26] to perform dynamic reactive power compensation together with harmonic
current compensation. Otherwise, the larger the reactive power compensation dif-
ference between the load-side and the coupling LC is, the larger the systemcurrent loss
will be and it reduces the network efficiency. Moreover, there is not much detailed
discussion on the LC-HAPF dc-link voltage control and also the inherent influence
between the reactive power compensation and dc-link voltage control methods.

Due to the limitations among the existing literatures, this section aims to
investigate and explore different dc-link voltage control techniques for the
three-phase four-wire LC-HAPF while performing dynamic reactive power
compensation:

(1) By using the traditional dc-link voltage control scheme as active current
component, an extra start-up dc-link pre-charging control process is necessary
[3, 30, 36, 37].

(2) To achieve the start-up dc-link voltage self-charging function, a dc-link
voltage control as reactive current component for the LC-HAPF is proposed
[38]; however, the LC-HAPF with this dc-link voltage control scheme fails to
provide dynamic reactive power compensation.

(3) A novel dc-link voltage control method is proposed for achieving start-up
dc-link self-charging function, dc-link voltage control and dynamic reactive
power compensation. Moreover, the proposed method can be applied for the
adaptive dc-link voltage reference control as will be discussed in Sect. 4.6.

Given that most of the loads in the distribution power systems are inductive, the
following analysis and discussion will only focus on inductive loads [39].

4.4 Analysis of Three-Phase Four-Wire LC-HAPF … 191



4.5.1 Modeling of the DC-Link Voltage in a LC-HAPF
Single-Phase Equivalent Circuit

From the three-phase four-wire center-spilt LC-HAPF as shown in Figs. 4.5 and
4.19 shows its single-phase equivalent circuit model. From Fig. 4.19, the com-
pensating current icx can flow either CdclU or CdclL and returns through the neutral
wire in both directions of IGBT switches. The dc-link capacitor voltages can be
expressed as:

Vdc1U ¼ 1
Cdc1U

Z

idc1Udt;Vdc1L ¼ � 1
Cdc1L

Z

idc1Ldt ð4:26Þ

where idclU and idclL are the dc currents of upper and lower dc-link capacitor
respectively, and

idc1U ¼ sxicx; idc1L ¼ ð1� sxÞicx ð4:27Þ

Substituting (4.27) into (4.26), the completed upper and lower dc capacitor
voltages VdclU and VdclL become,

Vdc1U ¼ 1
Cdc1U

Z

sxicxdt;Vdc1L ¼ � 1
Cdc1L

Z

ð1� sxÞicxdt ð4:28Þ

sx ¼ 1; if T1x ¼ 1 T2x ¼ 0
0; if T1x ¼ 0 T2x ¼ 1

�

ð4:29Þ

In (4.28) and (4.29), Sx represents the switching function of one inverter leg in
x phase based on the hysteresis current PWM method, which is the binary state of
the upper and lower switches (T1x and T2x). When the positive direction of icx is
assumed as shown in Fig. 4.19, the switching logic for each phase is formulated as

AC

x

T1x

T2x

g

Vdc1U

Vdc1L

Cdc1U

Cdc1L

vCc1xvLc1xcxi

U1dci

L1dci
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vsx

Fig. 4.19 Single-phase equivalent circuit model of a three-phase four-wire center-spilt LC-HAPF
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[40]: if icx [ i�cx þ hb
	 


, T1x is ON and T2x is OFF, then Sx = 1; if icx\ i�cx � hb
	 


,T1x
is OFF and T2x is ON, then Sx = 0, where i�cx is the reference compensating current,
and hb is the width of the hysteresis band.

According to the mathematical model in (4.28), if compensating current icx > 0,
the upper dc-link voltage VdclU is increased during switching function Sx = 1, while
the lower dc-link voltage VdclL is decreased for Sx = 0. The inverse results can be
obtained if icx < 0. Figure 4.20 shows the operation of a single-phase voltage
source inverter under different switching modes by using hysteresis current PWM
method [41]. The changes of the upper and lower dc-link voltages VdclU and VdclL

under different modes are summarized in Table 4.5.

Fig. 4.20 Operation of a single-phase voltage source inverter under different switching modes by
using hysteresis current PWM method

Table 4.5 The change of the capacitor voltages (VdclU, VdclL) under different Modes

Switching
mode

icx
conditions

Switching
function

Operating
circuit

Change of dc capacitor
voltage

a icx [ 0 sx ¼ 0, T1x ¼ 0,
T2x ¼ 1

Inverter Vdc1L decrease

b icx\0 sx ¼ 0, T1x ¼ 0,
T2x ¼ 1

Rectifier Vdc1L increase

c icx\0 sx ¼ 1, T1x ¼ 1,
T2x ¼ 0

Inverter Vdc1U decrease

d icx [ 0 sx ¼ 1, T1x ¼ 1,
T2x ¼ 0

Rectifier Vdc1U increase

4.5 Dynamic Reactive Power Compensation … 193



4.5.2 Influence on DC-Link Voltage During LC-HAPF
Performs Reactive Power Compensation

This section aims to present and analyze the influence on the dc-link voltage when
LC-HAPF performs reactive power compensation. Through this analysis, the
dc-link capacitor voltage will either be increased or decreased during fundamental
reactive power compensation under insufficient dc-link voltage. Moreover, the
influence is proportional to the difference between the LC-HAPF compensating
current icx and its pure reactive reference i�cxfq, where the subscript ‘f’, ‘p’ and ‘q’
denote fundamental, active and reactive components.

4.5.2.1 Reactive Power Compensation Under Sufficient DC-Link
Voltage

Under sufficient dc-link voltage, the compensating current generated by the
LC-HAPF icx can track its pure reactive reference i�cxfq as shown in Fig. 4.21, thus the
amplitude I�cxfq � Icx. Provided that the hysteresis band is small enough, the PWM
switching function in (4.29) will be evenly distributed as shown in Fig. 4.21.
According to Table 4.5, the LC-HAPF will be changed between the operating modes
of rectifier and inverter (modes a, b, c and d), and keeping the average dc-link
voltage as a constant. In ideal lossless case, the dc-link voltage will not be affected
when LC-HAPF performs reactive power compensation during I�cxfq � Icx case.
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4.5.2.2 Reactive Power Compensation Under Insufficient DC-Link
Voltage

Under insufficient dc-link voltage, the compensating reactive current generated by
the LC-HAPF icx cannot track its pure reactive reference i�cxfq, in which there are two
possible situations: (1) If the amplitude Icx [ I�cxfq, thus the instantaneous rela-
tionship gives icx [ i�cxfq during icx > 0, and icx\i�cxfq during icx < 0 as shown in
Fig. 4.22; (2) If the amplitude Icx\I�cxfq, the opposite instantaneous relationship is
given as shown in Fig. 4.23.

Hence, to force the compensating current icx to track its reference i�cxfq
correspondingly:

(1) For Icx [ I�cxfq case as shown in Fig. 4.22, when the hysteresis band is rela-
tively small compared with the difference between icx and i�cxfq, their instan-
taneous relationship between icx and i�cxfq can be expressed as follow,

icx [ ði�cxfq þ hbÞ for icx [ 0 ð4:30Þ

icx\ði�cxfq � hbÞ for icx\0 ð4:31Þ
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Based on the hysteresis PWM technique, the switching functions of (4.30) and
(4.31) are,

sx ¼ 1ðT1x ¼ 1; T2x ¼ 0Þ for icx [ 0 ð4:32Þ

sx ¼ 0ðT1x ¼ 0; T2x ¼ 1Þ for icx\0 ð4:33Þ

According to Table 4.5, the PWM switching sequences in (4.32) and (4.33)
drive the LC-HAPF to be operated in rectifier mode (modes b and d), thus
increasing the average dc-link capacitor voltage. When the dc-link voltage is
increased to sufficient high level, the LC-HAPF will change the operating mode
from Icx [ I�cxfq into I

�
cxfq � Icx, and keeping the dc-link voltage value. Therefore, for

a given fundamental reactive current reference i�cxfq (Icx [ I�cxfq), the dc-link voltage
of LC-HAPF will be self-increased to a voltage level, which lets the reference
compensating current can be tracked.

(2) For Icx\I�cxfq case as shown in Fig. 4.23, the instantaneous relationship
between icx and i�cxfq is:

icx\ði�cxfq þ hbÞ for icx [ 0 ð4:34Þ

icx [ ði�cxfq � hbÞ for icx\0 ð4:35Þ
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The switching functions of (4.34) and (4.35) are,

sx ¼ 0ðT1x ¼ 0; T2x ¼ 1Þ for icx [ 0 ð4:36Þ

sx ¼ 1ðT1x ¼ 1; T2x ¼ 0Þ for icx\0 ð4:37Þ

According to Table 4.5, the PWM switching sequences in (4.36) and (4.37)
drive the LC-HAPF to be operated in inverter mode (modes a and c), thus
decreasing the average dc-link capacitor voltage.

4.5.3 LC-HAPF Operation by Conventional DC-Link
Voltage Control Methods

4.5.3.1 DC-Link Voltage Control Method as Active Current
Component

Traditionally, if the indirect current (voltage reference) PWM control method is
applied, the dc-link voltage of the inverter is controlled by feedback the dc control
signal as reactive current component [3, 20–25, 30, 36, 37]. However, when the
direct current PWM control method is applied in [3, 20–25, 30, 36, 37], the dc-link
voltage should be controlled by feedback the dc control signal as active current
component. Both dc-link voltage control methods are equivalent to each other.

When LC-HAPF performs reactive power compensating, the reference com-
pensating current i�cx is composed by,

i�cx ¼ i�cxfq þ i�cxfp dc
¼ i�Lxfq þ i�cxfp dc

ð4:38Þ

where i�cxfp dc is the dc-link voltage controlled signal related to active current
component, i�Lxfq is the loading fundamental reactive current which is equal to the
reference compensating fundamental reactive current i�cxfq,i

�
cxfq ¼ i�Lxfq.

However, to perform the reactive power and dc-link voltage control action in
(4.38), a sufficient dc-link voltage should be provided to let the compensating
current icx track with its reference i�cx. As a result, this conventional dc-link voltage
control method fails to control the dc-link voltage during insufficient dc-link
voltage, such as during start-up process. Due to this reason, when this dc-link
voltage control method is applied in LC-HAPF, an extra start-up pre-charging
control process is necessary. Usually, a three-phase uncontrollable rectifier is used
to supply the initial dc-link voltage before operation [3, 30, 36, 37]. Moreover,
when the adaptive dc-link voltage control idea that will be discussed in Sect. 4.6 is
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applied, the reference dc-link voltage may be changed from a low level to a high
level, at that occasion, the dc-link voltage may be insufficient to track the new
reference value. Therefore, the conventional dc-link voltage control with
pre-charging method may not work properly in the adaptive dc-link voltage con-
trolled system.

The LC-HAPF in [20, 21, 23] showed that this dc-link voltage control can
achieve start-up self-charging function without any external supply. That is actually
due to the LC-HAPF in [20, 21, 23] is initially operating at Icx [ i�cxfq condition.
According to the analysis in Sect. 4.5.2, during Icx [ i�cxfq condition, the dc-link
voltage will be self-charging to a sufficient voltage level which lets the LC-HAPF’s
compensating current track with its reference i�cxfq � icx. Thus, the dc-link voltage
can be maintained as its reference value in steady-state. However, if the LC-HAPF
is initially operating at Icx\i�cxfq condition, this dc-link voltage control method fails
to carry out this function.

Figures 4.24 and 4.25 show the simulation results of LC-HAPF start-up process
by using the conventional dc-link voltage control method under different cases.
From Fig. 4.24, when LC-HAPF starts operation during Icx [ I�cxfq condition, the
dc-link voltage Vdcl can carry out the start-up self-charging function and i�cx � icx in
steady-state. On the contrary, from Fig. 4.25, neither the dc-link voltage nor the
reactive power compensation can be controlled when LC-HAPF is operating during
Icx\I�cxfq condition, in which the simulation results verified the previous analysis.
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4.5.3.2 DC-Link Voltage Control Method as Reactive Current
Component

According to the analysis in Sect. 4.5.2, the dc-link voltage can be influenced by
varying the reference compensating fundamental reactive current i�cxfq under
insufficient dc-link voltage, thus the dc-link voltage can also be controlled by
utilizing this influence. Hence, this dc-link voltage control method can achieve the
start-up self-charging function. Moreover, it has been shown that this method is
more effective than that conventional method as active current component [38].
However, when it is being applied in LC-HAPF, although the dc-link voltage can
be controlled as its reference value, the LC-HAPF cannot perform dynamic reactive
power compensation. The corresponding reason can be derived as follow:

By using the dc-link voltage control method as reactive current component, the
reference compensating current i�cx is composed by,

i�cx ¼ i�cxfq ¼ i�Lxfq þ i�cxfq dc
ð4:39Þ

where i�cxfq dc is the dc-link voltage control signal related to reactive current
component.

Based on the analysis in Sect. 4.5.2, under insufficient dc-link voltage, the
change of the dc-link voltage is direct proportional to the difference between the
amplitude of Icx and I�cxfq. Moreover, it has been concluded that for a given reference
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i�cxfq (Icx\I�cxfq), the dc-link voltage will be self-charging to a voltage level, then icx
can trend its reference i�cxfq gradually, and maintaining this voltage level in
steady-state. Therefore, to control the dc-link voltage Vdcl as its reference V�

dcl, it
will have a corresponding fixed reference value, that is Icxfq ¼ I�cxfq fixed . Therefore,

V�
dc1

�

�

I�cxfq¼I�cxfq fixed

�Vdc1 ¼ 0 ð4:40Þ

Equation (4.40) implies that to control the dc-link voltage, the LC-HAPF must
restrict to provide a fixed amount of reactive power. Therefore, by using the dc-link
voltage control method as reactive current component, the LC-HAPF fails to per-
form dynamic reactive power compensation, in which the corresponding simulation
and experimental results will be given in Sect. 4.5.5.

4.5.4 Proposed DC-Link Voltage Control Method

From the previous analysis, the dc-link voltage control method as active current
component is effective only under sufficient dc-link voltage. In an insufficient
dc-link voltage case, such as the LC-HAPF start-up process, both dc-link voltage
control and reactive power compensation may fail. On the contrary, when the
dc-link voltage control method as reactive current component is applied, the dc-link
voltage control can be effectively controlled with start-up self-charging function.
However, by using this control method, the LC-HAPF fails to perform dynamic
reactive power compensation. As a result, a novel dc-link voltage control method
by feedback the dc voltage controlled signal as both reactive and active current
components is proposed in this section, so as to combine the advantages of both
methods, which can achieve the start-up self-charging function, dc-link voltage
control and dynamic reactive power compensation.

Qdc ¼ �kq � ðV�
dc1 � Vdc1Þ ð4:41Þ

Pdc ¼ kp � ðV�
dc1 � Vdc1Þ ð4:42Þ

where Qdc and Pdc are the dc control signals related to the reactive and active
current components, kq and kp are the corresponding positive gains of the controller.
By using the proposed control method, the reference compensating current i�cx is
calculated by,

i�cx ¼ i�cxfq þ i�cxfp dc
ð4:43Þ

where i�cxfq = i�Lxfq þ i�cxfq dc
.
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In (4.42), Pdc represents the active power flow between the source and the
LC-HAPF compensator, Pdc > 0 means the LC-HAPF absorb active power from
the source, Pdc < 0 means the LC-HAPF inject active power to the source.
According to the analysis in Sect. 4.5.2, the dc-link voltage will be charged for
Icx [ I�cxfq, and discharged for Icx\I�cxfq during performing reactive power com-
pensation. When V�

dc1 � Vdc1 [ 0, in order to increase the dc-link voltage, I�cxfq
should be decreased by adding a negative Qdc. On the contrary, when
V�
dc1 � Vdc1\0, in order to decrease the dc-link voltage, I�cxfq should be increased by

adding a positive Qdc. Therefore, the “�” sign is added in (4.41). In this book, in
order to simplify the control process, Qdc and Pdc in (4.41) and (4.42) are calculated
by the same controller, i.e. kq = kp.

i�Lxfq, i
�
cxfq dc, i

�
cxfp dc in (4.43) are calculated by using the three-phase instanta-

neous p-q theory [28]:

i�Lafq
i�Lbfq
i�Lcfq

2

4

3

5 ¼
ffiffiffi

2
3

r

1
v0v2ab

1=
ffiffiffi

2
p

1 0
1=

ffiffiffi

2
p �1=2

ffiffiffi

3
p

=2
1=

ffiffiffi

2
p �1=2 � ffiffiffi

3
p

=2

2

4

3

5

v2ab 0 0
0 v0va �v0vb
0 v0vb v0va

2

4

3

5

0
0
qab

2

4

3

5

ð4:44Þ

i�cafq dc

i�cbfq dc

i�ccfq dc

2

4

3

5 ¼
ffiffiffi

2
3

r

1
v0v2ab

1=
ffiffiffi

2
p

1 0
1=

ffiffiffi

2
p �1=2

ffiffiffi

3
p

=2
1=

ffiffiffi

2
p �1=2 � ffiffiffi

3
p

=2

2

4

3

5

v2ab 0 0
0 v0va �v0vb
0 v0vb v0va

2

4

3

5

0
0
Qdc

2

4

3

5

ð4:45Þ

i�cafp dc

i�cbfp dc

i�ccfp dc

2

4

3

5 ¼
ffiffiffi

2
3

r

1
v0v2ab

1=
ffiffiffi

2
p

1 0
1=

ffiffiffi

2
p �1=2

ffiffiffi

3
p

=2
1=

ffiffiffi

2
p �1=2 � ffiffiffi

3
p

=2

2

4

3

5

v2ab 0 0
0 v0va �v0vb
0 v0vb v0va

2

4

3

5

0
Pdc

0

2

4

3

5

ð4:46Þ

where qαβ are the three-phase loading reactive power consumption, vα, vβ and v0 are
the load voltages on the α-β-0 coordinate after the Clarke transformation [28], and
vab ¼ v2a þ v2b.

Figure 4.26 shows the control process of the proposed dc-link voltage control
method, when the LC-HAPF starts operation, the dc-link voltage is insufficient to
let the compensating current icx track with its reference i�cx. Thus, the dc-link voltage
control signal as reactive current component will dominate the control action in
(4.43). During this period, the dc-link voltage will be self-charging under Icx [ I�cxfq
condition. As the dc-link voltage is increased and approaching the reference value,
the compensating current tracking ability of the LC-HAPF will be improved
gradually, and the control signals Qdc, Pdc in (4.41) and (4.42) will also be
decreased gradually, thus i�cx � icx eventually. According to the analysis in
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Sect. 4.5.2, the dc-link voltage will not be affected by the reactive component when
i�cx � icx. Hence, during this period, the dc-link voltage control signal as active
current component will dominate the control action in (4.43). Therefore, the pro-
posed dc-link voltage control method can be realized as:

(1) Qdc control signal is used to step change the dc-link voltage under insufficient
dc-link voltage, which can be effectively applied for start-up process and the
adaptive dc-link voltage control that will be discussed in Sect. 4.6;

(2) Pdc control signal is used to maintain the dc-link voltage under sufficient
dc-link voltage.

By using the proposed method, the LC-HAPF can compensate the reactive
power consumed by the load, and keep the dc-link voltage as its reference one as
shown in Fig. 4.26 (Qsxf � 0var, Vdc1U ¼ Vdc1L ¼ V�

dcl ¼ 30 V). Therefore, the
proposed dc-link voltage control method can effectively control the dc-link voltage
without any extra pre-charging process and lets the LC-HAPF provide dynamic
reactive power compensation. Table 4.6 shows the comparison among the con-
ventional and proposed dc-link voltage control methods.

Figure 4.27 shows the control block diagram of the proposed dc-link voltage
control method of the three-phase four-wire LC-HAPF, in which it consists of three
main control blocks: (1) instantaneous power compensation control block, (2) pro-
posed dc-link voltage control block, and (3) final reference compensating current
PWM control block.
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(1) For the instantaneous power compensation control block, the loading funda-
mental reactive currents i�Lxfq are determined by the three-phase instantaneous

p-q theory [28].
(2) The dc-link voltage is controlled by the proposed method (feedback dc con-

trolled signal as both reactive and active current components). The dc-link
voltage Vdc1 is firstly obtained by summing up the measured upper and lower
dc-link capacitor voltages (Vdc1u and Vdc1L). A low pass filter (LPF) is applied
to filter out high frequency noise. Then the signal Vdc1 is compared with the
reference value V�

dc1, and their difference will input to the proportional P
controller to obtain the corresponding dc-link voltage control signals Qdc and
Pdc. If the proportional gains kq, kp in (4.41) and (4.42) are set too large, the
stability of the control process will be degraded, and produces a large fluc-
tuation during steady-state. On the contrary, if proportional gains are set too
small, a long settling time and a large steady-state error will occur. Moreover,
the dc-link voltage control method can also be applied by PI controller, the
integral term can accelerate the movement of the process towards the reference
value and eliminate the residual steady-state error. Since the parameter design
of the dc-link voltage controller is not the main theme of this section, a pure
proportional controller with an appropriate value is selected. A limiter is
applied to avoid the overflow problem of the controller. After that, the final
dc-link voltage control reference currents i�cxfq dc,i

�
cxfp dc can be calculated, and

they will be sent to current PWM control block to perform the dc-link voltage
control.

(3) Then the final reference compensating current i�cx can be obtained by summing
up the i�Lxfq, i

�
cxfq dc and i

�
cxfp dc. Then i

�
cx together with compensating current icx

will be sent to the current PWM control part for generating PWM trigger
signals to control the power electronic switches of the inverter.

Table 4.6 Comparison between conventional and proposed dc-link control methods

Functions DC-link voltage control methods

Feedback as active current
component [3, 20–25, 30, 36, 37]

Feedback as reactive
current component [38]

Proposed

Start-up
self-charging

X O O

DC-link voltage
control

O* O O

Adaptive dc-link
voltage control

O* O O

Dynamic reactive
power compensation

O* X O

Note O—function, X—failure, O*—conditionally can work under sufficient current tracking
ability
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Fig. 4.27 Control block diagram for the three-phase four-wire LC-HAPF by using proposed
dc-link voltage control method
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4.5.5 Simulation and Experimental Verifications

To verify: (1) Failure dynamic reactive power compensation with dc-link voltage
control as reactive current component; and (2) Effectiveness of the proposed dc-link
control method. The simulated and experimental results in a small rating
three-phase four-wire center-split LC-HAPF under balanced linear inductive
loading will be given. Table 4.7 lists the simulated and experimental system
parameters for the LC-HAPF as shown in Fig. 4.5. The coupling LC is designed
based on: (1) an approximate mean value of the reactive power consumption for the
1st loading and both 1st and 2nd loadings, (2) the switching frequency with
switching ripple less than 0.5 A with a maximum dc-link voltage of V�

dc1=2 ¼ 40 V.
When the harmonic currents compensation is also taken consideration, the resonant
frequency of the coupling LC should also be considered. Moreover, the dc-link
voltage reference V�

dc1=2 ¼ 30 V in Table 4.7 is designed based on the minimum
dc-link voltage requirement that will be discussed in Sect. 4.6. Simulation studies
were carried out by using PSCAD/EMTDC. All control algorithms mentioned in
this section are adopted in the LC-HAPF hardware prototype and implemented by a
digital signal processor (DSP-TMSS320F2407).

Figure 4.28 shows the simulated and experimental reactive power at load side
QLxf. When the 1st inductive loading is connected, the simulated QLxf for
three-phase are 121.8 var with displacement power factor (DPF) = 0.786, while the
three-phase experimental QLxf are 116.0, 114.5 and 117.8 var with DPF = 0.804,
0.815 and 0.812 respectively. When both the 1st and 2nd inductive loadings are
connected, the simulated QLxf for three-phase increase to 176.6 var with
DPF = 0.833, while the three-phase experimental QLxf increase to 171.4, 168.6,
172.7 var with DPF = 0.835, 0.842 and 0.841 respectively.

4.5.5.1 Failure Dynamic Reactive Power Compensation with DC-Link
Voltage Control as Reactive Current Component

With the implementation of the dc-link voltage control as reactive current com-
ponent, Figs. 4.29 and 4.31 illustrate the whole simulated and experimental

Table 4.7 LC-HAPF system parameters for simulations and experiments

System parameters Physical values

Source Vx 55 V

LS 1 mH

LC-HAPF: (Reactive power supplied by passive part Qcxf

_PPF = −145.1 var)
Lc, Cc 6 mH, 140 μF

V�
dc1=2 30 V

1st inductive loading: QLxf = 121.8 var RL1, LL1 12 Ω, 30 mH

1st and 2nd inductive loadings: QLxf = 176.6 var RL1, LL1 12 Ω, 30 mH

RL2, LL2 17.5 Ω, 30 mH
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dynamic reactive power compensation process for the loading situations as shown
in Fig. 4.28, they include the waveforms of: (1) Vdc1U, Vdc1L, (2) Qcxf of phase a,
(3) Qsxf of phase a. Figures 4.29a and 4.31a show that the simulation and experi-
mental Vdc1U, Vdc1L level can be controlled as the reference value without any
pre-charging process, and being kept at its reference 30 V no matter when the 1st
inductive loading or 1st and 2nd loadings are connected, this verifies the effec-
tiveness of the dc-link voltage control as reactive current component. Since the
simulated and experimental loadings are approximately balanced, only phase
a compensation diagrams will be illustrated. Even though the dc-link voltage can be
controlled by this method, Figs. 4.29b and 4.31b illustrate that the simulated and
experimental fundamental compensating reactive power Qcxf are approximately
fixed, no matter when the 1st or 1st and 2nd loadings are connected. That means the
LC-HAPF fails to provide dynamic reactive power compensation by using this
dc-link voltage control method. This result verifies the previous analysis in
Sect. 4.5.3. As a result, the residual reactive power shown in Figs. 4.29c and 4.31c
will be supplied by the source side with simulated and experimental Qsxf of phase
a ≈ −18.4, 45.1 and −23.5, 45.2 var respectively when the 1st inductive loading or
1st and 2nd loadings are connected.

Tables 4.8 and 4.9 summarize the dynamic reactive power compensation results
of the LC-HAPF based on the dc-link voltage control method with reactive current
component. The three-phase simulated and experimental DPF of source-side can be
improved when the 1st loading (or both the 1st and 2nd loadings) is connected. The
simulated and experimental THDisx are within 2.0 and 7.0 %. Figures 4.29, 4.31
and Tables 4.8 and 4.9 verify the previous analysis of the LC-HAPF failure in
dynamic reactive power compensation by using conventional dc-link voltage
control method as reactive current component.

4.5.5.2 Effectiveness of Proposed DC-Link Voltage Control Method

With the implementation of the proposed dc-link voltage control method, Figs. 4.30
and 4.32 illustrate the LC-HAPF whole simulated and experimental dynamic
compensation process for the loading situations as shown in Fig. 4.28.
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Figures 4.30a and 4.32a show that the simulation and experimental Vdc1U, Vdc1L

level can also be kept at its reference 30 V with start-up self-charging function, this
also verifies the effectiveness of the proposed dc-link voltage control method.
Compared with Figs. 4.29b, 4.31b, 4.30b and 4.32b clearly illustrate that the
LC-HAPF can inject different reactive power values, in which the simulated and
experimental Qcxf are varying with respect to different loading situations. As a
result, the simulated and experimental Qsxf can be approximately compensated close
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Fig. 4.29 LC-HAPF whole simulated process with dc-link voltage control method with reactive
current component: a Vdc1U, Vdc1L, b Qcxf of phase a, c Qsxf of phase a
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to zero no matter when the 1st loading or both 1st and 2nd loadings are connected,
as shown in Figs. 4.30c and 4.32c, in which the simulated and experimental Qsxf are
significantly smaller than that of the dc-link voltage control method as shown in
Figs. 4.29c and 4.31c.

Moreover, the proposed dc-link voltage control method can provide satisfactory
dynamic response for LC-HAPF as shown in Figs. 4.33 and 4.34. In Fig. 4.33a and
4.34a, there is a period of time for which the source current waveforms are being
settled, this time period is due to the LC-HAPF carrying out start-up self-charging
process, the dc-link voltage is being charged from 0 V to its reference value
V�
dc1=2 ¼ 30 V. Therefore, during the start-up process, the larger the dc-link voltage

reference, the longer the source current settling time. After the dc-link voltage is
controlled as the reference value, the LC-HAPF can have a fast dynamic response
of less than one cycle after the 2nd loading is connected as shown in Fig. 4.33b and
4.34b.

Tables 4.10 and 4.11 summarize the dynamic reactive power compensation
results of the LC-HAPF based on the proposed dc-link voltage control method. The
three-phase simulated and experimental DPF of source-side can be further
improved compared with the results of dc-link voltage control method as reactive
current component. The simulated and experimental THDisx are within 3.0 and
5.0 %. Figures 4.30, 4.32 and Tables 4.10 and 4.11 verify the effectiveness of the
proposed dc-link voltage control method.

Table 4.8 Simulation results before and after LC-HAPF reactive power compensation with
dc-link voltage control method with reactive current component

Before compensation After compensation

Different cases QLxf

(var)
DPF isx

(A)
Qsxf

(var)
DPF isx

(A)
THDisx

(%)

1st inductive loading 121.8 0.786 3.60 −18.4 0.991 2.90 1.2

1st and 2nd inductive
loading

176.6 0.833 6.03 45.1 0.986 5.10 1.0

Table 4.9 Experimental results before and after LC-HAPF reactive power compensation with
dc-link voltage control method with reactive current component

Before compensation After compensation

Different cases: QLxf

(var)
DPF isx

(A)
Qsxf

(var)
DPF isx

(A)
THDisx

(%)

1st inductive
loading

A 116.0 0.804 3.48 −23.5 0.974 2.98 6.9

B 114.5 0.815 3.58 −30.3 0.972 3.07 6.5

C 117.8 0.812 3.58 −22.6 0.974 2.90 5.9

1st and 2nd
inductive loading

A 171.4 0.835 5.85 45.2 0.977 5.16 3.1

B 168.6 0.842 5.91 42.1 0.980 5.22 3.5

C 172.7 0.841 5.90 53.4 0.976 5.05 3.5
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In this section, as the LC-HAPF is tested under linear inductive loadings, there
does not contain any harmonic components in source current isx in ideal case. The
simulated and experimental THDisx values are actually generated by the switching
ripples with a fixed hysteresis band. Moreover, the large THD differences between
the simulated and experimental results as shown in Tables 4.8, 4.9, 4.10 and 4.11
are actually due to the difference of component parameters, the resolution of the
transducers, the signal conditional circuit error, the digital computation error and
the noise in the experiment.
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Fig. 4.30 LC-HAPF whole simulated process with proposed dc-link voltage control method:
a Vdc1U, Vdc1L, b Qcxf of phase a, c Qsxf of phase a
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Compared the simulated and experimental results with the dc-link control
method as reactive current component, the proposed method can: (1) also achieve
the dc-link voltage control with start-up self-charging function; (2) provide dynamic
reactive power compensation; (3) further improve the DPF; and (4) further reduce
the RMS value of source current isx. As a result, it is clearly shown that LC-HAPF
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Fig. 4.31 LC-HAPF whole experimental process with dc-link voltage control method with
reactive current component: a Vdc1U, Vdc1L, b Qcxf of phase a, c Qsxf of phase a
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adopting the proposed dc-link voltage control method can provide better com-
pensating performances.

This section investigates different dc-link voltage control techniques for a
three-phase four-wire center-split LC-HAPF during dynamic reactive power com-
pensation. By using conventional dc-link voltage control method as active current
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Fig. 4.32 LC-HAPF whole experimental process with proposed dc-link voltage control method:
a Vdc1U, Vdc1L, b Qcxf of phase a, c Qsxf of phase a
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component, an extra start-up dc-link pre-charging control process may be neces-
sary. To achieve the start-up dc-link self-charging function, the dc-link voltage
control as reactive current component can be applied; however, it fails to provide
dynamic reactive power compensation. Through the proposed dc-link voltage
control method:

(1) The LC-HAPF can achieve start-up dc-link self-charging function;
(2) The dc-link voltage of the LC-HAPF can be controlled as its reference level;
(3) The LC-HAPF can provide dynamic reactive power compensation;
(4) The adaptive dc-link voltage reference control that will be dscussed in

Sect. 4.6 can be implemented.

Finally, simulation and experimental results of the three-phase four-wire
center-spilt LC-HAPF under dynamic reactive power compensation application
are presented to verify all discussions and analysis, and also show the effectiveness
of the proposed dc-link voltage control method.
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Fig. 4.33 Simulated dynamic response of LC-HAPF by using proposed dc-link voltage control
method when: a the 1st loading is connected; b both the 1st and 2nd loadings are connected
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Table 4.11 Experimental results before and after LC-HAPF reactive power compensation with
proposed dc-link voltage control method

Before compensation After compensation

Different cases QLxf (var) DPF isx (A) Qsxf (var) DPF isx (A) THDisx (%)

1st inductive
loading

A 116.0 0.804 3.48 −8.4 0.986 2.89 4.9

B 114.5 0.815 3.58 −14.9 0.985 3.02 4.7

C 117.8 0.812 3.58 −4.3 0.987 2.80 4.7

1st and 2nd
inductive loading

A 171.4 0.835 5.85 18.7 0.991 5.05 2.9

B 168.6 0.842 5.91 12.1 0.992 5.16 3.5

C 172.7 0.841 5.90 24.5 0.989 4.93 3.5

Table 4.10 Simulation results before and after LC-HAPF reactive power compensation with
proposed dc-link voltage control method

Before compensation After compensation

Different cases QLxf (var) DPF isx (A) Qsxf (var) DPF isx (A) THDisx (%)

1st inductive loading 121.8 0.786 3.60 −7.1 0.999 2.85 1.5

1st and 2nd inductive
loading

176.6 0.833 6.03 16.4 0.998 5.01 2.4

(a) 

(b)

Time (s)

1st inductive loading connected

HAPF starts
operation

vsa isa

DPF=0.986DPF=0.804

Time (s)

vsa isa

DPF=0.991DPF=0.986

1st inductive 
loading 

connected

1st and 2nd inductive loading 
connected

2nd loading connects

Fig. 4.34 Experimental dynamic response of LC-HAPF by using proposed dc-link voltage control
method when: a the 1st loading is connected; b both the 1st and 2nd loadings are connected
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4.6 Adaptive DC-Link Voltage Control Strategy
for LC-HAPF and APF in Reactive Power
Compensation

All LC-HAPF and other HAPFs discussed in [1–26] are based on fixed dc-link
voltage reference. As the switching loss is directly proportional to the dc-link
voltage [42], the system will obtain a larger switching loss if a higher dc-link
voltage is used, and vice versa. Therefore, if the dc-link voltage can be adaptively
changed according to different loading reactive power situations, the system can
obtain better performance and operational flexibility.

To achieve the above functionality of the LC-HAPF, which is lacking among the
existing literatures, an adaptive dc-link voltage control strategy for the three-phase
four-wire LC-HAPF in dynamic reactive power compensation is given in this
section. Compared with the traditional fixed dc-link voltage controlled LC-HAPF,
the adaptive control strategy for the LC-HAPF can obtain less switching loss,
switching noise and improve the compensating performance. Moreover, this control
strategy can also be migrated into the APF application.

Given that most of the loads in the distribution power systems are inductive, the
following analysis and discussion will only focus on the inductive loads [39].
Moreover, as this section mainly focuses on LC-HAPF reactive power compen-
sation, only the reactive power compensation analysis, simulation and experimental
results are included in this section.

4.6.1 Single-Phase Fundamental Equivalent Circuit Model
of LC-HAPF

From the three-phase four-wire LC-HAPF circuit configuration as shown in
Fig. 4.5, its single-phase fundamental equivalent circuit model is shown in
Fig. 4.35, where the subscript ‘f’ denotes the fundamental frequency component. In
the following analysis, all the parameters are in RMS values.

For simplicity, vsx and vx are assumed to be pure sinusoidal without harmonic
components (i.e. ~Vx ¼ ~Vxf ¼ ~Vx

�

�

�

� ¼ Vx). From Fig. 4.35, the inverter fundamental

voltage phasor ~Vinv1xf can be expressed as:

~Vinvlxf ¼ ~Vx �~ZPPFf �~Icxf ; ð4:47Þ

where ~ZPPFf is fundamental impedance of the PPF, the fundamental compensating
current phasor ~Icxf of the LC-HAPF can be expressed as ~Icxf ¼ Icxfp þ jIcxfq, the
subscripts ‘p’ and ‘q’ denote the active and reactive components. Icxfp is the fun-
damental active current for compensating loss and dc-link voltage control while
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Icxfq is the fundamental reactive current for the compensating reactive power of the
loading. Simplify (4.47) yields,

~Vinvlxf ¼ Vinvlxfp þ jVinvlxfq ð4:48Þ

where

Vinvlxfp ¼ ~Vx þ IcxfqXPPFf

Vinvlxfq ¼ �IcxfpXPPFf
ð4:49Þ

XPPFf is the fundamental reactance of the PPF. From (4.49), the fundamental
compensating active current Icxfp and reactive current Icxfq are:

Icxfp ¼ �Vinv1xfq

XPPFf
ð4:50Þ

Icxfq ¼ Vinv1xfp � Vx

XPPFf
ð4:51Þ

As the LC-HAPF aims to compensate fundamental reactive power, the
steady-state active fundamental current Icxfp from the inverter is small (Icxfp ≈ 0)
when the dc-link voltage control is implemented. Thus, Vinv1xfq ≈ 0. Therefore, the
effect of dc-link voltage control for the LC-HAPF system can simply be neglected
during steady-state situation.

For a fixed dc-link voltage level Vdc1U = Vdc1L = 0.5Vdc1 and modulation index
m is assumed to be m ≈ 1, RVdc represents the ratio between the dc-link voltage
Vdc1U and Vdc1L with the load voltage Vx reference to neutral n, it can be expressed
as:

RVdc ¼ �Vinv1xf

Vx
¼ �0:5Vdc1=

ffiffiffi

2
p

Vx
¼ � Vdc1

2
ffiffiffi

2
p

Vx
; ð4:52Þ

where Vinv1xf is the inverter fundamental RMS voltage.

Vxf

Isxf

x=a,b,c

ILxf
Icxf

Vinv1xf

ZPPFf

Fig. 4.35 LC-HAPF
single-phase fundamental
equivalent circuit model
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The PPF is composed of a series connection of an inductor (Lc1) and a capacitor
(Cc1), and Cc1 dominates the passive part at fundamental frequency, it is a
LC-HAPF system. However, if the PPF is changed to a pure inductor (Lc2), the
original LC-HAPF system will become an APF. With the effect of dc-link voltage
control being neglected (Icxfp = 0) at steady-state, substituting XPPFf = XLc2f for
APF and XPPFf ¼ � XCc1f � XLc1f

�

�

�

� for LC-HAPF, their corresponding fundamental
reactive power injection range Qcxf per square of the load voltage level V2

x with
respect to different RVdc can be shown in Fig. 4.36.

Since Qcxf should be negative for inductive loading compensation, from
Fig. 4.36, the ratio RVdc for APF must be at least greater than one, while the ratio
RVdc for LC-HAPF can possibly be smaller than one while within a specific
operational range. This means that the required Vdc1U, Vdc1L of APF must be larger
than the peak of load voltage Vx regardless of the coupling inductance Lc2, while the
Vdc1U and Vdc1L of LC-HAPF can be smaller than the peak of Vx within that
operational range. When RVdc = 0, it means that both the APF and LC-HAPF are
operating at pure passive filter mode, in which the APF at RVdc = 0 cannot support
inductive loading compensation while the LC-HAPF can support a fixed Qcxf.
Furthermore, this fixed Qcxf depends on the passive part parameters. Figure 4.36
clearly illustrates the main advantage of LC-HAPF over the traditional APF under
inductive loading reactive power compensation. Under the same dc-link voltage
consideration in Fig. 4.36b, when the coupling Cc1 or Lc1 of the LC-HAPF
increases, the upper limit of Qcxf

�

�

�

� for inductive loading compensation region
increases, on contrary, the lower limit of Qcxf

�

�

�

� for that region decreases and vice
versa.

Fig. 4.36 Qcxf per V2
x with respect to different RVdcfor: a APF, and b LC-HAPF
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4.6.2 LC-HAPF Required Minimum DC-Link Voltage
with Respect to Loading Reactive Power

Based on the previous assumption that the active fundamental current Icxfp is very
small (Icxfp ≈ 0) at steady-state, the inverter injects pure reactive fundamental
current ~Icxf ¼ jIcxfq. Therefore, the ~Vinv1xf in (4.48) contains pure active part as
~Vinv1xfp ¼ Vx � Icxfq XCx1f � XLc1f

	 


only. Then the LC-HAPF single-phase funda-
mental phasor diagram under inductive loading can be shown in Fig. 4.37. The
vertical y-axis can be considered as the LC-HAPF active power (P/W) when
locating ~Vx onto the LC-HAPF horizontal reactive power (Q/VAR) x-axis. The

circle and its radius of ~Vinv1xf dc ¼ 0:5 Vdc1
ffiffi

2
p represent the LC-HAPF fundamental

compensation range and maximum compensation limit under a fixed dc-link volt-
age. ~VPPFxf is the fundamental voltage phasor of the coupling LC. ~ILxf is the
fundamental load current phasor, where ILxfp and ILxfq are the fundamental load
active and reactive currents. In Fig. 4.37, the white semi-circle area represents
LC-HAPF active power absorption region, whereas the shaded semi-circle area
represents LC-HAPF active power injection region. When ~Vinv1xf is located inside
the white semi-circle area, the LC-HAPF is absorbing active power, on the other
hand, the LC-HAPF is injecting active power when ~Vinv1xf is located inside the
shaded semi-circle area. When ~Vinv1xf is located onto the Q/VAR x-axis, the
LC-HAPF does not absorb active power. From Fig. 4.37, the LC-HAPF reactive
power compensation range with respect to different dc-link voltage can be deduced.

4.6.2.1 Full-Compensation by Coupling LC

When the loading reactive power QLxf is fully compensated by coupling LC
(QLxf ¼ Qcxf PPF

�

�

�

�) as shown in Fig. 4.37a, the inverter does not need operation
and output voltage (Vinv1xfp = 0). Thus, the switching loss and switching noise will
be minimized in this situation. The LC-HAPF compensating reactive power Qcxf is
equal to the reactive power provided by the coupling LC Qcxf_PPF:

Qcxf ¼ Qcxf PPF ¼ � V2
x

XCc1f � XLc1f
�

�

�

�

\0 ð4:53Þ

where Qcxf_PPF < 0 means injecting reactive power or providing leading reactive
power.
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4.6.2.2 Under-Compensation by Coupling LC

When the loading reactive power QLxf is under-compensated by coupling LC
QLxf [ Qcxf PPF

�

�

�

�

	 


as shown in Fig. 4.37b, in order to generate a larger Icxfq, the
inverter should output a negative inverter fundamental active voltage (Vinv1xfp < 0)
as indicated by (4.51). With a fixed Vdc1, the LC-HAPF maximum compensating
reactive power limit Qcxf_max can be deduced through the under-compensation by
coupling LC case, which can be expressed as:

Qcxf max ¼ � V2
x ð1þ RVdcj jÞ
XCc1f � XLc1f
�

�

�

�

¼ Qcxf PPFð1þ RVdcj jÞ\0 ð4:54Þ

4.6.2.3 Over-Compensation by Coupling LC

When the loading reactive power QLxf is over-compensated by coupling LC
QLxf\ Qcxf PPF

�

�

�

�

	 


as shown in Fig. 4.37c, in order to generate a smaller Icxfq, the

(a) (b)

(c)

Fig. 4.37 LC-HAPF single-phase fundamental phasor diagram under inductive loading during:
a full-compensation, b under-compensation and c over-compensation by coupling LC
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inverter should output a positive inverter fundamental active voltage (Vinv1xfp > 0)
as indicated by (4.51). With a fixed Vdc1, the LC-HAPF minimum compensating
reactive power limit Qcxf_min can be deduced through the over-compensation by
coupling LC case, which can be expressed as:

Qcxf max ¼ � V2
x ð1� RVdcj jÞ
XCc1f � XLc1f
�

�

�

�

¼ Qcxf PPFð1� RVdcj jÞ\0 ð4:55Þ

From (4.54) and (4.55), the larger the dc-link voltage Vdc1 or ratio RVdc, the
larger the LC-HAPF compensation range can be obtained, and vice versa. However,
a larger dc-link voltage will increase the LC-HAPF switching loss and generate a
larger switching noise in the system, while a smaller dc-link will deteriorate the
compensating performances if QLxf is outside the LC-HAPF compensation range.
When Vdc1 is designed, the LC-HAPF reactive power compensating range for
loading QLxf can be expressed as:

Qcxf min
�

�

�

��QLxf � Qcxf max
�

�

�

� ð4:56Þ

Table 4.12 summarizes the LC-HAPF reactive power compensating range
deduction steps under a fixed dc-link voltage Vdc1U = Vdc1L = 0.5Vdc1. When QLxf

is perfectly compensated by the coupling LC, the minimum dc-link voltage
requirement (Vdc1U = Vdc1L = 0) can be achieved. In addition, the larger the reac-
tive power compensation differences between the loading and the coupling LC, the
larger the dc-link voltage requirement and vice versa. From Table 4.12, the required
minimum dc-link voltage Vdc1_minx in each phase can be found by setting QLxf �
Qcxf min

�

�

�

� � Qcxf max

�

�

�

� in (4.56),

Vdc1 minx ¼ 2
ffiffiffi

2
p

Vx 1� QLxf

Qcxf PPF

�

�

�

�

�

�

�

�

�

�

�

�

�

�

ð4:57Þ

Table 4.12 LC-HAPF reactive power compensation range deduction steps under a dc-link
voltage Vdc1U = Vdc1L = 0.5 Vdc1

1 With a fixed dc-link voltage Vdc1U ¼ Vdc1L ¼ 0:5Vdc1

Qcxf PPF ¼ � V2
x

XCc1f�XLc1fj j\0 (4.53)

Qcxf max ¼ Qcxf PPFð1þ RVdcj jÞ\0 (4.54)

Qcxf min ¼ Qcxf PPFð1� RVdcj jÞ\0 (4.55)

Where RVdc ¼ Vdc1

2
ffiffi

2
p

Vx

�

�

�

�

�

�

(4.52)

2 LC-HAPF reactive power compensating range for loading QLxf

Qcxf min

�

�

�

��QLxf � Qcxf max

�

�

�

�

(4.56)
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in which (4.57) can be applied for the adaptive dc-link voltage control algorithm.
Once the QLxf is calculated, the corresponding Vdc1_minx in each phase can be
obtained. Then the final three-phase required minimum dc-link voltage Vdc1_min can
be chosen as follow:

Vdc1 min ¼ maxðVdc1 mina;Vdc1 minb;Vdc1 mincÞ ð4:58Þ

In next section, the adaptive dc-link voltage controller for the three-phase
four-wire LC-HAPF as shown in Fig. 4.5 will be given so that the LC-HAPF
reactive power compensation range can be determined, switching loss and
switching noise can be reduced, while comparing with the traditional fixed dc-link
voltage LC-HAPF.

4.6.3 Adaptive DC-Link Voltage Controller
for a Three-Phase Four-Wire LC-HAPF

Figure 4.38 shows the adaptive dc-link voltage control block diagram for the
three-phase four-wire LC-HAPF in dynamic reactive power compensation, which
consists of three main control blocks: the instantaneous power compensation
control block, the adaptive dc-link voltage control block, and the final reference
compensating current and PWM control block.

4.6.3.1 Instantaneous Power Compensation Control Block

For the instantaneous power compensation control block, the reference compen-
sating currents for LC-HAPF (icx_q, the subscript x = a, b, c for three phases) are
determined by the single-phase instantaneous p-q theory [29] as discussed in
Sect. 4.3.2.

4.6.3.2 Adaptive DC-Link Voltage Control Block

The adaptive dc-link voltage control block consists of three parts: (1) the deter-
mination of adaptive minimum dc-link voltage Vdc1_min, (2) the determination of
final reference dc-link voltage level V�

dc1 and (3) the dc-link voltage feedback P/PI
controller.

(1) Determination of Adaptive Minimum DC-link Voltage: Initially, the loading
instantaneous fundamental reactive power in each phase qLxf (x = a, b, c) can
be calculated using single-phase instantaneous p-q theory [29] and low-pass
filters. Usually, −qLxf/2 can keep as a constant value for more than one cycle,
thus the loading fundamental reactive power consumption QLxf in each phase
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can be approximately treated as QLxf ≈ −qLxf/2. Then the required minimum
dc-link voltage Vdc1_minx for compensating each phase QLxf can then be cal-
culated using (4.57), where Vx is the RMS load voltage and Qcxf_PPFcan be
obtained according to (4.53). The adaptive minimum dc-link voltage will be
equal to Vdc1_min, which can be determined by (4.58). To implement the
adaptive dc-link voltage control function for the three-phase four-wire
LC-HAPF, Vdc1_min can simply be treated as the final reference dc-link volt-
age V�

dc1. It is obvious that as the loading reactive power consumption (QLxf)
changes, the system will adaptively yield different Vdc1_minx and Vdc1_min

values.
(2) Determination of Final Reference DC-link Voltage Level: On contrary to the

first part, this adaptive control scheme may frequently change the dc voltage

Fig. 4.38 Adaptive dc-link voltage control block diagram for the three-phase four-wire LC-HAPF
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reference V�
dc1 in practical situations, because the loading is randomly deter-

mined by electric users (different QLxf). Then this frequent change would cause
a rapid dc voltage fluctuation, resulting in deterioration of the LC-HAPF
operational performances [43]. In order to alleviate this problem, a final ref-
erence dc-link voltage level determination process is added as shown in
Fig. 4.38. The final reference dc-link voltage V�

dc1 is classified into certain
levels (Vdca, Vdcb,…, Vdcmax, Vdca < Vdcb… < Vdcmax) for selection, so that V�

dc1
can be maintained as a constant value within a specific compensation range.
From Fig. 4.38, when the input Vdc1_min is less than the lowest dc voltage level
Vdca, the final reference dc-link voltage will be V�

dc1 ¼ Vdca. Otherwise, the
steps should be repeated until Vdc1_min is found to be less than a dc-link
voltage level. However, if Vdc1_min is greater than the maximum voltage level
Vdcmax, the final reference dc-link voltage will be V�

dc1 ¼ Vdcmax. In this way,
the dc-link voltage fluctuation problem under the adaptive dc voltage control
method can be lessened.

(3) DC-link Voltage Feedback P/PI Controller: The LC-HAPF can effectively
control the adaptive dc-link voltage and reactive power by providing feedback
of the dc-link voltage error signal as both reactive and active current com-
ponents (Qdc, Pdc) as discussed in previous Sect. 4.5. For the icx direction as
shown in Fig. 4.5, Qdc and Pdc can be expressed as:

Qdc ¼ �kq � ðV�
dc1 � Vdc1Þ ð4:59Þ

Pdc ¼ kp � ðV�
dc1 � Vdc1Þ ð4:60Þ

If the icx direction is opposite as the one shown in Fig. 4.5, the polarity of Qdc

(4.59) and Pdc (4.60) will be inverse, in which Qdc aims to change the dc-link
voltage level due to adaptive dc voltage control and start up the dc-link
self-charging function, while Pdc aims to maintain the dc-link voltage due to the
system loss. kq and kp are the corresponding positive proportional gains of the
controller. If the proportional gains kq and kp are set too large, the stability of the
control process will be degraded, and a large fluctuation during steady-state will be
produced. On the contrary, if they are set too small, a long settling time and a large
steady-state error will occur. To simplify the control process, Qdc and Pdc in (4.59)
and (4.60) are calculated by the same controller, i.e. kq = kp, and an appropriate
value is selected. Actually, the adaptive control scheme can apply either P or PI
controller for the dc-link voltage control. Even though the P controller yields a
steady-state error, it is chosen because it is simpler and has less operational machine
cycles in the DSP, therefore it can yield a faster response when compared to the PI
controller. If the dc-link voltage with zero steady-state error is taken into consid-
eration, PI controller is appreciated. A limiter is applied to avoid the overflow
problem of the controller. With the help of the three-phase instantaneous p-q theory
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[27, 28], the dc-link voltage Vdc1 can track its reference V�
dc1, in which the details

will be discussed in the following.
From [27, 28], the three-phase instantaneous load voltages (va, vb, vc) on the a-b-

c coordinates can be transformed into those on the α-β-0 coordinates by the Clarke
transformation:
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Then the three-phase dc voltage control reference compensating currents in α-β-
0 coordinates can be calculated via (4.62):

ic0 dc

ica dc

icb dc
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4

3

5 ¼ 1
v0v2ab
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3

5 ð4:62Þ

where vα, vβ, v0 are the load voltages on the α-β-0 coordinate after the Clarke
transformation, v2ab ¼ v2a þ v2b, Pdc and Qdc are the feedback dc-link voltage con-
trolled signals as active and reactive current components, which can be determined
by (4.59) and (4.60). Finally, the three-phase dc voltage control reference com-
pensating currents icx_dc in a-b-c coordinates can be obtained by the inverse matrix
of Clarke transformation in α-β-0 coordinates, then the dc-link voltage Vdc1 can
track its reference V�

dc1 by changing the dc voltage reference compensating currents
(icx_dc).
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Therefore, the adaptive dc-link voltage control scheme for the LC-HAPF can
then be implemented under various inductive linear loading conditions. In addition,
the LC-HAPF initial start-up dc-link self-charging function can also be carried out
by the adaptive dc-link voltage control scheme.

4.6.3.3 Final Reference Compensating Current and PWM Control
Block

The hysteresis PWM or triangular carrier-based sinusoidal PWM method can be
applied in the PWM control part. After the process of instantaneous power com-
pensation and adaptive dc-link voltage control blocks as in Fig. 4.38, the final
reference compensating current i�cx can be obtained by summing up the icx_q and
icx_dc. Then the final reference and actual compensating currents i�cx and icx will be
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sent to the PWM control part, and the PWM trigger signals for the switching
devices can then be generated. If the three-phase loadings are unbalanced, the dc
capacitor voltage imbalance may occur, the dc capacitor voltage balancing concepts
and techniques in [41] can be applied to balance the Vdc1U and Vdc1L under the
adaptive dc voltage control method. The adaptive dc-link voltage controlled
LC-HAPF can compensate the dynamic reactive power and reduce the switching
loss and switching noise. In subsequent sections, the LC-HAPF simulated and
experimental compensation results using the adaptive dc-link voltage control
algorithm will be given, compared with a fixed dc controlled LC-HAPF.

4.6.4 Simulation and Experimental Verifications
of the Adaptive DC-Link Voltage Controller
for the Three-Phase Four-Wire LC-HAPF

Since this part aims to verify the adaptive dc-link voltage controlled LC-HAPF for
reactive power compensation in a three-phase four-wire power system, the chosen
1st and 2nd testing loadings are linear inductive, so it is not necessary for the
coupling LC to be tuned at a harmonic current order of the loading. Table 4.13 lists
the simulated and experimental system parameters for the LC-HAPF. When the
loading reactive power consumption is closed to that provided by the coupling LC
of the LC-HAPF, the dc-link voltage requirement can be low. For Lc1 = 6 mH,
Cc1 = 140 μF, the coupling LC supports a fixed reactive power of
Qcxf PPF

�

�

�

� ¼ 145:1 var, in which the Lc1 is designed based on the switching fre-
quency with switching ripple less than 0.5 A under a maximum dc-link voltage of
Vdc1U, Vdc1L = 40 V consideration.

The triangular carrier-based sinusoidal PWM method with current error limiter is
applied so that the compensating current error must be within the triangular wave.
And the frequency of the triangular wave is set to ftri = 7.5 kHz. To simplify the
verification, the simulated and experimental three-phase loadings are approximately
balanced as shown in Fig. 4.39, so that the difference between Vdc1U and Vdc1L is

Table 4.13 LC-HAPF system parameters for simulations and experiments

System parameters Physical
values

Vx, f 55 V, 50 Hz

Ls 0.5 mH

Lc1 = 6 mH,
Cc1 = 140 μF
|Qcxf_PPF| = 145.1 var

Resistor RLL1x and inductor LLL1x for 1st inductive
loading

10 Ω, 30 mH

Resistor RLL2x and inductor LLL2x for 2nd
inductive loading

22 Ω, 30 mH

224 4 Hybrid Active Power Filters



small (Vdc1U ≈ Vdc1L) during the adaptive dc-link voltage control. As discussed
before, to alleviate the dc-link voltage fluctuation problem under the adaptive
control method, the final reference dc-link voltage V�

dc1 can be classified into certain
levels for selection, in which V�

dc1 is set to have four levels (Vdc1U, Vdc1L = 10, 20,
30 and 40 V) for the following simulation and experimental verification.

Simulation studies were carried out by using PSCAD/EMTDC. In order to verify
the simulation results, a 55 V/1.65 kVA three-phase four-wire LC-HAPF experi-
mental prototype is applied. Figure 4.38 shows the adaptive dc-link voltage con-
trolled LC-HAPF control block diagram for both simulations and experiments.
Figure 4.39 shows the simulated and experimental reactive power at load-side QLxf.
When the 1st inductive loading is connected, the three-phase simulated QLxf are
150.4 var with displacement power factor (DPF) = 0.729, while the three-phase
experimental QLxf are 148.5, 146.4 and 145.1 var with DPF = 0.763, 0.742 and
0.746 respectively. When both the 1st and 2nd inductive loadings are connected,
the three-phase simulated QLxf is increased to 200.0 var with DPF = 0.810, while
the three-phase experimental QLxf is increased to 188.7, 184.5, 183.6 var with
DPF = 0.805, 0.815 and 0.822 respectively.

According to the designed four voltage levels (Vdc1U, Vdc1L = 10, 20, 30 and
40 V) for both simulations and experiments, from Table 4.14, the LC-HAPF
required minimum dc-link voltage level will be Vdc1U, Vdc1L = 10 V or Vdc1U,

Fig. 4.39 Loading reactive power QLxf: a simulated QLxf and b experimental QLxf

Table 4.14 LC-HAPF simulated and experimental minimum dc-link voltage level with respect to
QLxf within Vdc1U, Vdc1L = 10, 20, 30 and 40 V

Reactive power by
coupling LC Qcxf_PPF

Simulated and experimental QLxf for
three phases (var)

Required
Vdc1_min/2 (V)

Minimum level
Vdc1U, Vdc1L (V)

Lc1 = 6 mH,
Cc1 = 140 μF
Qcxf_PPF = −145.1 var

1st loading Sim. 150.4, 150.4,
150.4

2.9 10

Exp. 148.5, 146.4,
145.1

1.8 10

1st and 2nd
loadings

Sim. 200.0, 200.0,
200.0

29.5 30

Exp. 188.7, 184.5,
183.6

23.4 30
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Vdc1L = 30 V for compensating the 1st loading or both the 1st and 2nd loadings. In
the following section, the corresponding simulation and experimental results after
the adaptive dc-link voltage controlled LC-HAPF compensation will be presented.

4.6.4.1 Adaptive DC-Link Voltage Controlled LC-HAPF

From Table 4.14, the required minimum dc-link voltage level for the LC-HAPF is
Vdc1U, Vdc1L = 10 V for the 1st loading and Vdc1U, Vdc1L = 30 V for the 1st and 2nd
loadings. Therefore, the adaptive control method for the LC-HAPF can reduce the
switching loss and switching noise compared with a fixed Vdc1U, Vdc1L = 30 V
case. For the simulated and experimental QLxf as shown in Figs. 4.39, 4.40 and 4.41
illustrate the LC-HAPF simulated and experimental dynamic process of the adap-
tive dc-link voltage level and compensating performances. Figures 4.40a and 4.41a
show that the simulated and experimental dc-link voltage level (Vdc1U, Vdc1L) can be
adaptively changed according to different reactive power consumption of the
loading. As the simulated and experimental loadings are approximately balanced,
only phase b compensation diagrams will be illustrated. From Figs. 4.40b and
4.41b, the simulated and experimental system-side reactive power Qsxf of phase
b can be compensated close to zero regardless it is only the 1st loading or both 1st
and 2nd loadings are connected. Compared with Figs. 4.39, 4.40c and 4.41c show
that the simulated and experimental DPF of phase b can be compensated from 0.729
to 1.000 and 0.742 to 0.999 respectively once the LC-HAPF starts operation during
the 1st inductive loading situation. From Figs. 4.40d and 4.41d, the simulated and
experimental DPF of phase b can be kept at 0.990 or above when the 2nd loading is
connected. The simulation results as shown in Fig. 4.40 are consistent with the
experimental results as shown in Fig. 4.41.

Tables 4.15 and 4.16 summarize the simulation and experimental compensation
results of the adaptive dc-link voltage controlled LC-HAPF. Compared with QLxf,
the three-phase simulated Qsxf (5.0 or 22.0 var) and experimental Qsxf (0.8, −1.5,
3.5 var or 25.2, 15.3, 22.2 var) have been compensated close to zero when the 1st
loading or both 1st and 2nd loadings are connected. These can be verified by
showing three-phase simulated and experimental DPF = 0.990 or above and THDisx

are within 3.0 and 5.0 % respectively. Moreover, the simulated and experimental isx
can be significantly reduced after LC-HAPF compensation. Figures 4.40, 4.41 and
Tables 4.15, 4.16 verify the effectiveness of the adaptive dc-link voltage controlled
LC-HAPF for reactive power compensation.

4.6.4.2 Comparison Between Fixed and Adaptive DC-Link Voltage
Controlled LC-HAPF

With a fixed dc-link voltage of Vdc1U, Vdc1L = 30 V, Figs. 4.42 and 4.43 show the
LC-HAPF whole simulated and experimental dynamic compensation process for
the same loading situations as shown in Fig. 4.39. Compared Figs. 4.42 and 4.43
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Fig. 4.40 LC-HAPF simulated dynamic process: a adaptive Vdc1u, Vdc1L, b Qsxf of phase b, c DPF
of phase b before and after LC-HAPF starts operation and d DPF of phase b before and after the
2nd loading is connected
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Fig. 4.41 LC-HAPF experimental dynamic process: a adaptive Vdc1u, Vdc1L, b Qsxf of phase b,
c DPF of phase b before and after LC-HAPF starts operation, and d DPF of phase b before and
after the 2nd loading is connected
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with Figs. 4.40 and 4.41, the fixed and adaptive dc-link voltage control can achieve
more or less the same steady-state reactive power compensation results. However,
the adaptive control scheme just requires a lower dc-link voltage of Vdc1U,
Vdc1L = 10 V for compensating the 1st loading as shown in Figs. 4.40a and 4.41a.
For the adaptive dc-link voltage control of the LC-HAPF, due to the fact that its
final reference dc-link voltage level V�

dc1 can vary according to different loading
conditions, the compensating performance will be influenced during each changing
of the dc voltage level. Compared with the fixed dc-link voltage control, the
adaptive control scheme will have a longer settling time during the load and dc
voltage level changing situation, which can be verified by the compensated Qsxf as
shown in Figs. 4.40 and 4.41 as well as Figs. 4.42 and 4.43.

Figures 4.44 and 4.45 show the LC-HAPF simulated and experimental com-
pensating current icx of phase b and their spectra with (a) a fixed dc-link voltage of
Vdc1U, Vdc1L = 30 V and (b) adaptive dc-link voltage control during the 1st loading
connected case. As the reactive power consumption of the 1st inductive loading can
almost be fully compensated by the coupling LC as shown in Table 4.14, it is clearly
illustrated in Figs. 4.44 and 4.45 that the adaptive dc control scheme can effectively
reduce the switching noise compared with the fixed Vdc1U, Vdc1L = 30 V.

Figures 4.39, 4.40, 4.41, 4.42, 4.43, 4.44, 4.45 and Tables 4.15, 4.16 verify that
the adaptive dc-link voltage controlled LC-HAPF can obtain good dynamic reactive
power compensating performance and reduce the system switching loss and
switching noise, compared with the traditional fixed dc-link voltage LC-HAPF.

Table 4.15 Simulation results before and after LC-HAPF reactive power compensation with an
adaptive dc-link voltage control

Before compensation After compensation

Different cases QLxf

(var)
DPF isx

(A)
Qsxf

(var)
DPF isx

(A)
THDisx

(%)

1st inductive loading 150.4 0.729 4.01 5.0 1.000 2.95 2.4

1st and 2nd inductive
loading

200.0 0.810 6.25 22.0 0.997 5.04 2.8

Table 4.16 Experimental results before and after LC-HAPF reactive power compensation with an
adaptive dc-link voltage control

Before compensation After compensation

Different cases QLxf

(var)
DPF isx

(A)
Qsxf

(var)
DPF isx

(A)
THDisx

(%)

1st inductive
loading

A 148.5 0.763 4.06 0.8 0.999 3.04 3.4

B 146.4 0.742 3.90 −1.5 0.999 3.05 4.9

C 145.1 0.746 4.01 3.5 0.999 3.02 4.7

1st and 2nd
inductive loading

A 188.7 0.805 6.03 25.2 0.990 4.97 3.3

B 184.5 0.815 5.87 15.3 0.993 4.96 4.1

C 183.6 0.822 5.94 22.2 0.991 4.90 4.7
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Fig. 4.42 LC-HAPF whole
simulated dynamic process:
a fixed Vdc1u, Vdc1L = 30 V,
b Qsxf of phase b, c DPF of
phase b before and after
LC-HAPF starts operation,
and d DPF of phase b before
and after the 2nd loading is
connected
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Fig. 4.43 LC-HAPF whole experimental dynamic process: a fixed Vdc1u, Vdc1L = 30 V, b Qsxf of
phase b, c DPF of phase b before and after LC-HAPF starts operation, and d DPF of phase b before
and after the 2nd loading is connected
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Fig. 4.44 Simulated and experimental icx of phase b with: a a fixed Vdc1u, Vdc1L = 30 V and
b adaptive dc-link voltage control
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Fig. 4.45 Simulated and experimental frequency spectrum for icx of phase b with: a a fixed Vdc1u,
Vdc1L = 30 V and b adaptive dc-link voltage control
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4.6.5 Simulation and Experimental Verifications
of the Adaptive DC-Link Voltage Controller
for the Three-Phase Four-Wire APF

Actually, the adaptive dc-link voltage control idea can also be migrated into the
APF system as well. From previous analysis, when the PPF is changed to a pure
inductor (Lc2), the original LC-HAPF system will become an APF. By substituting
the reactive power Qcxf_PPF provided by the coupling Lc2 into (4.57) and (4.58), the
required minimum dc-link voltage Vdc1_minx in each phase and the final three-phase
required minimum dc-link voltage Vdc1_min for the APF can be calculated. Then the
adaptive dc-link voltage controller for the three-phase four-wire APF can be
implemented.

Figure 4.46 illustrates the system configuration of a three-phase four-wire
center-split APF. Table 4.17 lists the APF system parameters for simulations and
experiments. As discussed before, to alleviate the dc-link voltage fluctuation
problem under the adaptive control method, the final reference Vdc1

* is classified into
three levels (Vdc1U, Vdc1L = 200, 250 and 300 V) for selection. To simplify the
verification, the three-phase loadings are approximately balanced as shown in
Figs. 4.47 and 4.48. Simulation studies were carried out by using PSCAD/EMTDC.
In order to verify the simulation results, a three-phase four-wire center-split APF
prototype is also designed and constructed. The control system of the prototype is a
digital signal processor (DSP) TMS320F2812 and its sampling frequency is set at
25 kHz. Hysteresis current PWM is applied for the experimental prototype with
maximum switching frequency, 12.5 kHz.

Fig. 4.46 Configuration of a three-phase four-wire center-split APF
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Figures 4.47 and 4.48 show the simulated and experimental displacement power
factor (DPF) at source-side under different loading cases. When the 1st loading is
connected, the three-phase simulated DPF are 0.73, while the three-phase experi-
mental DPF are 0.73, 0.72 and 0.71, respectively. When 1st and 2nd loading are
connected, the three-phase simulated DPF are 0.73, while the three-phase experi-
mental DPF are 0.71, 0.70 and 0.70, respectively.

(a) (b)

-200 
-100 

0 
100 
200 

Ph
as

e 
A

VLa Isa x8

-200 
-100 

0 
100 
200 

Ph
as

e 
B

VLb Isb x8

-200 
-100 

0 
100 
200 

Ph
as

e 
C

VLc Isc x8

Time (s)
0 40 ms 80 ms 120 ms 160 ms 200 ms

isa ×8

vb isb ×8

vc isc ×8

 1st inductive loading connected

DPF=0.73

DPF=0.73

DPF=0.73

va

-200 
-100 

0 
100 
200 

Ph
as

e 
A

VLa Isa x8

-200 
-100 

0 
100 
200 

Ph
as

e 
B

VLb Isb x8

-200 
-100 

0 
100 
200 

Ph
as

e 
C

VLc Isc x8

Time (s)
0 40ms 80ms 120ms 160ms 200ms

isa ×8

vb isb ×8

vc isc ×8

 1st & 2nd inductive loadings connected

DPF=0.73

DPF=0.73

DPF=0.73

va

Fig. 4.47 Simulated displacement power factor (DPF) at source-side: a when 1st loading is
connected and b when 1st and 2nd loadings are connected
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Fig. 4.48 Experimental displacement power factor (DPF) at source-side: a when 1st loading is
connected and b when 1st and 2nd loadings are connected

Table 4.17 APF system parameters for simulations and experiments

System parameters Physical values

Vx, f 110 V, 50 Hz

Ls, Lc2, Cdc1 0.5, 30 mH, 3.3 mF

Resistor RLL1x and inductor LLL1x for 1st inductive
loading

17.0 Ω, 50.0 mH
(QLxf ≈ 355.0 var)

Resistor RLL2x and inductor LLL2x for 2nd inductive
loading

17.0 Ω, 50.0 mH
(QLxf ≈ 355.0 var)
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According to the designed three voltage levels (Vdc1U, Vdc1L = 200 V, 250 V
and 300 V) for the simulations and experiments, from Table 4.18, the APF required
minimum dc-link voltage level will be Vdc1U, Vdc1L = 200 and 250 V for com-
pensating the 1st loading, and 1st and 2nd loadings. In the following part, the
corresponding simulation and experimental results after the proposed adaptive
dc-link voltage controlled APF compensation will be presented in comparison with
the conventional fixed dc-link voltage controlled APF.

4.6.5.1 Adaptive DC-Link Voltage Controlled APF

With the adaptive dc-link voltage control for the APF, Figs. 4.49 and 4.50 show the
APF whole simulated and experimental dynamic compensation process for the
loading situations as shown in Figs. 4.47 and 4.48. Figures 4.49 and 4.50 show that
the simulated and experimental Vdc1U, Vdc1L can be adaptively changed according to
different loading situations. Moreover, the simulated and experimental DPF can be
improved to 0.99 or above after APF compensation for both loadings case, com-
pared with Figs. 4.47 and 4.48.

Tables 4.19 and 4.20 summarize the simulated and experimental compensation
results of the adaptive dc-link voltage controlled APF, the simulated and experi-
mental system-side reactive power Qsxf can be compensated close to zero when the
1st loading, and both the 1st and 2nd loadings are connected. These results can be
verified by showing the three-phase simulated and experimental DPF = 0.99 or
above and THDisx are within 5.0 % respectively. Moreover, the system current isx
can be significantly reduced after the APF compensation. Figures 4.49 and 4.50 and
Tables 4.19 and 4.20 verify the effectiveness of the proposed adaptive dc-link
voltage controlled APF for reactive power compensation.

4.6.5.2 Comparison Between Fixed and Adaptive DC-Link Voltage
Controlled APF

With a fixed dc-link voltage of VdcU, VdcL = 300 V, Figs. 4.51 and 4.52 show the
APF whole simulated and experimental dynamic compensation process for the
same loading situations as shown in Figs. 4.47 and 4.48. Tables 4.21 and 4.22

Table 4.18 APF minimum dc-link voltage levels (200, 250 and 300 V)

Different situations Required Vdc1_min/2
(V)

Final minimum adapt. Level Vdc1U,
Vdc1L (V)

1st loading A, B,
C

198.5 200

1st and 2nd
loadings

A, B,
C

241.5 250
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summarize the simulated and experimental compensation results of the fixed dc-link
voltage (VdcU, VdcL = 300 V) controlled APF correspondingly.

From Figs. 4.49, 4.50, 4.51, 4.52 and Tables 4.19, 4.20, 4.21, 4.22, the fixed and
adaptive dc-link voltage controlled APF can achieve more or less the same
steady-state reactive power compensation results. However, the adaptive control
scheme just requires a lower dc-link voltage for compensating the 1st loading and
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Vdc1L when 2nd loading is connected

4.6 Adaptive DC-Link Voltage Control Strategy … 237



1st and 2nd loadings as shown in Figs. 4.49, 4.50, 4.51 and 4.52. Thus, it obtains
less THDisx and isx values for both loading cases, because a lower dc-link voltage
will generate less switching noise into the system, and vice versa. For the adaptive
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Fig. 4.51 APF simulated dynamic process with a fixed Vdc1U, Vdc1L = 300 V: a DPF and Vdc1U,
Vdc1L before and after APF starts operation during 1st loading and b DPF and Vdc1U, Vdc1L when
2nd loading is connected
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dc-link voltage controlled APF, due to its final reference Vdc1
* can be varied

according to different loading conditions, the compensating performance will be
influenced during each changing of the dc voltage level. Compared with the fixed
dc-link voltage control, the proposed one yields a longer settling time during the
load and dc voltage level changing situation.
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Table 4.19 Simulation results before and after APF reactive power compensation with an
adaptive dc-link voltage control

Before compensation After compensation

Different cases QLxf

(var)
DPF isx

(A)
Qsxf

(var)
DPF isx

(A)
THDisx

(%)

1st inductive loading 350 0.73 4.73 18 1.00 3.61 4.9

1st and 2nd inductive
loading

700 0.73 9.46 11 1.00 7.15 3.0

Table 4.20 Experimental results before and after APF reactive power compensation with an
adaptive dc-link voltage control

Before compensation After compensation

Different cases QLxf

(var)
DPF isx

(A)
Qsxf

(var)
DPF isx

(A)
THDisx

(%)

1st inductive
loading

A 354 0.73 4.76 69 0.99 3.65 5.0

B 363 0.72 4.88 69 0.99 3.65 4.8

C 357 0.71 4.81 66 0.99 3.58 4.9

1st and 2nd
inductive loading

A 702 0.71 9.46 78 1.00 7.39 4.4

B 686 0.70 9.47 76 1.00 7.24 4.5

C 670 0.70 9.44 75 1.00 7.25 4.1

Table 4.21 Simulation results before and after APF reactive power compensation with a fixed
Vdc1U, Vdc1L = 300 V

Before compensation After compensation

Different cases QLxf

(var)
DPF isx

(A)
Qsxf

(var)
DPF isx

(A)
THDisx

(%)

1st inductive loading 350 0.73 4.73 −8 1.00 3.87 7.5

1st and 2nd inductive
loading

700 0.73 9.46 5 1.00 7.28 4.0

Table 4.22 Experimental results before and after APF reactive power compensation with a fixed
Vdc1U, Vdc1L = 300 V

Before compensation After compensation

Different cases QLxf

(var)
DPF isx

(A)
Qsxf

(var)
DPF isx

(A)
THDisx

(%)

1st inductive
loading

A 354 0.73 4.76 42 1.00 3.81 6.3

B 363 0.72 4.88 41 1.00 3.76 6.3

C 357 0.71 4.81 40 1.00 3.70 6.3

1st and 2nd
inductive loading

A 702 0.71 9.46 81 1.00 7.58 4.6

B 686 0.70 9.47 79 1.00 7.42 5.0

C 670 0.70 9.44 77 1.00 7.40 4.5
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Figure 4.53 shows the APF experimental compensating current icx of phase
a with: (a) fixed Vdc1U, Vdc1L = 300 V and (b) proposed adaptive dc-link voltage
control during 1st loading and 1st and 2nd loadings cases. Figure 4.53 shows that
the adaptive dc-link voltage control scheme can effectively reduce the switching
noise of the APF compared with the traditional fixed Vdc1U, Vdc1L = 300 V oper-
ation. Moreover, from Table 4.23, the proposed adaptive control scheme can reduce
the inverter power loss by 47 and 19 %, respectively compared with the conven-
tional fixed Vdc1U, Vdc1L = 300 V control.

From Figs. 4.47, 4.48, 4.49, 4.50, 4.51, 4.52, 4.53 and Tables 4.19, 4.20, 4.21,
4.22, 4.23, they verified that the proposed adaptive dc-link voltage controlled APF
can obtain good dynamic reactive power compensating performance and reduce the
system switching loss and switching noise.

Soft-switching techniques are usually applied to reduce the system operating
switching loss. However, they all require extra auxiliary circuits, thus increasing the
system initial cost. To obtain loss reduction function without adding extra circuit

Fig. 4.53 Experimental icx of phase a with: a a fixed VdcU, VdcL = 300 V and b proposed adaptive
dc-link voltage control

Table 4.23 Experimental inverter power loss of APF with a fixed Vdc1U, Vdc1L = 300 V and
adaptive dc-link voltage control

Inverter power loss of APF Fixed VdcU, VdcL = 300 V (W) Adaptive dc

Power loss (W) 1st loading 163.2 86.4 W (200 V)
*47 %↓

1st and 2nd loading 213.0 172.2 W (250 V)
*19 %↓
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components and to implement the dynamic reactive power compensation capability
for the LC-HAPF, an adaptive dc-link voltage controlled LC-HAPF for dynamic
reactive power compensation capability is given in this section. Moreover, its
viability and effectiveness have been proved by simulation and experimental
results, in which it can achieve a good dynamic reactive power compensating
performance as well as reducing the switching loss and switching noise compared
with the traditional fixed dc-link voltage controlled LC-HAPF. After that, the
adaptive dc-link voltage control idea is also extended into the APF application, in
which the simulation and experimental results also show significantly reduction in
both switching loss and switching noise compared with the traditional fixed dc-link
voltage controlled APF.

4.7 Minimum Inverter Capacity Design for Three-Phase
Four-Wire LC-HAPF

Owing to the limitations among the existing literatures [19–26], there is still no
mathematical deduction for the design of the LC-HAPF minimum dc-link voltage
in current harmonics and reactive power compensation. Therefore, the key contri-
bution of this section is to investigate and discuss the minimum dc-link voltage and
also inverter capacity design for the three-phase four-wire LC-HAPF.

In this section, the equivalent circuit model in a-b-c coordinate of the
three-phase four-wire center-split LC-HAPF as shown in Fig. 4.5 is initially
introduced. According to the current quality of the loading and the LC-HAPF
single-phase equivalent circuit models, the minimum dc-link voltage expression for
the LC-HAPF in current harmonics and reactive power compensation is proposed.
Finally, representative simulation and experimental results of the LC-HAPF are
given to verify its effectiveness of the minimum dc-link voltage design expression.
Given that most of the loadings in the distribution power systems are inductive, the
following analysis and discussion only focus on inductive nonlinear loads [39].

4.7.1 Mathematical Modeling of a Three-Phase Four-Wire
Center-Split LC-HAPF in A-B-C Coordinate

The equivalent circuit model of LC-HAPF in a-b-c coordinate of the three-phase
four-wire center-split LC-HAPF as shown in Fig. 4.5 is shown in Fig. 4.54, where
the subscript ‘x’ denotes phase x = a, b, c, n. vx is the load voltage, isx, iLx and icx are
the system, load, and inverter current for each phase respectively. Cc1 and Lc1 are
the coupling capacitor and inductor of the LC-HAPF. vCc1x and vLc1x are the
coupling capacitor voltage and inductor voltage. vinv1x is the inverter output voltage.
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From Fig. 4.54, the differential equations of the coupling inductor Lc1 and
capacitor Cc1 can be expressed as:

Lc1
d
dt

ica
icb
icc

2

4

3

5 ¼
vinv1a
vinv1b
vinv1c

2

4

3

5�
va
vb
vc
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@
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A ð4:64Þ

Cc1
d
dt

vCc1a
vCc1b
vCc1c

2

4

3

5 ¼ �
ica
icb
icc

2

4

3

5 ð4:65Þ

In the following, the minimum dc-link voltage expressions for the LC-HAPF
will be presented.

4.7.2 Minimum Inverter Capacity Analysis
of a Three-Phase Four-Wire Center-Split LC-HAPF

From the previous analysis results, Fig. 4.55 shows the LC-HAPF single-phase
equivalent circuit models in a-b-c coordinate. In the following analysis, all ac
parameters are in RMS value except dc components. From Fig. 4.55, the required
inverter fundamental output voltages (Vinv1xf) and inverter harmonic output voltages
(Vinv1xn) at each harmonic order can be found, where the subscripts ‘f’ and ‘n’
denote the fundamental and harmonic frequency components. As Vinv1xf and Vinv1xn

Fig. 4.54 Equivalent circuit model in a-b-c coordinates of the three-phase four-wire center-split
LC-HAPF
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are in RMS values, the minimum dc-link voltage values (Vdc1xf and Vdc1xn) for
compensating the phase fundamental reactive current component and each nth
harmonic current component are calculated as the peak values of the required
inverter fundamental and harmonic output voltages, in which Vdc1xf ¼

ffiffiffi

2
p

Vinv1xf

and Vdc1xn ¼
ffiffiffi

2
p

Vinv1xn respectively. In order to provide sufficient dc-link voltage
for compensating load reactive and harmonic currents, the minimum dc-link voltage
requirement (Vdc1x) of the LC-HAPF single-phase circuit model as shown in (4.66)
is deduced by considering the worst phase relation between each harmonic com-
ponent, in which their corresponding peak voltages of the VSI at AC side are
assumed to be superimposed.

Vdc1x ¼
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi

Vdc1xf
�

�

�

�

2 þ
X

1

n¼2

Vdc1xnj j2
s

ð4:66Þ

From Fig. 4.55a, when the load voltage Vx is pure sinusoidal without harmonic
components, Vx = Vxf, the inverter fundamental output voltage of the LC-HAPF
single-phase circuit model can be expressed as:

Vinv1xf ¼ Vx þ ZPPFf 	 Icxf ð4:67Þ

Since most of the loadings in the distribution power systems are inductive, the
fundamental impedance of the coupling capacitor Cc1 should be larger than that of
the coupling inductor Lc1 which yields ZPPFf ¼ ZPPFf

�

�

�

�ejuf , uf ¼ �90
 When the
LC-HAPF operates at the ideal case, the fundamental compensating current Icxf
contains the pure reactive component Icxfq only without the active current compo-
nent Icxfp, therefore (4.67) can be rewritten as:

(a) (b)

Fig. 4.55 LC-HAPF single-phase equivalent circuit models in a-b-c coordinate: a at fundamental
frequency and b at nth harmonic order frequency
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Vinv1xf ¼ Vx � xLc1 � 1
xCc1

�

�

�

�

�

�

�

�

Icxfq
�

�

�

�; ð4:68Þ

where x ¼ 2pf .
From Fig. 4.55b, the inverter harmonic output voltage Vinv1xn at nth (n = 1,

2 … ∞) harmonic order can be expressed as:

Vinv1xn ¼ nxLc1 � 1
nxCc1

�

�

�

�

�

�

�

�

Icxnj j n ¼ 2; 3. . .1; ð4:69Þ

where Icxn is the nth order harmonic compensating current.
From Fig. 4.5, when the LC-HAPF compensates power quality issues, the

absolute reactive and nth order harmonic compensating current should be equal to
those of the loading, it yields:

Icxfq
�

�

�

� ¼ ILxfq
�

�

�

�; Icxnj j ¼ ILxnj j; ð4:70Þ

where ILxfq and ILxn are the reactive and nth order harmonic current of the loading.
From (4.67) to (4.70), the inverter fundamental and each nth harmonic order

output voltages of the LC-HAPF single-phase circuit model (Vinv1xf and Vinv1xn) can
be calculated. Then the minimum dc-link voltage requirement (Vdc1x) for the
LC-HAPF single-phase circuit model can be found by (4.66).

By using the generalized single-phase p-q theory [29], the reactive power and
current harmonics in each phase can be compensated independently, thus the final
required minimum dc-link voltage for the three-phase four-wire center-split
LC-HAPF (Vdc1) will be the maximum one among the calculated minimum values
of each phase (Vdc1x), which can be expressed as:

Vdc1 ¼ max 2Vdc1a; 2Vdc1b; 2Vdc1cð Þ ð4:71Þ

Thus, the inverter capacity of the LC-HAPF (Sinv) can be expressed as:

Sinv ¼ 3
Vdc1
ffiffiffi

2
p Ic ð4:72Þ

where Ic = max(Ica = Icb = Icc). From (4.72), the inverter capacity of the LC-HAPF
is proportional to the corresponding dc-link voltage. Thus, the dc-link voltage level
can reflect the inverter capacity of the LC-HAPF. Table 4.24 summarizes the
minimum dc-link voltage deduction steps of the LC-HAPF.

From Table 4.24, the minimum dc-link voltage value of the LC-HAPF can be
calculated only when the spectra of the load currents are known. If the load current
spectra cannot be measured (i.e. unknown loads) before the installation of the
LC-HAPF, via Fast Fourier Transform (FFT), the load current spectra can be fig-
ured out by the DSP of the LC-HAPF after installation. Then the minimum dc-link
voltage value can be calculated by the DSP through the deduction steps in
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Table 4.24. Once the minimum dc-link voltage value is known, the LC-HAPF
system can start operation. Through the dc-link voltage control method, its dc-link
voltage can be controlled to reach this minimum reference value.

4.7.3 Simulation and Experimental Verifications
for Minimum Inverter Capacity Analysis
of the Three-Phase Four-Wire LC-HAPF

To verify the minimum dc-link voltage analysis, representative simulation and
experimental results of the three-phase four-wire center-split LC-HAPF system as
shown in Fig. 4.5 will be given. In order to simplify the verification, the dc-link is
supported by external dc voltage source and the simulated and experimental
three-phase loadings are approximately balanced. Table 4.25 lists the simulated and
experimental system parameters for the LC-HAPF. From Table 4.25, the coupling

Table 4.24 Minimum dc-link voltage deduction steps of the LC-HAPF

1 Inverter fundamental output voltage

Vinv1xf ¼ Vx � xLc1 � 1
xCc1

�

�

�

�

�

�
Icxfq
�

�

�

�

(4.68)

where Icxfq
�

�

�

� ¼ ILxfq
�

�

�

� , x ¼ 2pf (4.70)

2 Inverter nth harmonic order output voltage

Vinv1xn ¼ nxLc1 � 1
nxCc1

�

�

�

�

�

�
Icxnj j (4.69)

where Icxnj j ¼ ILxnj j, n ¼ 2; 3. . .1, x ¼ 2pf (4.70)

3 Minimum dc-link voltage

Vdc1 ¼ maxð2Vdc1a; 2Vdc1b; 2Vdc1cÞ
Where Vdc1x ¼

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi

Vdc1xf

�

�

�

�

2 þ P1
n¼2 Vdc1xnj j2

q

(4.71)
(4.66)

Vdc1xf¼
ffiffiffi

2
p

Vinv1xf , Vdc1xn¼
ffiffiffi

2
p

Vinv1xn, where n ¼ 2; 3. . .1

Table 4.25 LC-HAPF system parameters for simulations and experiments

System parameters Physical values

System source-side Vx 220 V

f 50 Hz

LC-HAPF Lc1 8 mH

Cc1 50 μF

Vdc1 45, 65, 90 V

Nonlinear rectifier load RNL1x 43.2 Ω

LNL1x 34.5 mH

CNL1x 392.0 μF
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Lc1 and Cc1 are designed based on the load fundamental reactive power con-
sumption and tuned at the 5th order harmonic frequency. As the simulated and
experimental loadings are approximately balanced, only phase a compensation
diagrams will be illustrated.

Simulation studies were carried out by using Matlab. In order to verify the
simulation results, a 220 V/10 kVA three-phase four-wire center-split LC-HAPF
experimental prototype is implemented. IGBTs are employed as the switching
devices for the active inverter part. And the control system of this prototype is a
DSP TMS320F2812 and the analog to digital (A/D) sampling frequency of the
LC-HAPF system is set as 40 μs (25 kHz). Figure 4.6 shows the reactive and
harmonic reference compensating current deduction and PWM control block dia-
gram for the three-phase four-wire LC-HAPF system. Hysteresis PWM is applied
for generating the required compensating current. In the following, since the load
harmonic current contents beyond the 9th order are small, for simplicity, the
required minimum dc-link voltage calculation will be taken into account up to 9th
harmonic order only.

4.7.3.1 Simulation Results

Figure 4.56a illustrates the simulated load current iLx waveform and its spectrum of
phase a, in which its corresponding fundamental reactive current, 3rd, 5th, 7th and
9th order harmonic current in RMS values are shown in Table 4.26. From
Fig. 4.56a and Table 4.28, the total harmonic distortion of the load current
(THDiLx) is 32.1 % and the load neutral current (iLn) is 5.35 A, in which the 3rd and
5th order harmonic contents dominate the load harmonic current. With the help of
Tables 4.24 and 4.27 shows the required minimum dc-link voltage values (Vdc1xf

and Vdc1xn) for compensating the fundamental reactive current, 3rd, 5th, 7th and 9th
harmonic current components and the minimum dc-link voltage (Vdc1) of the
LC-HAPF, in which Vdc1 = 79.24 V. The dc-link voltage for the LC-HAPF is
chosen as Vdc1 = 45 V, 65 V, 90 V for performing compensation respectively.
After the compensation by the LC-HAPF, Fig. 4.56b–d show the simulated system
current isx waveforms and their spectra of phase a at different dc-link voltage levels.
Their corresponding results are summarized in Table 4.28.

Table 4.26 Simulated and experimental fundamental reactive current, 3rd, 5th, 7th and 9th orders
harmonic current values of the loading

Fundamental
reactive
current (A)

3rd order
harmonic
current (A)

5th order
harmonic
current (A)

7th order
harmonic
current (A)

9th order
harmonic
current (A)

Simulation
results

3.72 1.96 0.53 0.23 0.16

Experimental
results

3.41 1.92 0.45 0.20 0.12
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Fig. 4.56 Simulated isx and its spectrum of phase a before and after LC-HAPF compensation:
a before compensation, b after compensation with Vdc1 = 45 V, c after compensation with
Vdc1 = 65 V and d after compensation with Vdc1 = 90 V

Table 4.27 Simulated and experimental required dc-link voltage of the LC-HAPF

LC-HAPF Vdc1xf

(V)
Vdc1x3

(V)
Vdc1x5

(V)
Vdc1x7

(V)
Vdc1x9

(V)
Vdc1

(V)

Simulation results 10.56 37.92 0.13 2.77 3.52 79.24

Experimental
results

16.42 37.15 0.10 2.40 2.64 81.54
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From Tables 4.27 and 4.28, when the LC-HAPF is operating, the coupling LC
mainly eliminates the 5th order harmonic current. From Fig. 4.56b–d, with the
dc-link voltage of Vdc1 = 45 V (<Vdc1 = 79.24 V), the LC-HAPF cannot perform
current compensation effectively. After compensation, the total harmonic distortion
of phase a system current is THDisx = 36.2 % and the system neutral current (isn) is
5.85 A, in which the compensated THDisx does not satisfy the international stan-
dards [31, 33]. When the dc-link voltage increases to Vdc1 = 65 V, because this
value is closer to the required Vdc1 = 79.24 V, the LC-HAPF can obtain better
compensating performances with THDisx = 20.2 % and isn = 3.60 A, in which the
compensated THDisx still does not satisfy the international standards [31, 33]. When
the dc-link voltage increases to Vdc1 = 90 V, the LC-HAPF then can effectively
track the reference compensating current and achieve the best compensating per-
formance with THDisx = 5.3 % and isn = 0.86 A among the three cases.

4.7.3.2 Experimental Results

Figure 4.57a illustrates the experimental iLx waveform and its spectrum of phase a,
in which its corresponding fundamental reactive current, the 3rd, 5th, 7th and 9th
order harmonic currents in RMS value of the loading are shown in Table 4.26.
From Fig. 4.57a and Table 4.28, the THDiLx is 32.7 % and the iLn is 5.77 A, in
which the 3rd and 5th orders harmonic contents dominate the load harmonic cur-
rent. With the help of Tables 4.24 and 4.27 shows the required Vdc1xf and Vdc1xn, in
which Vdc1 = 81.54 V. Similar as simulation part, the dc-link voltage for the
LC-HAPF is chosen in three levels as Vdc1 = 45, 65, and 90 V for performing
compensation respectively. After compensation by the LC-HAPF, Fig. 4.57b–d
show the experimental isx waveforms and their spectra of phase a at different
dc-link voltage levels. Their corresponding experimental results are summarized in
Table 4.28.

Table 4.28 Summary of simulated and experimental results before and after LC-HAPF
compensation

LC-HAPF Vdc1 (V) 3rd
harmonic (%)

5th
harmonic (%)

DPF THDisx

(%)
isn (A)

Simulation
results

Without
comp.

– 31.5 8.6 0.80 32.1 5.35

After
comp.

45 36.2 6.1 1.00 36.2 5.85

65 25.2 1.1 1.00 20.2 3.60

90 2.7 0.6 1.00 5.3 0.86

Experimental
results

Without
comp.

– 31.4 7.3 0.83 32.7 5.77

After
comp.

45 23.8 3.2 1.00 25.3 3.51

65 14.8 2.4 1.00 17.2 2.45

90 6.3 1.1 1.00 8.0 1.30

4.7 Minimum Inverter Capacity Design … 249



From Tables 4.27 and 4.28, when the LC-HAPF operates, the coupling LC
mainly eliminates the 5th order harmonic current. From Fig. 4.57b–d, with
Vdc1 = 45 V (<Vdc1 = 81.54 V), the LC-HAPF cannot perform current compensa-
tion effectively. After compensation, the THDisx of phase a is 25.3 % and the isn is
3.51 A, in which the compensated THDisx does not satisfy the international standard
[31, 33]. When the dc-link voltage increases to Vdc1 = 65 V, because this value is
closer to the required Vdc1 = 81.54 V, the LC-HAPF can obtain better compen-
sating performances with THDisx = 17.2 % and isn = 2.45 A, yet the compensated
THDisx does not satisfy the international standard [31]. When the dc-link voltage

Fig. 4.57 Experimental isx and its spectrum of phase a before and after LC-HAPF compensation:
a before compensation, b after compensation with Vdc1 = 45 V, c after compensation with
Vdc1 = 65 V and d after compensation with Vdc1 = 90 V
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increases to Vdc1 = 90 V, the LC-HAPF can achieve the best compensating per-
formance with THDisx = 8.0 % and isn = 1.30 A among the three cases.

The experimental results are similar to the simulated results, which verify the
LC-HAPF minimum dc-link voltage expression. To obtain LC-HAPF good com-
pensating performances, its dc-link operating voltage can be chosen as the calcu-
lated Vdc1. Then its minimum inverter capacity can also be found by (4.72).

4.8 Design and Performance of a 220 V/10 kVA
Three-Phase Four-Wire LC-HAPF Experimental
Prototype

4.8.1 System Configuration of Three-Phase Four-Wire
LC-HAPF

The system configuration of the 220 V/10 kVA three-phase four-wire LC-HAPF
experimental prototype is shown in Fig. 4.58 while the LC-HAPF experimental
prototype testing environment is shown in Fig. 4.59. From Fig. 4.58, the subscript
‘x’ denotes phase a, b, c, n. vx is the load voltage, isx, iLx and icx are the system, load
and inverter currents for each phase. Cc1 and Lc1 are the coupling capacitor and

Fig. 4.58 System configuration of the 220 V/10 kVA LC-HAPF experimental prototype
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inductor, Lcn is the coupling neutral inductor. Cdc1, Vdc1U and Vdc1L are the dc
capacitor, upper and lower dc capacitor voltages with Vdc1U = Vdc1L = 0.5Vdc1.
Ssource, SHAPF, SAPF, SPPF, SR, Sdischarge are controllable switches for controlling
different parts of the circuit. VTSC and CTSC represent voltage and current
transducers with signal conditioning board. The load is a nonlinear load, a linear
load or their combination. Table 4.29 shows the system parameters of the
220 V/10kVA LC-HAPF experimental prototype, and three adaptive dc-link volt-
age levels (Vdc1u, Vdc1L = 25, 50 and 75 V) are designed.

4.8.2 Balanced and Unbalanced Testing Loads

The 220 V/10 kVA three-phase four-wire center-split LC-HAPF experimental
prototype has been tested under balanced and unbalanced loading situations as
shown in Figs. 4.60 and 4.61. Their corresponding parameters’ values are sum-
marized in Table 4.30.

Fig. 4.59 The
220 V/10 kVA LC-HAPF
experimental prototype
testing environment

Table 4.29 A 220 V/10 kVA LC-HAPF experimental system parameters

System parameters Physical values

System source-side Vx 220 V

f 50 Hz

Coupling LC (Qcxf_PPF ≈ −790.0 VAR) Lc1 8 mH

Cc1 50 μF

DC capacitor Cdc1 3.3 mF

DC-link voltage levels Vdc1u, Vdc1L 25, 50, 75 V
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4.8.3 Design of Coupling LC of LC-HAPF

For the full bridge diode rectifier loading as shown in Figs. 4.60 and 4.61, the 3rd
and 5th order harmonic currents will be the two dominant harmonic current con-
tents. For designing the coupling LC parameters based on the average fundamental
reactive power consumption �QLxf � 790:0 var and n1 = 5, from (4.1)–(4.3), the
coupling capacitor and inductor can be determined as Cc1 ≈ 50 μF, Lc1 ≈ 8 mH

Fig. 4.60 The 220 V/10 kVA LC-HAPF experimental prototype under balanced loading
situation

Fig. 4.61 The 220 V/10 kVA LC-HAPF experimental prototype under unbalanced loading
situation
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respectively. The coupling passive part (Cc1, Lc1) hardware circuit diagram of the
220 V/10 kVA LC-HAPF experimental system is shown in Fig. 4.62.

4.8.4 Design of Active Inverter Part of LC-HAPF

The active inverter part of the LC-HAPF is composed of a DC/AC center-split
voltage source inverter (VSI) with dc-link capacitors, which includes IGBT power
switches with drivers, transducers with signal conditioning boards and digital
controller. The design of the following three components of the APF part will be
presented as follows:

(1) IGBT power switches with drivers,
(2) Transducer with signal conditioning boards,
(3) Digital controller and its software design.

4.8.4.1 IGBT Power Switches with Drivers

Presently available power semiconductor switches include bipolar
technology-based devices such as bipolar junction transistors (BJTs), thyristors and
gate turn-off (GTO) thyristors, and metal-oxide-semiconductor (MOS)-based
devices such as MOS field effect transistors (MOSFETs), insulated gate bipolar
transistors (IGBTs), and MOS-controlled thyristors (MCTs). A summary of power
device capabilities is shown in Fig. 4.63 [44].

The Mitsubishi third generation IGBT PM300DSA60 dual intelligent power
module (IPM) is selected as the power switching devices for the 220 V/10 kVA
LC-HAPF experimental system, with maximum rated current and voltage of 300 A
and 600 V respectively [45]. The appearance and circuit diagram of the selected
dual IPM is shown in Chap. 3, in which this module can be used as one leg of the
VSI, which provides great convenience to the hardware implementation.

The schematic diagram of the IGBT driver board is shown in Fig. 4.64, which is
used to drive one dual IPM. The IGBT driver board is designed to control the

Fig. 4.62 Hardware circuit
diagram of coupling LC
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switching state of IGBT with the trigger signals generated from the digital controller.
The final hardware connection between the IGBT power switches and drivers for the
220 V/10 kVA LC-HAPF experimental system is shown in Fig. 4.65. The key
design consideration of the IGBT driver board has been discussed in Chap. 3.

Fig. 4.63 Summary of power semiconductor device capabilities [44]

Fig. 4.64 Schematic diagram of IGBT driver board
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4.8.4.2 Transducers with Signal Conditioning Boards

The three-phase load voltages, load currents, compensating currents and dc-link
voltages of the LC-HAPF are measured by transducers with signal conditioning
boards. The adopted transducers are based on the Hall-Effect transducer, which
provides an isolated measurement for dc and ac voltage and current. The voltage
and current signal conditioning boards can transfer the large electrical signals into
small analog signals in order to be adopted as the A/D converter inputs of the digital
control system. The measured output signals from the signal conditioning boards
are sent to the A/D converter and converted into digital signals in the digital
controller. These signals are required to determine the reference compensating
currents. The schematic diagram of the signal conditioning circuit is shown in
Fig. 4.66. From Fig. 4.66, the signal conditioning circuit mainly includes one
voltage follower and two negative gain amplifiers. The voltage follower can provide
a high input impedance to avoid loading effect, while the two negative gain
amplifiers can provide an appropriate positive output electrical signal to A/D input
of the digital controller. A 3.3 V zener diode is implemented at the output side to
limit the input voltage level to a 3.3 V digital controller.

Fig. 4.65 Hardware
connection between IGBT
power switches and drivers
for the 220 V/10 kVA
experimental prototype

Fig. 4.66 Schematic diagram of the signal condition circuit
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In order to synthesize parameters of the signal conditioning circuit, the R1 of KT
20 A/P (current transducer) indicated in Fig. 4.66 is selected as 50 Ω, while that of
KV 50 A/P (voltage transducer) is selected as 100 Ω [46]. Therefore, the current
and voltage transducer output voltage (Vin) will have the same range between
−5Vpeak to 5Vpeak.

The selected A/D converter of the digital controller has an input range of 0–
3.3 V. Therefore, the output voltage (Vo) of the signal conditioning circuits should
be consistent with (0–3.3 V). To avoid the unsteady state when the input voltage
approaches 3.3 V, the peak output voltage is changed to the range of 0.3–3.0 V.
According to the schematic diagram as shown in Fig. 4.66, the signal conditioning
board output voltage can be expressed as:

Vo ¼ R5

R2
Vin þ R5

R3
	 15 ð4:73Þ

For ac measurement, a dc offset should be provided for the input analog signals
because a negative voltage is not compatible for a 0–3.3 V digital controller. Set
R5 = 2.2 kΩ and R3 = 20 kΩ, then Vo ¼ 2:2k

R2
Vin þ 1:65:

According to different experimental loading conditions as listed in Tables 4.30,
4.32 and 4.33, the maximum measurement ranges for load currents and compen-
sating currents are set as ±20Apeak and ±20Apeak respectively while the maximum
measurement range of the load voltages and dc-link capacitor voltages are set
as ±330 Vpeak and +200Vpeak respectively. Table 4.31 shows the design parame-
ters of the signal conditioning boards. The photo of the overall current and voltage
transducer with signal condition boards for the 220 V/10 kVA LC-HAPF experi-
mental prototype is shown in Fig. 4.67.

Table 4.30 Experimental parameters for balanced and unbalanced loading situations

System parameters Physical values

Vx, f 220 V, 50 Hz

Balanced
loading

1st inductive nonlinear
load

A RNL1x, LNL1x,
CNL1x

43.2 Ω, 34.5 mH,
392.0 µF
(QLxf ≈ 720.0 var)

B

C

2nd inductive linear
load

A RLL2x, LLL2x 60 Ω, 70 mH
(QLxf ≈ 200.0 var)B

C

Unbalanced
loading

1st inductive nonlinear
load

A RNL1x, LNL1x,
CNL1x

48.2 Ω, 34.5 mH,
392.0 µF
(QLxf ≈ 660.0 var)

B 43.2 Ω, 34.5 mH,
392.0 µF
(QLxf ≈ 720.0 var)

C

2nd inductive linear
load

A RLL2x, LLL2x 80 Ω, 70 mH
(QLxf ≈ 100.0 var)
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Table 4.31 Parameters of the signal conditioning boards (in peak value)

Max. measurement range
(Apeak/Vpeak)

Vin (Vpeak) Vo (Vpeak) R2 (kΩ) R3 (kΩ) R5 (kΩ)

Current iLx −20–20 −5–5 0.309–2.991 8.2 20 2.2

icx −20–20 −5–5 0.309–2.991 8.2 20 2.2

Voltage vx −330–330 −5–5 0.309–2.991 8.2 20 2.2

Vdc1U, Vdc1L 0–200 0–5 0.330–2.991 8.2 100 2.2

Note R4 = 1.5 kΩ, R7 = 5 kΩ and R6 = R8 = 10 kΩ, R10, R11, R12 are 20 kΩ adjustable resistor

Table 4.32 Experimental results before LC-HAPF compensation under balanced loading case

Before LC-HAPF compensation under balanced loading case

Different cases Qsxf (var) PF THDisx (%) THDvx (%) isx (A) isn (A)

1st inductive loading A 723.0 0.804 32.5 1.7 6.506 5.808

B 718.5 0.805 31.5 1.9 6.467

C 721.2 0.804 31.6 1.5 6.444

1st and 2nd inductive
loading

A 921.3 0.870 21.3 1.6 9.520 5.659

B 920.1 0.872 20.5 1.8 9.539

C 921.9 0.870 20.7 1.5 9.493

Table 4.33 Experimental results before LC-HAPF compensation under unbalanced loading case

Before LC-HAPF compensation under unbalanced loading case

Different cases Qsxf (var) PF THDisx (%) THDvx (%) isx (A) isn (A)

1st inductive loading A 665.5 0.808 33.9 1.6 6.072 5.750

B 719.5 0.807 31.5 1.9 6.468

C 721.8 0.802 31.6 1.7 6.457

1st and 2nd inductive
loading

A 765.5 0.877 23.2 1.6 8.357 6.067

B 719.5 0.807 31.5 1.9 6.468

C 721.8 0.802 31.6 1.7 6.457

Fig. 4.67 Overall current
and voltage transducers with
signal conditioning boards for
the 220 V/10 kVA LC-HAPF
experimental prototype
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4.8.4.3 Software Design of Digital Controller DSP-TMS320F2812

The reference compensating current calculation is achieved by a digital signal
processor (DSP). The high speed DSP-TMS320F2812 is chosen which has high
performance in the real-time control and motor/machine control. There are total
sixteen multiplexed analog inputs of 12-bit analog-to-digital converter (ADC) core
with built-in sample and hold (S/H) in the DSP-TMS320F2812. The 12-bit ADC
module is operating with a fast conversion rate of 80 ns at 25 MHz ADC clock.
The ADC sequencer consists of two independent 8-state sequencers that can also be
cascaded together to form one 16-state sequencer [47]. After the conversion, the
digital value of the selected channel is stored in the appropriate result register. The
results will be transformed into the corresponding format and values by bit shift
operation on the result registers.

There are two Event Managers (EV), namely EVA and EVB, embedded in
TMS320F2812. Each EV module contains two general-purpose (GP) timers.
The GP timers can be used to activate the A/D conversion to provide a time base for
the operation of the full compare units, or to calculate the reference current. There
are six PWM outputs with programmable deadband and output logic for each EV
created by the intrinsic three full compare units. These PWM signals are generated
by using EV module, Timer 1 (EVA) and Timer 3 (EVB). The deadband unit is
used to implement the deadtime of the inverter in each of the compare units. When
the deadband unit is enabled for the comparing units, the transition edges of the two
signals are separated by a time interval determined by the inverter switch limitation.
A deadband can be provided to avoid the short-circuit case between the upper and
lower switches in one leg. The deadband is designed as 4.27 µs, which is larger
than the recommended condition (≥3.5 µs) of the PM300DSA60 IPM.

For the 220 V/10 kVA LC-HAPF experimental prototype, Timer 2 (EVA) is
used to define the sample rate of ADC module, in which the sampling frequency is
set to 25 kHz. For every 1/25 kHz(s) period, Timer 2 will provide a trigger signal to
process AD conversion and the corresponding interrupt. There are totally 4 groups
with 12 channel signals, i.e. 3 load voltages vx, 3 load currents iLx, 3 compensating
currents icx, and 2 dc-link capacitor voltages Vdc1U, Vdc1L are converted into digital
values. Timer 1 (EVA) is responsible for generating PWM. The frequency of Timer
1 is determined by the switching frequency limitation of the IGBT. Timer 1 is set to
have a maximum switching frequency of 12.5 kH. There is only one interrupt
activated, in which the A/D interrupt has the highest priority. In the following, the
program flow chart for the DSP-TMS320F2812 in performing ADC signal sam-
pling, single-phase instantaneous p-q compensation algorithm, adaptive dc-link
voltage control, and generating the PWM signals for controlling the VSI output is
shown in Fig. 4.68.

The DSP controller for the LC-HAPF experimental prototype is shown in
Fig. 4.69, in which there is a signals connection printed circuit board (PCB) for
convenient connection between the peripherals I/O ports of DSP and other physical
devices.
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4.8.5 Experimental Results for a 220 V/10 kVA
Three-Phase Four-Wire LC-HAPF Experimental
Prototype

4.8.5.1 Power Quality Data of the Experimental Balanced
and Unbalanced Loadings

Before the LC-HAPF performs compensation, Figs. 4.70 and 4.71 show the
experimental reactive power at system source-side Qsxf, load voltage vx and system
current isx waveforms for both balanced and unbalanced loading situations.
Tables 4.32 and 4.33 summarize the power quality parameters for both balanced
and unbalanced loading situations.

Fig. 4.68 DSP program flowchart of the LC-HAPF: a main program, b interrupt service routine

Fig. 4.69 The DSP
controller for the
220 V/10 kVA LC-HAPF
experimental prototype
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Fig. 4.70 Before LC-HAPF compensation under balanced loading case: a Qsxf, b vx and isx when
the 1st loading is connected, and c vx and isx when the 1st and 2nd loading are connected
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Fig. 4.71 Before LC-HAPF compensation under unbalanced loading case: a Qsxf, b vx and isx
when the 1st loading is connected, and c vx and isx when the 1st and 2nd loading are connected
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Considering the balanced loading case, when the 1st inductive loading is con-
nected, the three-phase Qsxf are 723.0, 718.5 and 721.2 var with power factor
(PF) = 0.804, 0.805 and 0.804 respectively, and the total harmonic distortion
(THDisx) of isx are 32.5, 31.5 and 31.6 %, in which the THDisx does not satisfy the
international standards [31, 33]. When both the 1st and 2nd inductive loadings are
connected, the three-phase Qsxf will increase to 921.3, 920.1 and 921.9 var with
PF = 0.870, 0.872 and 0.870 respectively, then the THDisx become 21.3, 20.5 and
20.7 %, in which the THDisx does not satisfy the international standards [31, 33].

Considering the unbalanced loading case, when the 1st inductive loading is
connected, the three-phase Qsxf are 665.5, 719.5 and 721.8 var with PF = 0.808,
0.807 and 0.802 respectively, and the THDisx of isx are 33.9, 31.5 and 31.6 %, in
which the THDisx does not satisfy the international standards [31, 33]. When both
the 1st and 2nd inductive loadings are connected, phase A Qsxf will increase to
765.5 var with PF = 0.877, and the THDisx of phase A becomes 23.2 %, in which
the three-phase THDisx does not satisfy the international standards [31, 33].

As the experimental load harmonic current contents beyond the 9th order are
small, for simplicity, the LC-HAPF required minimum dc-link voltage for current
harmonic compensation will be taken into account up to the 9th harmonic order
only. Table 4.34 shows the 3rd, 5th, 7th and 9th order harmonic current in RMS
values under balanced and unbalanced loading situations.

With the help of the analysis results from Sects. 4.6 and 4.7, based on
Tables 4.32, 4.33 and 4.34, the LC-HAPF final required minimum dc-link voltage
(Vdc1u, Vdc1L) for both reactive power and current harmonics compensation can be
calculated. And the chosen adaptive voltage levels are illustrated in Table 4.35.

Under the balanced and unbalanced loading situations as shown in Figs. 4.70,
4.71 and Tables 4.32, 4.33, the corresponding compensation results by the
220 V/10 kVA LC-HAPF experimental prototype with conventional fixed dc-link
voltage control and adaptive dc-link voltage control are presented in the following.

Table 4.34 Experimental 3rd, 5th, 7th and 9th orders load harmonic current values under
balanced and unbalanced loading cases

Different situations Harmonic current order

3rd order
(A)

5th order
(A)

7th order
(A)

9th order
(A)

Balanced
loading

1st loading A, B,
C

1.92 0.45 0.20 0.12

1st and 2nd
loadings

A, B,
C

1.90 0.46 0.23 0.12

Unbalanced
loading

1st loading A 1.86 0.39 0.18 0.11

B, C 1.92 0.45 0.20 0.12

1st and 2nd
loadings

A 1.81 0.40 0.20 0.11

B, C 1.92 0.45 0.20 0.12
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4.8.5.2 Experimental Results of Fixed DC-Link Voltage Control

In the balanced loading situations as shown in Fig. 4.70 and Table 4.32, with a
fixed dc-link voltage reference of Vdc1u, Vdc1L = 75 V, Fig. 4.72 shows the whole
experimental dynamic compensation process with a fixed dc-link voltage control
scheme. Figure 4.72 includes the waveforms of: (1) Vdc1u, Vdc1L, (2) Qsxf, (3) vx and
isx of phase a after LC-HAPF starts operation and (4) vx and isx of phase a after the
2nd loading is connected.

Fig. 4.72 LC-HAPF whole experimental dynamic compensation process with fixed dc-link
voltage control scheme under balanced loading case: a Vdc1u, Vdc1L, b Qsxf, c vx and isx of phase
a after LC-HAPF starts operation and d vx and isx of phase a after the 2nd loading is connected

Table 4.35 LC-HAPF experimental minimum dc-link voltage under balanced and unbalanced
loading cases

Different situations Chosen adaptive voltage levels (Vdc1u,
Vdc1L) (V)

Balanced
loading

1st loading A, B,
C

50

1st and 2nd
loadings

A, B,
C

75

Unbalanced
loading

1st loading A 75

B, C

1st and 2nd
loadings

A 50

B, C
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Figure 4.72a shows that the experimental Vdc1U, Vdc1L level can be controlled as
its reference 75 V without any initial start-up pre-charging process, and be kept at
its reference no matter when the 1st inductive loading or the 1st and 2nd loadings
are connected. Moreover, the experimental Qsxf can be approximately compensated
at close to zero for both loading cases, as shown in Fig. 4.72b. Figure 4.72c shows
that the experimental PF and THDisx of phase a can be improved from 0.804 to
0.990 and from 32.5 to 7.5 % once the LC-HAPF starts operation respectively.
From Fig. 4.72d, the experimental PF and THDisx of phase a become 0.997 and
4.6 % when the 2nd loading is connected.

Table 4.36 summarizes the compensation results of the LC-HAPF based on the
fixed dc-link voltage control schemes, in which both the THDisx and THDvx satisfy
the international standards [31–33]. Compared with the experimental results before
LC-HAPF compensation as shown in Table 4.32, the system current isx and neutral
current isn can be significantly reduced after LC-HAPF compensation.

4.8.5.3 Experimental Results of Adaptive DC-Link Voltage Control

In a balanced loading situation as shown in Fig. 4.70 and Tables 4.32, from 4.35,
the adaptive dc-link voltage level for the LC-HAPF is Vdc1u, Vdc1L = 50 V for the
1st loading and Vdc1u, Vdc1L = 75 V for the 1st and 2nd loadings. Therefore, the
adaptive dc-link voltage control method for the LC-HAPF can reduce the switching
loss and the switching noise compared with a fixed Vdc1u, Vdc1L = 75 V case as
verified by Table 4.39 and Fig. 4.75.

Figure 4.73a shows that the experimental Vdc1u, Vdc1L can be adaptively changed
according to different loading cases. From Fig. 4.73b, the experimental Qsxf can be
compensated close to zero for both loading cases, compared with Fig. 4.70.
Figure 4.73c shows that the experimental PF and THDisx of phase a can be
improved from 0.804 to 0.990 and 32.5 to 8.3 % once the LC-HAPF starts oper-
ation. From Fig. 4.73d, the experimental PF and THDisx of phase a become 0.997
and 4.5 % when the 2nd loading is connected. Table 4.37 summarizes the com-
pensation results of the LC-HAPF with the adaptive dc-link voltage control scheme

Table 4.36 Experimental results after LC-HAPF compensation with fixed dc-link voltage control
under balanced loading case

After LC-HAPF compensation with fixed dc-link voltage control

Different cases Qsxf (var) PF THDisx (%) THDvx (%) isx (A) isn (A) Vdc1u, Vdc1L

Level (V)

1st inductive
loading

A −66.4 0.990 7.5 1.3 4.943 1.347 75

B −50.5 0.990 8.7 1.2 5.024

C −77.3 0.989 9.0 1.1 5.108

1st and 2nd
inductive
loading

A 15.2 0.997 4.6 1.1 8.071 1.324 75

B −3.3 0.997 5.2 1.0 8.036

C 3.8 0.997 5.8 1.1 8.023
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Fig. 4.73 LC-HAPF whole
experimental dynamic
compensation process with
adaptive dc-link voltage
control scheme in a balanced
loading case: a Vdc1u, Vdc1L,
b Qsxf, c vx and isx of phase
a after LC-HAPF starts
operation and d vx and isx of
phase a after the 2nd loading
is connected
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in a balanced loading case, in which both the THDisx and THDvx satisfy the
international standards [31–33]. Compared with the experimental results before
LC-HAPF compensation as shown in Table 4.32, the isx and isn can be significantly
reduced after LC-HAPF compensation.

Compared Fig. 4.73 with Fig. 4.72, the fixed and adaptive dc-link voltage
control can achieve more or less the same steady-state reactive power compensation
results. The adaptive control scheme just requires a lower dc-link voltage level of
Vdc1u, Vdc1L = 50 V for compensating the 1st loading, but it will have a longer
settling time during the load and dc voltage level changing situation. As discussed
before, since the switching loss is directly proportional to the dc-link voltage, the
adaptive dc-link voltage controlled LC-HAPF system will obtain less switching loss
than the one with a fixed dc-link voltage, as verified by Table 4.39. Figure 4.75
shows the LC-HAPF experimental compensating current icx of phase a and their
spectra with: (a) a fixed Vdc1u, Vdc1L = 75 V and (b) adaptive dc-link voltage
control. Figure 4.75 clearly illustrates the adaptive dc control scheme can effec-
tively reduce the switching noise compared with the fixed Vdc1u, Vdc1L = 75 V case.

Table 4.37 Experimental results after LC-HAPF compensation with adaptive dc-link voltage
control under balanced loading case

After LC-HAPF Compensation with adaptive dc-link voltage control

Different cases Qsxf (var) PF THDisx (%) THDvx (%) isx (A) isn (A) Vdc1u, Vdc1L

Level (V)

1st inductive
loading

A −50.8 0.990 8.3 1.0 5.023 1.500 50

B −74.4 0.989 10.3 1.1 5.044

C −79.3 0.989 10.7 1.0 5.058

1st and 2nd
inductive
loading

A 16.3 0.997 4.5 1.0 8.085 1.414 75

B 2.9 0.997 5.0 1.0 8.047

C 4.8 0.997 5.9 1.0 8.008

Table 4.38 Experimental results after LC-HAPF compensation with adaptive dc-link voltage
control under unbalanced loading case

After LC-HAPF Compensation with adaptive dc-link voltage control

Different cases Qsxf

(var)
PF THDisx

(%)
THDvx

(%)
isx
(A)

isn
(A)

Vdc1u,
Vdc1L

Level
(V)

1st
inductive
loading

A −73.6 0.990 8.8 1.0 4.891 1.319 75

B −55.9 0.990 9.2 1.0 5.032

C −63.1 0.990 7.6 1.1 5.043

1st and 2nd
inductive
loading

A −45.9 0.995 6.4 1.1 7.100 2.629 50

B −56.9 0.990 9.9 1.0 5.073

C −71.6 0.990 8.3 1.1 5.109
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Fig. 4.74 LC-HAPF whole
experimental dynamic
compensation process with
adaptive dc-link voltage
control scheme in an
unbalanced loading case:
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The adaptive dc-link voltage control can also work in an unbalanced loading
case. Notice the unbalanced loading case as shown in Fig. 4.71 and Table 4.33,
from Table 4.35, the required minimum Vdc1u, Vdc1L = 75 V for the 1st loading and
Vdc1u, Vdc1L = 50 V for the 1st and 2nd loadings. Therefore, the adaptive control
method for the LC-HAPF can reduce the switching loss (in Table 4.39) and
switching noise compared with a fixed Vdc1u, Vdc1L = 75 V case when the 1st and
2nd loadings are connected.

Figure 4.74a shows that the experimental Vdc1u, Vdc1L can be adaptively changed
according to different loading cases. From Fig. 4.74b, the experimental Qsxf can be

Fig. 4.75 Experimental and frequency spectrum for icx of phase a under balanced loading
situation with: a a fixed Vdc1u, Vdc1L = 75 V and b adaptive dc-link voltage control

Table 4.39 Experimental inverter power loss of LC-HAPF with fixed Vdc1u, Vdc1L = 75 V and
adaptive dc-link voltage control under balanced and unbalanced loading cases

Inverter power loss of LC-HAPF at different
situations

Fixed Vdc1u,
Vdc1L = 75 V (W)

Adaptive DC-Link
Voltage Control

Balanced
loading case

Power
loss (W)

1st inductive
loading

41 37 W
(50 V) * 10 %↓

1st and 2nd
inductive loading

59 59 W (75 V)

Unbalanced
loading case

Power
loss (W)

1st inductive
loading

41 41 W (75 V)

1st and 2nd
inductive loading

45 40 W
(50 V) * 11 %↓
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Fig. 4.76 LC-HAPF whole experimental dynamic compensation process with adaptive dc-link
voltage control scheme under unbalanced loading case: a before and after LC-HAPF starts
operation during the 1st loading connected, b before and after the 2nd loading is connected and
c before and after the 2nd loading is disconnected
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compensated at close to zero for both loading cases, compared with Fig. 4.71. Since
phase b and c loadings are kept the same as the 1st inductive loading case under the
balanced loading situation, their corresponding compensation waveforms are not
included here. Therefore, only phase a compensation waveforms are given.
Figure 4.74c shows that the experimental PF and THDisx of phase a can be
improved from 0.808 to 0.990 and 33.9 to 8.8 % once the LC-HAPF starts oper-
ation. From Fig. 4.74d, the experimental PF and THDisx of phase a become 0.995
and 6.4 % when the 2nd loading is connected. Table 4.38 summarizes the com-
pensation results of the LC-HAPF with the adaptive dc-link voltage control scheme
under the unbalanced loading case, in which both THDisx and THDvx satisfy the
international standards [31–33].

Table 4.39 summaries the experimental results for power loss. Therefore, the
adaptive control method for the LC-HAPF can reduce the switching loss and
switching noise compared with the traditional fixed dc-link voltage case no matter
under the balanced or the unbalanced loading situations (Fig. 4.75).

4.8.5.4 Experimental Results of LC-HAPF Dynamic Compensation
Capability

Figure 4.76 shows the LC-HAPF whole experimental dynamic compensation
process under unbalanced loading case. The figure clearly shows the dc-link voltage
can be adaptively changed according to different loading situations. The transient
process is finished once the dc-link voltage reaches its adaptive reference level. The
LC-HAPF can work for the initial start-up dc-link self-charging function with a
response time of less than 3 cycles under the maximum dc-link voltage level of
Vdc1u, Vdc1L = 75 V consideration. Figure 4.76 clearly illustrates the good dynamic
compensation capability of the 220 V/10 kVA LC-HAPF experimental prototype.

In this section, a 220 V/10 kVA three-phase four-wire center-split LC-HAPF
experimental prototype is designed and built. The parameters design of the PPF
part, the design of transducers with signal conditioning circuits, IGBT drivers and
digital control system for the active inverter part of the LC-HAPF experimental
system are introduced. Different experimental results are provided to verify its
effectiveness in dynamic reactive power, current harmonics and neutral current
compensation. With the implementation of the adaptive dc-link voltage control, the
LC-HAPF can achieve switching loss and switching noise reduction (without
adding any extra soft-switching hardware components) compared with the con-
ventional fixed dc-link voltage controlled LC-HAPF.
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4.9 Summary

This chapter compares different hybrid active power filter (HAPF) topologies, and
the pros and cons of each topology are presented. After that, this chapter presents
and discusses the design and control study of a three-phase four-wire LC-HAPF
system, and a 220 V/10 kVA experimental prototype is also designed and tested to
show its validity. The key contributions and achieved results of this chapter are
summarized in the following:

(1) The LC-HAPF good resonance phenomena prevention capability, filtering
performance and system robustness have been investigated and verified by
simulations.

(2) The influence on the dc-link voltage during LC-HAPF performs dynamic
reactive power compensation is presented and analyzed. After analysis, by
using the conventional dc-link voltage control methods as active or reactive
current component, LC-HAPF either fails to achieve the initial start-up dc-link
self-charging function or fails to provide dynamic reactive power compensa-
tion. To solve this, a dc-link voltage control method is proposed, which can
achieve start-up dc-link self-charging function, dc-link voltage control and
dynamic reactive power compensation. Simulation and experimental results
are presented to verify all discussions and analysis, and also show the effec-
tiveness of the proposed dc-link voltage control method.

(3) To obtain switching loss reduction function without adding extra circuit
components, an adaptive dc-link voltage controlled LC-HAPF for dynamic
reactive power compensation capability is addressed, in which it can achieve
good dynamic reactive power compensating performance as well as reducing
the switching loss and switching noise compared with the traditional fixed
dc-link voltage controlled LC-HAPF, in which its validity and effectiveness
are also verified by both simulation and experimental results. After that, the
adaptive dc-link voltage control idea is also extended into the APF application,
in which both simulation and experimental results also show significant
switching loss and switching noise reduction compared with the traditional
fixed dc-link voltage controlled APF.

(4) The minimum inverter capacity analysis of the LC-HAPF has been deduced
via its single-phase equivalent circuit models, in which the analyses are ver-
ified by both simulations and experiments.

(5) A 220 V/10 kVA three-phase four-wire center-split LC-HAPF experimental
prototype is designed and tested. The design details of the coupling LC and
active inverter part of the LC-HAPF are described. The prototype was proven
the ability to compensate dynamic reactive power, current harmonics and
neutral current. Compared with the traditional fixed dc voltage controlled
LC-HAPF, the switching loss and switching noise can also be reduced by the
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proposed adaptive dc voltage controlled LC-HAPF. Moreover, it can signifi-
cantly reduce the three-phase and neutral currents. In addition, the compen-
sated current quality data satisfies the requirements of the international
standards.
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